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^ Uod expolituin tibi ccmisopufbuluiiif 
I B : L. domcftico tantum ufui , privigni- 

aue mci fiudiis Mathematicisunicede- 
inatumfucrat, ut poftelucubrata An- 
alyfeos ordinar^ pnccpta ad nova hujus fc- 
culi invenra fi^^fjcccntiorum Gcometrarum ipfi 
facilior patcrct «3itus. Qiio folo fori^n nomi- 
tie hoc, quicquid cft opcUx, veniam apud x- 
□uos rerum xftimatores merebitur, fi omni di* 
ctionum pompa viduum , ftyloque , qualis iti- 
tcr familiares omatus cujufcunque expcrs iti ulb 
effe folet , ncg^gentcr esaratum , compellcn- 
tibusamicis, inpublicumprodeat. Tyroni fcrip- 
tumtyronibus, etfi nonmilla nec prove£tioribus 
difpliciturahic contineri fpereiii , hoc ipfo forfitan 
prodeffe potcrit fmagdos cnim hic Viros , quoruih 
mventis tne plurimum dcbere gratus agnofco , Cxi- 
toios focio) quod j quJC flindamcntis mukutn diver ■ 
fisinsdificarunt Geomctric, ex unjco tanmm^at: 
propriocurvarumfrincipiodeducWe fatagatj re- 
quiro^ enim talequid videbaiur , quem difciplin^ 
Mathematicaidepofcunt, naturalis Prxceptorufti 
ordo, ac Theorcmatum etiafti fublimiorum ncfn 
nifi ex gcnuinis Cmplicioribiifque piincipiis erocii- 
da'dcdu&io. Quod, qnantum incipientium ftudiis 
conferat, ignorarc non poterunt, qui curvarufn' 
* 2 pro* 
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P R iE F A T I O. 
proprt^tatM €3S r^cejjw ^^lK»ru|B piwe «plpr«n- 

tescem^rigrayit^tis. tpmJtViB. HHgMJan»»que, 
curvarum curvilineorumque in & cvolutionem, 
acmultijugiepraFtereaprincipiornmvarietwis t£e- 
dia devorare uccefle habuerunt ; Sok curvili- 
neorum, tanquampolygona, confideratio foecun- 
dofinunon ea taotum cuivarum SymptomaC^ttjuse 
ab aliis principiis expeiftari poterant , veruq^ ic 
ipforum priiicipiorum fontem & originem com- 
plcxa , qux haftenus circa curvarum natui'ara i 
celebcrrimis Mathematicis invenra omnes mcrito 
in Ituporem rapuerant , adml- ^i quadam ferie 
digefta brbi litterato expofu.^ ; infigoiorumque 
hujus fcculi Virorum laborcs ac icrutinia demcruit. 
Hoc tamen fuperefle videbatur difticukatis , me- 
thodum a priocipibus haftenus Mathematicis in 
curvilineorummenfuriJadhibitiiir, conclufiisnum 
potius emergeatium multitudinc , accum demon- 
ftrabilibus aliundc vcritatibusconvenientiaj q^uam 
principiorum evidentii nixani certitudiDemluam 
apagogicis magis demonftrationihus , quam in- 
Ventioois rationi dcberc; cujus afierti demonflra- 
tioncm hic adjicere fupcrvacaoeum cft , cuin , oue 
huc fpectant , ex ConfiderMuin^m noilris aotenac 
editis abuode, pcti poffint. 

Placuit quidem ccleberrimo JValliJtg , non,pau- 
cis in locis Arfthm, Injin. cjc quantitatibus ir^- 
nite parvis , ooo tamen nifi hscfitanter admodum 
&folliciteager{^i difertequc Schol. ?rep.CL.xxxn 
, affirmare, quamvispaftpminfinite parvam iCemel 
accejtMn) nihilo-aequiy.aieEe;.q\ja: quidcmaReaf- 
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monftrationcm in Conftder^ieniynt modo cimis 
iCTcrcnter movimus , difficuItateS cvitare |>oflc 
non videtur. 

Tum «61 maxim^ vifum eft Cel. Leibmm, an- 
no 16851. menfcFcbr. in a^i i Lipfenfibas, qmedam 
€k fui Analyfi injimerum depromta diicurfui dc 
moiimm CGeicflium caulis-temmatum in modum 
{>nemittere> (inquemtamenlocum non nifi poft 
editas Cenjiderationes incidJ) utinam vcro placuif- 
fet Eruditiffimo D. Authori in re tanti momenti 
paiiloapertiusagere, ac quantitatum incompara- 
Diliumdifferentiamnihilo xquipollcre demonftra- 
tum dare ; cum alioquin fruftra rejiciantur ex 
aM]uationum contcxtu ea, qu:e realisadhucquan- 
titatis elfentia gaadent } neque etiam quantitas 
detevmtnata incomparabili junda ( fi hxc adbuc 
quantitas fit) acqualis fupponi potefteidemquan- 
titati dcterminatje , demti caaem incomparabili 
quantitate : cum eaverexqualialint, quJCdifFe- 
rentiam habent nullam , non autetn qux diffe- 
rentiam incomparabilem , ('modo quantitatibus 
adhuc annumcranda maneat. ) Num vero quan- 
titaium cum aliis incomparabilium diffcrentiam 
nihilo ftriftc a*qualem eflc volucrit Vir Nobil. 
me dubium reddunt, quic §. j. infinuat D. Au- 
thor, quo in locb libertatem concedit , fi^uisad' 
hihere nalit injiniie parva/, ^uantitatej tam exiguat 
Jkmendi, auatn fu^Cere , judtcat ^ ut Jint irtcempara' 
iHei CT* trroYim fievis data mindrem froducant. 
Qbod' rititn' accitratioris Geoihitria; leges cxaA^ 
^sobffeWct, hic uftcriui dUquirfindi locusnon 
eft, ix!caifi'poftcitpUcatam-etiUcleatiui D. Au^ 
• 3 tho- 
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IpK MF AT 1 O. 

thorispientera, quod fuo tempore expe£tabisiU5. 
Ut vero in orbitam redeam , hlc pqtiffimum de 
fwA principil , quod curvarum proprietatibw; 
methodo dire£ti expknandis par ell a^ fufHcit, 
mventiqnem pariter ac demoimrationem difficiT 
Uqrcseflereor, quod infinitiquidiinvolverevide- 
turipfacurvarumindo^s, talequidfaltem, quod 
^onccptus noftros tranicendit ac fuperat. Quam- 
pbrem ^ hoc ipfum principium non nifiexipiius 
infiniti natura peti pofle cr?Qibile eft. Cyni ;autem^ 
hac quidem lege conditQS nos volueric creator 
noftcr , ut , hcet majorem ac minorem quavis 
concept^ quwtitate nobis reprxfentare valeat 
imaginatio noftra, non nifi fimta tanjeri ac magi 
nitudine deterpiinata concipere queamus, ad in-; 
pniti ipfius notionem veraniadxquatamque^urT 
gere ncquit iniellcftus humanus : hatic tamen, 

f)ofita quantitatis cujufcunque in pai'te3 infinitas 
eu omnetn dacum numerum exccdentes divifibili- 
tate, pxipfiusinfiniliattributis veritatem eUcere 
datumeft, (quam ^axiomatis ac fundamenti lo-; 
co c^teris fupftravimusj auicquid per mmernm in- 
finitHm multipticatum nulUm mantitatem d^am , «•; 
tu exifuam^ adatfu/tre vaiet, entihuf annumerandum 
mnejfj ac mbilo x^uale haberidebet, Cujusquideo^ 
fffaticertitudinem aliunde ac ex ipfis etiain Vcr 
teruin aiTumtis (Pofliul. lib.x. Euclid.Si,^rchimed. 
deSphaira&Cyiind. Axiom- v.) cvincerc in pro- 
cHvi foret, niuluf:e fatis fui cnunciattq hiec ra-. 
diare illis , quibu^ cam exan^inandath propofucr 
ram, yifafuiflet ■' Sc hoc quidcm folo ac unico 
principio cdebriora ha^lcnus lecentiorum Gcqt 
metra- 

i:,<,n..<iT.GoO«^lc 



P R ^ F A T I O. 

njctraruminvcntaderivaripoflc, confinnationem* 
quefuamrecipcrerequentia, utirperamus, palam 
facient. Accedit maximi hinc momcnti pncter- 
ea vericatcm dire&e fequi : Omne nintirum drvt- 
fbiU , Mdeoqne & omnem ^Hontitatem , vi infniti in 
nHulum^ertducibiltm, tidem^uevi injinit*, quanti-- 
tMtm qusmcHnme tx nihilo produci pojfe^ cuta CXCO 
produ&imefle, in quod divifionc refolvipoteft, 
qiiidlibct mcrito cenrcndum fit. Unde 6t omni 
quancitatum geneh liquido imprefTus apparet 
omnipocentix ac divinitatis charafter ; nullum- 
qucquantum, nacuri fui xtemum ene, (hoc ell 
rale, quod ex nihilo nec produci nec in nihilum 
redigi poteft)cviden[i ac indubitabiliprorfuscon- 
fequencia evincicur, nifi enim divifibiliaacquan- 
u quaecunque infinicies infinica divifione in nihi- 
lum abeant, ac infinicefima: pars infinitcfimafic 
nihllo squalis , omnes ha^tenus Mathemacicos 
nonimmericoparalogifmireosegiflevidecurDoft. 
Clmierujj periicquc in univcrfum peomecricarum 
demonftrationum (ck^/3«(X ^ a£ magno lapfu cor- 
ruencplurimae, iinonomnes, tum anciquorum» 
tum & huius asvi, quocunquectiamingeniiacu- 
mineacfehcitate CKCogitatJe, invencioncj. Quo 
vero , num ex pr^emiflb modo AxiomaCe Me- 
thodum indivifioilium , quEc adhuc defideraba- 
tur, inculpabilem , primariaque qux hodicrno- 
mm Geomctrarum induftria dctexit , legitim^ 
deduxerim, apertiuspateac, quem hoc in opuf> 
culo fervavcrim ordiaem, paucis exponvn- 

Ac pr-imo qutdcm , poft afllimtam quancitatis 

cujuiciinquc detcrminatie in partes qualibpt dati 

* 4 mino- 
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mlnores divilibHitatem ^ quas cum aliis U^itikifi-^ 
ffftwvocito, Algomhn>um hifce fpeciatim coiwe* 
Hientem ac proprium exhibeo. Unde maximifta-- 
tim qfus confe£tarium ex earum multiplicatioiw 
procedit, injiniiefimamfeilicetferinfmufiiMm mul- 
ifplicatMn nihilo aqitivalere : qujcpoiTO curvis apr 
plicata, tandem Lem- ift.Sciy. ipftt emites exn- 
SkIu injimefimis eemponi^ adeotjue <^ CHrvilineaeff^ 
tftfimtorum laterum pdyg»na (quod a multis antehac 
afTumtum fuerat ) ex pnemiflis evincunt. Tum 
poj^ hujus Theorematis Lem- ^J- demonftratio- 
ncin, in trianguio is ofceli y hafin halfenti infinite par- 
vam^ angulosad bafin ZT reBos cp^ aqualeseffi; i.em. 
j^i.d^ 4t. intcr easlineasdifcrimenoftendo, qu^e 
tanquam infiniteiima: , adeoque quantitatis adhup 
natUram ac eflentiam fervantcs , aliafque qu£e ni-; 
jiilo squales in calculo conliderandje funt. C^od 
quanti momenti fit diagnofticum , illi norint , 
quibus Analylts inflnicorum familiaris eft , ac li- 
CCt a4 calculi fecuritatem omnino requiratur , 
nuni aqtea quifpiam oftenderit ] ignoro^ 
' Subnexo denique lemmatibus hifcc- generali 
Scholio infinitefimarum natucam quodammoda 
illullroi unde N.xir. &c, Theorema quoddanx 
jirodit , cujus ope earum curvaruui tangentes , 
duarumparamctnindeterminaticfunt, ad ordina- 
rias curvas reducuntur, hincSc maximi Sc minimi 
flrterminatiq methodo , ni tallor, qovl perijci- 
tur, 

C^. I. Tangentium ducendarum raetho- 
(ium cxhibeo , Barovianaqut demonftrationcm , 
alia^^qu^ ioltinul f quap codem ?um ipfa fijn-;' 
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no nitUDtur ; ac p(^ particiilaria quac* 
dam m tyrooMn gmiam ex hilce deduAa com- 
neodia> dafignataTque $. ia. iiscurvii tangcnto, 
qaaran natura non cx appiicatarum ad interccp- 
tam , fe4 od alterius curvae ad eundem axem appu- 
diK orctinatasrelatione cognoiciEur, $. jx.ac;;. 
(lufdiceqi propcnio metbodUm , ex data qualioet 
fequatione curvae (five teiminii irrationalibusfive 
fiattis quooinque figno copulatis confkta fuerit) 
tangencem ducendi} quoa §. j^.ad ca curmum 
genera exporrigo, «^uarum live ad alias five ad 
axem rcktio non unica tantutn , fed quolibct x- 
quaticHium numero exprimitur. Donec ukim6 
|. ]5.meth<Klusexoriatar gcneralilSma, applieatit 
ffd ewttUm axem ijuttlihvt eurvit , data^rie t^atiene 
fommm/tfm eanm relatitnem comprehefidenti } (five 
haecper earumapplicatasinterceptamvefiveetiam 
per iprarum curvanim pcn-tiones cxprefTa flierit) 
d^tieiKm/^iam{fHhangemialemmihi didam) citrs 
uUam eaicHli molefiiam invtniendi , t^ttdfingularHm ( li 
cadtene fim cognitx)/w arbitriofnmendamm fubtati' 
ttntes uni operit dtterminat. Quod & §■ 37- & fcq. 
.lis cuivis ap>plico , quarum paramctri funt inde- 
tenninatXi unaqucex gencralibus hifcescquatio- 
nibus , quarum auxilio innumcrarum curvarum 
tangentes eadcot operi definiuntur , ad particu- 
larcs qnaslibet curvasregreffionemoftendo. Hinc 
|. 41. poft curvarumquarundam , qu£ alioquin 
finoma&e quodammodovidentur, sdleges a;qua- 
tionum vulgarium redufbionem illarum iubtangen- 
tes ex iifdeni princiipiis inquiro, in quibus inde- 
(enninatse quaatittfes inter poteftatumexponen- 
? ? tcs 
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tes fcperiuotur, quxque ha&enus Geometrisaut 
omniQO prxtermifne aut parum admodum coQ- 
fideratx videntur , cum multorum nihilominus 
protilematum , fatis alioqui diiHcilium, conftru<- 
ftionibus inferyiant ; demde ipfum fubtangen- 
tium problema, in minus provefiiorum oxerci-p 
tationem, ex ^iisdatis inveltigo} ac quomodo 
curvse datie non recta . fed curva quiclibet dc- 
fignata, tangens ducaturj uno aut altero exem- 
pio oftendo, Tum §. 78, cum fingulis indeter-» 
minatis fingulse attribui podint infinitefimx , e^^ 
rundem plures , ac paucis adhuc huic oegotio 
applicitas fubtangencium problemati folvendo 
adhibeo} infimulque geoeraltorum quorunda^n, 
nec, fpeciaiem curvx cujufvis cogmtionem de- 
.pofcentium, Theoreraatum invcntiooiviamfter- 
no : undc pcculiari, ni fallor, methodo obcine- 
tur confe^larii loco §, 87- univerfale convexitates 
Sc concAvitates in omnibus ciU"vis diagnojHcumi ac 
definitio pun£l:i, fi detur, flexuscontrarii, quod 
cclebri inter Mathematicos Conchoidis exemplo 
illuftro. 

^.^3. Scc.de Subtangentium fubnonnaliumqoe 
methodoinverfapaucis ago, quam, licet princit 
pia innumeris ejufmodi probkmatis fotveridis 
fuflicientia addiderim , imperfe£);am nihilominus 
reliqui ; eo tamen geoeralcm tangentium inycr- 
iarum inquificionem deduxi , uc inter infioica , 
in qux; seiquacio qua:Ubet ex CI. SlHfii cxcmplo 
dividi potcft, loca, duo tantum deccrminari ne- 
celTe fit, qux; datam quandam inter fe rclatio- 
nem obtinenc, talcm fcilicec , qualis intersequa- 
tionem 
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^qemciuvs ipfiufque Subtangentialem ex Iegi-< 
bus antea traditis requiriiacillimc oftenditur. 

Ctf. II, Curvilinpa, cum vere polygonafint, 
^deoque Sc polygonorum more nKnfuranda, (^ 
I. in trapeiia, qux duo hab«it latera parallclaj 
deindc in Triangula vaiiis modis , $. j j. &c. di- 
ftingubj ac poffpracmiffamindiviiJbiliummctho- 
dum fcrypulis omnibus liberam, §. 1 1. Cor. v. 
fimdamentalem. a. »V/»^» Arith. In&i. txiv. 
Propofitionem,tum £clemma celeb. Afereatn-unc 
p. Gregorii eodem fonte dcrivo.- Quibus $. i », 
huic c^culi gencri magis accommodatum ac ge- 
ner4eTheoremafubnc^OiOww/yc»/i"frt fc^^OTjj 
irfimtfimalef ceUeilivi fimtat ipfi- termino , uttdt 
vriginem fmnferum , ^uique jugi ififartitn infinifejima- 
ntm coMcervatione eompenitur^ tMiMam valeri ahfo- 
UuoferpetmtatpMri. Hincpoftvanascurvilineorum 
tranfinutationes, §. i8.Cor.II. methdyumexhi- 
beo, fubnormalesomniumfcrme curvarum quo- 
modolibet oer interccptas applicatasijpfatquecur- 
vas expreflWm una opcri defignandi 5 ac Cor. 
III. CX.Wallit : auftasmultatalquefericspertan- 
gcntes inverfas demonftro. Deindc poff Celeb. 
Newteni feries in tranfitu ftriftim vcntilatas , §. 24. 

?ra:tcrordinariuminfinitef|marumnumcrum(qu« 
'riangulum Celeb. LeihmtioeharaBeriJHci nomine 
vocairumconftituunt^complurcs alias, in curvilir 
neoriwn nicnfura adhibeoj plurimorumquc thco^ 
rematum, omnes in genere curvas fpeoagtium j 
Dondumcjuc fatis difcuflbrum , originem aperio; 
acpoft hmc emergentium, aliquotproblcmatum 
iblutiones im/elittarm tveliaarmfK figurarum 
• " pro^ 
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P R jE F A T I O. 
pitXptilMti , J. Oregbrio priinutii confidintfts 

eodem cumcarterisfijndamcnto deduco. 

C^. III. S<>Hda tradh) , columnas , truncos 
naguIttqwCjUtidranmlfe^lione genitasj tumSc 
tit qua: ex CoTvilineortim rotationibusoriuntur, 
cdrponiccnoidica, anttuhiria&c. j fliethodiqucin- 
dlvifibflkrm, inquantum folidis applicatur, de- 
mcMillTiitibnem adjungo. Ac ne, quxexCap.II. 
petipolTunt, inutiK diicurfu hic repctere necefle 
habeamj probtema itlfinitefimarum extra Trian' 
gulum cmtrafterifttcufii aliunde fefe ingerentium 
naturam ac ufmti in CDrpomm diinennone illu- 
ftrans, fquod in planis cttrviKnftis Can. II , $. $7. 
geBeralher oftendcramj in Solidis rclolvo j dat* 
mmmm Solidi , ex eurvilinei circa axem retatioTie 
gtniti j aliujhe ct^uslibtt exprejfione analjtici , con- 
vemememhuic enrvilineo appUcatam exhibere. 

Cap. IV. Corporumcapiteprxcedcntic6nGdc- 
ratorum fuperficies trafto, caiquc fpeftantcm in- 
tfivifibilium Geometriamdemonftro. 

Ct^. V. Poft trita^ua:dam Baroviana, ac Ty- 
ronom captui accommodata $. 6. curvasmethodo 
non admodum ufitata expendo ; undevaria> £c 
nonnullaetiamaoraeasmenfurandioriuntur prin- 
cipiaj acintcraHa§. lo.exquolibetcurvilineo in- 
feiilas curvas menfurabiles cliciendi methodus, 
ab HHgenioHi evolutione diverf^ ; quam tamen, 
-tsinquam primarium hujus fcculi invcntum , cx. 
hoc, quoca:teraderivavimus, etiitm fontemftntl- 
«5. ii.oHendb. 

Gaf. VE Centri graTitatis cum traditis hic 

jViDfeipiis^fymphonefci , Algcbraicofquc plurimo^ 

rum 
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nm tum purvUineQmip , mm («lidonim» M fu- 
perficicrutn civvarumque j ex ];<rKgfr«£^ etpixi' 
bus colte&o^ expoaences annQg^ hxVH fffios^-' 
cula cNnpr^icnao. 

c^. VII. .Mfxtm'8cM*MM49fQntaBi0tiooeis 

modo, nifalloc, MatbenMcicisadhucinta^) «I 
iaEnici cameo nacuriL diie&.i profiuoaU , Qom- 
monitro} Huddcnian^qitc methodi i utpoce iHn- 
nium generalinima: , licec principio mulcum dir 
verfoinventEE, hoc tamen fundaaieDCo uixamder 
' monlb^ationem adjicio. Quin & particulaii hac 
txtrema ifthxc definiendi mio prfcrogafiva gau^ 
deie videtur, quod non unum tancum maKumm 
Scmimmum^ fedScpluraj jG problematis propo- 
fiti nacuraitaferac, eademopera decerminare va* 
leac. 

Cap. VIII. Varia calculi in Anaijijf infinitovitm 
genera , ac imprimis Ltibniiii Diifcrencialen 
eodem cum pracgreOis tuadamento demoaftr«tn- 
bilem ollendo } quem £cad easexcendiquaocica.- 
tes, qux poteftatum indices indeierminatos h»r 
bent. Soh. Dijferentiatipnumix^ctSiQ, eodemcmn 
cxteris principio deduci renujt. Quasque esm 
infeftare videncur difficulcacesD.Authoriin Cmr 
fiderationibus exparccpropofui, ac hoc in locoaor 
Aaacia una ac alcera roboravi > ^uaiqm iblucio- 
nem infimulque lcgicimam repecitarum diffareMt 
tiacionum con6rmacionem , ne tancmn isvenn 
tum in GeomeCria intercidat , fummo ddidon 
rio m^ritp «3^opt«;.oibis Matfaematjcufe 
G*p..I;3C, jS^ViflimBW^WEflfiiijaftcontineQ- 

poly- 
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Aolychreftum quoddam ex iirdem cctnre6;arhim 
dcduco, quod methodo huic multiim promovca- 
dfe ejurque: ad innumeras infinitefimas appHcationi 
inTervit, ac repetitarum differentiationum quod- 
dam velut fuccedancumhaberi poteft. Infinitcfi- 
inarum enim hinc infinitefimas , quacunque licet 
Dunieri infiniti potellate divifas, fquas alioquin 
nihilo xquales ac idcirco xquationum , quibus 
adhxrent, terminos mere evanidos elTe in prio^ 
ribus eviceramus) non leve tameninquantitatuni 
alllgn^ilium, curvat lpe6UncIum , rationibusin-' 
quirendispondus haberc ex rite perpenfi eanim 
indole ac proprietatibus innotefcit^ 

Cap. X. Methodum infinitefimalem inverfani 
commentariis quibufdam illuftro j cumque Cap. 
II. §. 13, huic aperiat aditum, occafiones, qui' 
bus ab infinitefimis ad quantitates abfolutas inde- 
terminatafqueregrelfiofecurcdatur, ab aliis,qu£fe 
errorem fbrfan inducerent, quibufdam in cafious 
diftinguo ) quxdam obiter admonuifi*e contcntus , 
quibusuheriusperficiendis otiimagis, quam mi- 
hrrehquum cft, rcquiritur. 

- Cap. X I. MifceUanca qusedam , intcrque ea 
methodum, qua ad £quationcm fubtangentialem , 
in Confideratiottihus ad folutionem BemoHlUam^ro- 
blematis adhibitam, deveni. Tum & ea , quse 
caufticamm , plnrimarumque ahanmi cpnfimiU 
modo genitarum curvarum proprietates concer- 
nunt, modo a Tffhiriihanftano aliquatenus difFe-' 
renti, generaliTheorematecomprehendo. 

- Schemata, neininmienfumexcrefcerent$ plu- 
ribus quaQdoquc par^raphis ftCCoQunodata iunt; 
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uade, ne linearum multitudine confiifio induca- 
tur, tyronibus author fuin ut fieurarum lioeas 
propofitioni, quae pne manibus cff, infervientcsi 
miffiscseteris, fcUga^t; novafque exinde ac fco- 
pouniccconuCDientesfibi, (quodfacillimo nego- 
tio obtinctur) fi occafio tulerit , figuras effor- 
mcai. Signum []Cap.I.S. 17. adhibitum termi-* 
norum hlnc & inde confiftentium tantiun fepora- 
tionem , ^ aequaliutcm denotat< 
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Pag.3,lio. 20,projlcgcj. p. 6.1in.alditti 
fto fia lege k&h. p. 9, L4,hinc,lcge,hiiie' 
p,.7,1..3.?, l«g.?. lin.ij.-'*. >'g<P' 
p.«.L.8.^,l.*i.p,3;,U,g»t.l.pit. 

p. 4^, 1. i,l.J 34.P.47.I- «it.,?!» — r-l.-T'* 
p. j«, 1. 11, huic, 1. hinc, p,«j,I. .8,rtf, l.g*«- 
p.S/.I.^^r^-Ali^^iS. p.. 01,1,9,1. ptoxi- 
mos.p..x9,lin.*,j.)'.kg-3;- p. i34.1'n-u't- 

;*<,l./ii". P- •39.1.9. fen,I,feu. P:i39< 
1 if,l,propolltum. p. 178,1. 19, 1. nimirum. 
p, .81, 1.7, Orei-,leg,6rie-,p..83,1..8.W^l.**'. 

P 

tt 
pcnult. 



p,i49,Iin.ir,l.Coroll,III. p, 169, lin,.7,l, 
mognilim. 0.170, 1. l:X,l. inftat. p. 17. . lin. 
■ ix,l.tx'. 
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DHFigurenmoetenallcachtcraaDge[leltwcrd«n,mal- 
kandervolgendcalsdcgctallendaar opftaande aaii- 
wyfen, cniyngeordinectt om buiten het Bock uit 
Kfiaan, waarom de witte plaats Tan 'tPapJMnietmoel 
WHdetta^efnedMl. 
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A N A L Y S I S 

INFINITORUMi 

Seu 

Gurviliheorum proprimtes 

Polygonorum nituta dedu&«. 

DEFINITIONES. 

I- 3 Atam quantitawm omtiem 

I cam voco , qu« dctcrmi- 

I nabiliscft; cuiiiTqlie magm- 

i tudo imaginatibnis huma-^ 

i nx limitcs non cxccdit. , 

3. Unde^ quidpcrquantitatcmquilibctda- 

t^minorcm % aiit majorciil intelligcndum tegur^ 

ipib nominc apettum cft. 

3. Qiiantitatcm qualibet , -dati jhindrem , 
copipcndii gratia , infinitefimitm \ majbtcm « 
infimtnm appeltarc lite&t. 

. A Axio- 
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A X I O M A T A. 

X. /""^ Uicquid toties fumi, hoc cft p« 

V^/tantam numcrtim mnltipHcari 

■ ' nonpoteft, ut datam uliam quan- 

titatem , lit ut cxiguam , magnitudinc fua Equa- 

re v^cat, quantitas noh cft, fedinfe geomc. 

trici mrtum mhil. 

2. Quaclibct quantitas data in partcs qu5- 
libct dat4 minorcs , tum squalcs inter fc , tura 
inxquaks» cft diviflbiUs. 

L E M M A T A. 

t. y*^ Mnis quantitas vcl data cft , vcl 

1 1 qualibct datd minof , aut maior. 
*. ^"'^ Cumquc omnis numcrus fitquanti- 
titas, idamd?nmii«ointclHgcndumTcnit. 

i. Qa«libct data quantita» per luimerum 
qucmlibctcfl: divifibilis. 

4,. Etcpiotiens indc ortus, ejufdcm quanti- 
tatis parscfl, 

■5. Qaatpars praecisi juxta diviforis dcnoml- 
nationcm ei quantitate minor clV. - . 

E:t. Gr. fi quantitas h dividatur pcr im- 

mcrumbinaritmi,quotien$ - ipi h du« 

plo 



i^o nunor cft } H per tcmanum triplo 
jninor&c. 
, 6. Undc, fi quantitas pcr numcrum qucH- 
berdatoniajotem dividamr , eiitquotifchsparii 
c)us quantitatis qualibct dati minot 

£^. Gr. numcrus quelibet dato inaior vV)^ 
cctur m , (quod & in fcqq. , ni aliud mo^ 
ncattir , bbtincbit ) itcm fint aliae datas qUanti- 
tatcs b Sce^ crwit ^ ^ ^ pMtcsipCmim b&:e 
qualibct dati minorcs ; cbnTcqlicoiia: ratio ei 
prarcedentibus patet. 

7. Pars cujufcunque quantitatis quaitbetjdat^ 
ininor ^, ecitetiainCHiuii ali^ dat& quaoticate 
minor. , • 

De^onfir. Sihcgcs, fit dcfignata.quarifitas 

k iTiihor if»s4 -, crit mk minor ipsi i , 5c w 
ininor jpsi p adeoque nu9i9(ttbQMt)iibct: d j- . 
to major m , minor crit numero fcu quotien^-. 
tcdato, quod rcpugnat. 

s. Si partcs; qualibct datd mioores -"Sc ^ 
ad fc mutuo addantur, vcl a fc murao fubtra- 
hantuc , fumma ^ , & diffcrcntia — rcTpc- 
Sdvc partce crunt qualibct datS minorcs ium- 
rjic V ei diffecentitt tororum , titl pattt 

A i 9. Mut-' 

I..,,,-... ■■.■Goo^Il' 



^. Muldplicctur ^ per datam quandam V > 
«rit faaum ^ rcQangalum cmni datil minos, 
aut rcOanguU hr pars qUalibct dati minor» 
. jUxtaLcm. 6^ 

10. Si pats qualibct data miiiof - ducatut 
infeipram,vclaUamqualibct datiminorcm -i 
erlt pteduOum «^ fcii — ° acqnalc nihilo fcu 
non quantuitt 

Vermhfir, Multiplicetur enitii quoticfclw- 
que libucrit hoc produanm, & fi placcat pcr nu- 
mcrumomnidatomajorcm w, cmcrgct - aut 

-, quxfihgulafuntqtialibctdat^quantitatemi. 
nora , (lemm. 7.) adcoque nullam datam 
quantitatcm, ut ut exignanirxquarc valent , qua- 
re Kat.» Axioma i. -_ fcu ^ funtnihilo sc- 
qualia. " .' 

11. -Dux quantitatcs ^ & J,quatibetdat4 
roinores funt intcr fc , ut quantiiratcs A & ^, qua- 
tumpartcsfunt, fic -••-••.• hrc. 

la. Sipaisqualibetdatlnunor - peraliam 

quSlibet datS minorem £ dividatur crit quo» 

ticni 
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dens - idcm , quod cx divifionc tototum pro- 
portionalium refultatet. 

ij- Eadem - fi per detetniinatam r di«i- 
damr, ctitquotiens /;;ipfius ^ pats qoalibet 
dati minpr, juxta Lcin- 6. J . 

i 4. Sit deterrainata r,& fiat,r : - •••■ ■■: x^x 
feu ^ juxtaLcmnia 10. niliilo a^qualis.^ 

J5. Si vcro afiumta ipfios rparte qualibei 
datiminori, fiat '-: -:: -: x, erit x — i' 
fta pars quilibct dat4 minot ipfios i'.I.cm. 



"• "'««•••i ™ «'''"«'PartiquaUbetdatl 
minoti ipfius /7JJ77_ f^ ^ ^-j-^— 

qaod ei fuodamcntis Algebr» nonJm cft. 

17, Sitauicradetctminata*^,at demrejical. 
culo </rr~^, «ithoca-qualcipfir 

, Cumcnim ^ juxtaLcm. 10, fit xquaie 

nihilo, erit y-rr + ''^^ •rr=i r. 

mit 

18. Sint^ftt^aadfc-mumorclita^jUtnctt- 
trJcaram exittentc omni datamajori, fialtcr- 



6 LEMU JTA, 

utrajVclq^Lianritasfit, vcl iti tocum evaneTcae, 
Gtiarn'altcra fempcr ncccflfacio vcl quantitis fit, 
vel iiiKilo xqualis fiat, 

• Dico, fialtcratra, vccb.gc.5, /itommdati 
h^inor, etiam c fore qualibet dat^ minorem 

■ Demonftr. fi negcs, crit, (uxta Lemm. i, c 
vel on^ni dati ma)ot , quod repugnac alTumtis, 
veldata, actum ictlartrecit^tacontcahypoj; 
thefin , vcl nihilo xqualis , ac tuni b quoque caLls 
ipcct , contra fiippofitun^. 

19. Hinc fi, Fig.I , in cujufvls ccianguU A EG 
quolibec hiacA E ftatuatur A C qaavis dati mi- 
nor , ecunc , d\iCti JST C ipfi G E pacalleU , li- 
iieolx yKCyAKf C\a^hc quavis dati minoces 5c 
vicevecsl. 

Demonfir. habcnt enim AK & CK ad li- 
neolam A c celationem lemm. pcxted. fiippo- 
^tam, . . 

20. Eadcn; quoque rclatio obtinet , Fig.Hy 
intcc Cucvx Atcum 'ACJ>, eique fiibtcnfani 
^ P , ac finuni; 4 E : unde omnls accus quovis 
dato miuoc fubKndicur a cocdi quavis dati mi- 
nori , habetquc finum quovis datp minoccm , Sx. 
wntta. 

21. Quin&expofiticurvi ACD, Fig.III, 
notacpropcictatisvecfuscandcm pactem conca- 
vi, eique fubtcnsi AD ^ {i ducatur ex punfto Z> 
j^cdi DG faciensGumfubtcnsi At> wguiun^ 

ADG 
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jD G ve\ reftum vel rc&o majotemj tangat au. 
tem curvam in pun^^o ^i linca ^(r, occurrens 
tcikx DG in <?, iitque H G rcdarum AGSc 
A E difFcrcntia fca ^IS —JE'. Dico , fi Arcus 
AC (vcl juxta prxccdcntem , fubtcnfa ^ C) fu- 
mamr omni dato minor, etiam HG^ Tcu 
KG— AE ^ forc omni dati minorem. 

Demnftr. datocnimarcu JC, datur AS^ 
&obdatam AG , daturquoque AG—JE, 
feu H G. Secundo , evanclccnte arcu AC^ cb 
]iticamm A E ScAG, hoc in cafu , cdincidcn- 
tiam, adcoquc & xqualitatem, & ipfa H G cva- 
ncfcet,quare , pcr I.emma 18, conftatpropolk- 
tum, 

11. Intriangulo AEG, Eig.I^ cujusangu- 
lus E eft vel rcftus vel obtufus , ducatilr Jf C 
latcri GE parallcla, eritut><£ ad AC^ ita 
diffcrentia linearum AG 8c A Ey 4d difFcrca- 
tiam AK Sx. Ac. 

Demonflr. namobteaarum KC Sc GEfa.- 
rallelifmum ctitAG: AE: : AK: AC. unde 
divid. & altcrn. AG^AE: AK—JC:: 
AE:AC. 

2 1 . Rcpetito lcmmate i i , fit , Tig. TIl, A C 
arcoius omni dato minor , ac pcr puudum C 
ducatur rcda x: £ ipfi DG paraUcla , produ. 
ftiquc fubtcnsA AC m E, crit diffcrcntia tani* 
gCDtis AJC ^fubtcnfx AC aequaUsaUulo. 
A 4 Z>f- 

D,<,n.=dnvC00«^lc 



- Hemnfir. fit A £ : r , & fiibtcnfa A C : -, 
qnx, juxta Lemma 20. qualibet datlminoreft, 
cum accus A C talU fit ex h;rpothefl ; fit item 

HG:~y ju^jta Lcmm. 21. omni.datiininoci 
t^ndeni diffcrcntia ccdanim A JC & A C feu 
A JC r- A C dicatuc x j ctit ex pcxcedoiti r: ^ : : 

%: X, irnde j( fcn ^-^, pcc L?m. lo, autu. 
nihilo aequatuc 

24. Hitic , in acgumenifattone clc ca quantitar 
tes omni data minoccs , fubtcnfa A C xquatuc 
tahgenci A Jt ; cum , )uxta pcxcedentem, nulla 
iit cacum diffctqntia. 

25. Tum & tar^gcns AK , fubtftns^ AC^ 
ac Curv4 A C intcr fe xqualcs funt. 

Cum cnii^ Civva A C At majoc fubte.ns4 
AC, & minor tangcnti A K , uti omnU>us no- 
tum , crit t^iffercntji^ Curvulac A C & alteru- 
trius reftae AK vcl A^» hPn m^oc quan^ 
diffcrcntia ccftarum . A K & A C , qux juxta 
Lcmm. 2 j , nullla eft, 

26. AdcoqucomaisCurva ACD cxrcctu- 
lis quavis data minocibus , qux tanquam tan- 
geni^s A K, aut fubtcnf x A C , confidccaci pof- 
funt, conftat. ' - 

27. Unde patiter clacum di, fi calculum 

in-! 
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iflgtei^tuircurvx cujuMs parricaU omnicUtl 
mmor , ut A C , pofTc cjus Iqco fubAiml 
vdipliusfubtcnCun AC, vel tangentcm AK 
hinc curvutx rcfponficntem } utpote q^mn. 
omnium difFcircntia hullacft. 

i8. Punaam P & CMTva ABD^ Fig.iry 
ita ad fe inviccm refcrancuc , ut duftis P A , 
PD, adcurvam, omnesdQinccpsicftaaptui- 
Q:o P vcrfus curvam ABI> proieAae ab A 
vcrfus D perpecuo crcAunt , autfaltcmqonde- 
cafcimt i fi ducamr A G , curvam tangens in 
A', item P B ipfam A G fecans in S , &curVam 
in Bj nicopcimo, AS focemajoccm>qa;^ 
AB. 

VemcTiflr. Cum P B fit maior cc^a P A , cric 
angulusPABmajoranguloPBA,(l.i8:EucL) . 
fedangulus PBF (I. 32; Eucl.) majoc P AB; 
crgo idcm PBF, icu ipfi ad vccticcm oppofi- 
tus A B S multo majoc ipfo P fi A , hoc eft 
(I. 52,cucl.) ABS multo major fummiai^- 
locum B A S & A S B ; ccgo iu tmngulo A B S, 
«it ABS angulocum maximus ; quace , (1:19. . 
Eucl.) A S majocipsa A B. ' 

19. Secundo , mancntibus iifdem , fi, figJV, 
t% B ducatur B L ipG P G xquidiftans , dico A L 
forc maiorem^ , quam A S. 

Vemonflr. Angulus AP G (l: 32. Eucl.; ma- 
Joc ApSwIo P B F & hmc ad vcrticcm 
A 5 oppo- 

' i. ,„■-.. ■■.■Goo«^Il' 
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oppofito ^ J? X , jam aotem , ob parallclat / (7 % 
t {., angoltu AtLcfi zqualis angulo A f C; er- 
goaiignlas^2£ majotipfo^s J, un4c AL 
majo£,quam^.f. 

jo. Rranti eadcm hypothefi, & AS fit 
part earv» omni datS minor , dico diiiircntiam 
>pfiirumv<J& jlil cffenHllam. 

■ Otmomlh. AL eft major quam ^ J , cx prx- 
ccdundc .rfJ — ./<aminoreft,quam^i-^«, 
fed AL~AS exLcm. 23. eft non quantum, 
»deoque, qnodcominuscft, AS — ABqiasn 
tomnonerit, crgonullum. 

- il. Hinccorollatia in modum Lcmmamm 
24, 25, 26, 27, quilibct fuo mirtc clicict,. 
&tumhic,tumimbi, traditaaliis cafibus, ubi 
curvavcrfqspunilum f convcxa oft, accom- 
modabit. 

3X, Hoc particularc adjungerc liccat ; fi 
curva A&D fit circumfercntia citculi, cuius 
fcntrum i>, feaorem .,< P 5 eundem eflc cum 
triangulo ifofceli APS , cujus Bafis rubtcnfa 
AB i qft enim hacc xqualis arcui j< J, Lem. 2 j , 
33. Si fuper bafi , rig. y, quavis dati minori 
.^5,fcu - ,conftirammfittrianguIumifofccIcs * 
AIB, cujuslatus .,<P fcu Sf cft/, ctunt 
flnguIianguUadbafin tAB & fBA reai, 
Vmv^r. \)vSiX cnim notm»li iT> "'' . 
V» 
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VB : j*t faftoqiMradioi r,8tfidnuigiiU? S-ih 

m 

TjVocataqac PB.; f, crit jaxta ttigonomettia ■ 
regulas, r:f..f.*- <i!uI>P.Jam,«I.47- Eiid: 

cft w/ t '** a/^,tcjeaoq.perLem.io, ■ 

'''' mm 

. • ■ ! 

tcrmino i*' , erit /21' *^ /ly, fci» 7 a f. hoc . 

»»1» rr ; 

cttjfiausangaliPSD «quilis radio ■ witean. 
gulus i-BD rcflus. Idcmcodcmmoclodean" 
gulo PAD dcmonftramr. 

3+, Sit^jrig. J'/, triangiiliun t A^ reaom 
in <r, liabens laras y<B quovis dwo miqi». ■ 
(iicanmtq., pB: /, y<B: ^, radiu8:f, 

Britfinusanguli -4PB quovis dato minot. 

Eft cnim »: r;- : - fca finum angali A. ?B,j 

^ ffl f«» ■ 

quodpatitercxLem. I». infetripofict. 

3S. Huja5convcrfam,expofitoangalo Jf B 
omoidatq ininori, uitcrioriproliatioocnoniBT 
digct. 

!*. liidora pofitis, hyp°*«"'''' °' '"°" 
li yiJ» xqualis cft. Cum cnlm finus anguli 
Bl'.< fit -, eriiCnus complememi ilUusfca 

imguli^?P <n-^^ & jaim ttiangalo. 
• • lam 
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jam vulgatem dimcnficmem,*:^:: A**^ — -^ ^ 
AP, fcti i/T-**^^' feu/, perLcmm. lo, 

1 7 . Ai^^ilus A B P cft xqualls angulo B A P, 
&utecqucrcaiiS} i^uod, cxtetis ^cceptis , fa, 
d^patcc. 

38. Indatoquovisttiangulo ABC ,i?j^.r//, 
f\ cx angulo B ad oppoiitum latus A C projc^a 
B'D abfdncUt D.C , po^onem quavis data mi- 
norcm , ducaturquc arculus c^cularis , leu ip^ 
sequalis rc£ta D £ juxta ^cmm. 3 2 , facicns 
B E xqualcm B Dj crunt D E & E C quavis dati 
minotcs. 

DA»D»/?r. Habentcnimrcrpe^ DCrcIatio- 
ncm,Lcrnm."i8, cxprc0"am. 

3 9. lUdcm pofitis, f\ angulus A B D fit rccms; 
dico triangula A B p & D E C forc fimilia j jux-. 
ta cnim Lemm. 3 j, angulorum B D E & B E D 
uteique rectus cft ; quiace D E C (1. 1 j. Eucl.) 
quoque cectus eft > adcoquc xqualis ipQ , A B D 
cxbypochcrij 

Seeuiidf , ob angulum B P £ re^hun , erit 
ED.C, anguli BDA complcmcntum ad rc-. 
.£tum, W4ui(?uxtaL32.Eucl.) angulii&BAD 
cjufdem B.D A.complcmcntum cft , undcE D C 
xqualisBAD, hinc & ttrtius ADB acquali& 
DCE, quarc conftat propofitum. 

40. Datis(P.f///.)duabas curvisABp^EFG^- 
' qao- 
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qoovis nwdo mcdiantibi» rcfiis EP,AP^PtBP, 
ad panetum P ccUtis, fi A B fit cutvc B A D pars 
tttnhidattAiiiior, critit ^Fparsciiivx Ef6 
omni datd' minor & cbiitra i habcmaumrch- 
titHicm Lemni. 1 8 . cxpofitajn. 

41. SirreaaBN./ifi/J^jindcfinitivetfiisN 
protenfa, ac ducti cjt puticto 5 adangulum 
N B C recto ma)oretn.linci BCj/, excujusex. 
ticmitateCproiectaCA abfciodaraiccti BN 
pottioneni BA 4uavisdat3ininptem:-sctunt 
C/u«a j8.Lenmi.)PB:_^,tuiiiAD:- , ,cc 
tum angolum iu D facicntes fingiite qnavis 
diit4 miiioreJ 5 facta jaih C E ffiu ^itidem quaviS 
datS minOti , ductifqae E F fcu A ipfi t) B,& H i 
feu t ipfi A B parallelis , quatritur harnm ut & li- 
ncariimrH:/,5c^C:^,&HC:»,natura. 

t'. qaia C D a:quali! C B, injta Lenm 3 6 , eft 
CB:CDi;CE:CF. Hoceftj:/::/; ^. adco^ 
que^fcuCF =/fettC£; undcGF infinitc^- 
ma, //^-.CBiCA^^CE^CHifeujfj + i:;/: ». 

"^" ^i+i-^P"!-™™".» =^,unde 
C H aquaiur C E fctt mfinitcfun». ///</•; C B: 
BD.:CE:EF.,: '^.{-.k etsoBFfeui=£ 
fco fjOxnLcmni 10.; nihilo. /^'•.GaBA:: 

„.;, iS^lc 
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CE:£H.j:-::/:*.crgoHE(feu* tnl^ fttl 
• m m " imm 

Jiimk>,temm. 10. ^"'." CD:DA:: CT: TH, 
/:- :: gfcuAr/yUndeF Hfcu/ E=— Jcunihilo. 

42. Quarcliquct, rerentSeadcinHypothefii 
Iinc3»,/C' £i.C\F, (?fl fibi mutub aequari , & 
■f£, Eki i? ^ nihilo scqujpollcre i adcoque 
.omncsquamitites pofter ioribus hifcc inultiplii 
catastut6 excilculoaigcbr^icOj miacumiif- 
-dcm^ delcn{»fle. 

43. Sint quotlibet antcccdcntia , c^djf, 
t^Cy tetideiii^QC coBfcquentia ^ , h, / , &ei 
atcm ejCfiofia' tatio in fihguiis cbnftans , vx r»d 
/, utfiti r: s;:x'.g. mmr:j:: d:hi ncc non 

-r.-j;:/: A&ficincaetefisj dicb fprc, utradj, 
ioomma ahtcCcdentia c+d'^/ d''- ad omnii 
confequcnda g+h^^K &c. Hoc ex clcmCntis 
iiotum cft. 

' 44. lifdcm poiitis, firit quantitates dctcrmina-" 
ttc, hoc eft, qu* candem continuo ac invariatam 
fcrvcntinagnitudincm r, s,b, ircm ali» inde- 
terminatx ^ x^y^ z.\ n, five talcs , quarunl 
jnagnitudb pro. vatio xcfpei^ii , aut poGeioDe , 
varia cft, hcct codetti litteraU figho pcrpetuo cx- 
primantur.tjualc ^cimcn omnibus notiflimum 
in A^cbtli^iocOrQm dodrind incogn^ di^a 
qimnilatcs exhibentj fi fuerit in fingutis , yt r &4_' 
/yitaqHslibet>adCbi relattim^, critMpri* 
— . "■ ee- 

■ i. ,„■-.. ■■.■Goo«^lc 



oclenti ^ ut r ad j ina quotlibet x , ad totidem 
jrj feu (quodtn poftcmmhocmodocDuodabk' 
tur) ira omnia X , ad omnia ^. 

45. Qtun&alTuiBtitcrtiidetenninaz&quaii- 
titate B , fi fucrit r-.sv.n :y. Cum fit qiioqne, r k 
tiv.x'.j.\temr:sv.kx:by. mm&rS:/: :A*:_jr, 
ncc non,r: sk:x: bj.tnt quoque in fioguHs hifc* 
anal<^x gcneribus eadem , acin praEcedenti , af- 
gumantandimctbodus, cxLcm^i.cumtn^tv 
gulis prima proportionis ratiofit conflais&in* 
Variabilis. 

4.6. Qnod n aflhmantar quantitates mdeter'* 
minatx2;&:M4iiatqnc,iitfiipiair:l::«':7. cqoi 
fitquoqne r«:j£::jr:^. acetiom r: j::xs:ji«. 
Itcm rx.:sx,:: xn:ym'. crit, Tdtit in dtu^ms 
pneccdcmifaas,i]t,in prisDi analngar tctionc, asw 
tccedcmadcoifequais, ita, iafocmidi, onima 
antcccdcntia ad omnia confcqucntia ; con- 
dufionis fimdaaacnCQmex fcaecedcnti &Lem 
43.manifeftumeft. 

47.Qain & m omoibns l.enL45 & 46 cafifous, 
fi in pciml proportionis ratioaie tet fapponanmr 
tenniBt, quotin fccmuti , ctit^ uc onnu. anttcc' 
dcntia in primi, adomnia cooftcpcntfta, ita om"^ 
nia atttwedentia iifcic^undi * adCMidem Icuom- 
niaoHjfcquwitit, 

Qtjod pro^tione fpeeiali ton cgct, quippe 
cx ptxcedentibus fufficicntcr cognom. 

4«. Slni 
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48. Sihtdtix indctenninatat qoantitates ilf &; 
^j qraediicantiirindeterminuamr,itemaliam . 
>$eric,ut omnia rx adtotidem r^, ita omnia 
sxid totidem sy. Pattt, ctmi oihnia x fint ad 
omniajr, ncohiniajradomniajr; 

49- HoC addam', licet cx modo ihonftfatis 
facili negotio colljgatur, fi fuerit y r:s::x:y. 
ac, afli]mt& indetcnninatS £ j fi3.tr x.:s::&x:yi 
a^umentatitnieml.emm.4}.&47. nonprocc- 
dtlre i feu li<fec per fe analogia in fingulis confter^ 
non rite colligi , ut omnia rz, ad omnia s. ita 
omnia i * ad omnia^ , cum ratio/* je. ad / , prop^ 
tcr ipfirs k |nagnitudinem ^^ariabilcip , pcrpc- 
tuo non ftt eadcm , quod tamcn |uxta Lenim.43. 
requiritur. <^i« obfervatio tyronibus admoni- 
tionis loco infcrviri; potcft , cum facilis admoi) 
dumlapfu<ntin liocargunacmandigcnere; - 

Ex Jttdlyfi djfumi. 

50. Multipliettionem potcftatum ab eadcm 
ndice fieri per exponcntium additionem ; ut 11 
dncendumHt d^ inti^ fore productten^-'^}, 
fcuifi ii.i? in M forc *</+?. 

ji. Undc fequitur, fipbteftatcs fuitaiqua- 
le«,, hoceft ^ssy, fotcproductumi/*? jquo^ 
Adeimoper df multiplicetur , fict iJ', U- 
quc ita dcinccp/ 



LUMM AT A. xy 

QuftTC fl poteftasA alicufus radids ^,ut dP^ venUe 
quadrate , cubice ^ qquadrate Jliiique tnodis ^ 
multiplicanda , oportct poteftatis datae expo^ 
iicntcm^pcrnutiiertim dignitatis quacfiKe multi- 
plicatc; ficqi)adratumipfius<j^cfti'^, cubtis 
^V, qquadit^^J*, adeoque fi W P ad potdlatcm 
q cvchi debcat , . orictur d''K 

jz. HincjamordiJie rctrogadoconftatpoteii 
ftaram quarumlibct, jwr alias eiufdem Tadici& 
pDtcnates diijifionem , exponentium fubftra&io^ 
Dc pcragi ; fic <j ' per d '.divifum cxhibct quo^ 
tientcm J * " * , fcu rf ' j adcoque d /per d s dia 

vifumcfl5cit4^ "^^i itemi^pcrrTcu "facit 

53.-Ipfamquc radicum OBinigeBarui» ci 
poteftatibus quibufcunquc cxtraftioncm ficrj 
divMionc cxpbncntium j fic radix quadrata cx d 
cft<i'"fcu<^i cubicaex^' cftrf^fcurfj cx 4' 
i^d'^ita.d\ 

Radixqquadncx rrd* cft f *(i'fcu r'^'. 
qijod juxta vulgarcm notationcm hoc modb de- 
fignatur • r <i ' i tandcra radix pbtcftatis jcii** 

extraftatfritii^. 

Qnac omnia ex dwifionis , cxttaftionifqu^ _ 
raiHcura no^ mcthodo manifeftfl funt. 

D,<,n.=dnvC00«^lc 



iS L&MMATA. 

ScheUum GeHtrale. 

CUih nuUus exiftat nnmcrus, qiit interprogreflionis 
Arithmciici: \,z,n^,^,Scc. rerlrlntislociimnonin- 
TCniat',firpuiiq:hiijiisprogreflionisicrminigcnercn* 
Tiirex prftgreffionii monadicar refpeflivisaggrcgatisj nu-> 
merumquemlibetj fub fpecie fumma progieffionisunita- 
lum, coqfiderari poife hoc ipropatet. Unde fequenres, 
'& aScnjus iti trifce momeiui, numerorutri proprietate» 

ha?cprogrefl[io/ttiy?jii> , ipfarum afTgre- 
mfticnit 4etefminabiltm , acper monadi- 
m certo termino crflantem deuotan- 
1+ 1 , ^ CSl + I 4-T, &C. 
ti^uamJiiiJiJtnidnpTegreditur , & in multi- 
nommdeterminabili majorcmafliirgit ' 
.repaium unitatum numenimconlTituie 
I, hacdccausa pcr progrefEonemtno- 
nadicorumnunquam definentem exprimendum ; vetnc 
«=: l'4'J + i4'i 4-r iirJiccmmuodbftpiee^uioKper^do. 

H T. Certo lermino fiibfTfl^ens monadicorum progreffio, 
.sdieoque "umerus determinafailis etiquotprQgrefficnis unttateti 
niinquam deflnensprogreflRofeuTiumerus onnni dctermina- 
b"iH tai)OT onmahuim^frogrtfliaat unuattt ecmittet. 

ly. "Ntimeriomnidato majoris eflentialis proprietas, 
iicratio formialis in perpetuo accretionis aftu -cOnffftie, 
Aibfiftendo ©nim numcrum determinabiiem efficerec 
(No I.) ' ■■ " 

V. Quarc, fiiuaniiMfi<ieteraiinata i (fivicUturparmi- 
msrumomnidaiomajorem, feucontiniiocrefcencem, in, 

i> 
erit fraflio ^ quantitas coniinuo dccre(ce|iJi m»nein;e 
enimnumeraiore, acdenominarorefinefineaudto, dimi- 
iiHeturfinefine-fiaftSo. '■ 

Unde tnlinitefitnanitti nitiiraclaripsiUuoefcit, pstet* 
^aeipfaS) iionindeterminayjquwlaKi indiviribili, ut ut" ' 
exiguci 

D,<,n.=dnvC00«^lc 
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«iguo, fed in quantitate, cujus alterior dimimiiioaftu 
continuofinefineperagiiur, confiflere. 
. ^"'^^"^PTcepiis Analyfiinfinuorumin Geomerrii fine 
jjpfflspencuIoBteniur; cumnihilhicin roniinuidivifibi- 
Jitatem, & tncotnmenfitrabiliutn alymmetriam, quibus 
ftopulis allifa Indivifibjlium Metliodus naufragiumpaflura 
videbatur, commiiTumfit. 

VI. Poflent&plura, (acpr-SKrcffiomsinfinitJcproprie- 

tate, circa numeros infinitos demonftrari: Vah ^: fi iii 

inonadicorum progreffione finguli termini , fcuuniutesi 

P k. t 

ducaniuj- in detemiinatam quandam qiiantitatem '^ 

eHt,fiterminor(im qubtitasaut inultitudofit sm, fumm* 

l. fk. 

Jjnjusprogreffionis — m. In-nmni enimprogreffionest^ 
qnalium jterminorun^^aggregatum quodlibet sEc^iiaiur ter- 
'nino iinico II) quoiftatem terminorum refpefiivam duAo> 
5Pod f«is noium efl. 

Vir- PatethincntnUBlerumyim/j/ic/to-infinitum (huilc 
eomvocb, «juioriturexprogreflioneirifiniriiquiclem, fed 
mensunitatibusconftanti) per quamlibet ^uantitatem i 
multiplicattunaut divifum, cxhibere numerum alius ge- 

itj , , 
netisinfinitum/rti aur /^ ijui ad primum m determinatam 

habetrationemjut / ^'^unitatem, autTtrunitafad /. 

VIII. Qiiin& hinc apparet, quodvis infinitum ^m, 
elTefumrtiampropreffionis «qualiume, cujus tetminorum 
quotitasiniinitacflfeus m; eftenim, 

fm-TS p+fi.f,i>^jiA-p irficconimiio aifaue ce^atiomtcrgm' 

IX. Nccopiiseft, /uperioribus intelleftis hoc efTatum 
a_dfiruere; omre fcilicet infinirum infuogenere, anatv- 
lice eflerri, per quantitaiem deierminabilem in ib feu 
nuoierum infinitum duflam ; fic , vm , kjn , ym, dm, 
&c.funt fingula! , fedfuf generis. ihH;iit«quamitates. ., 

K. E:iquibDs cdnfe(;|uitut, Tote quantiutem cnjusli- 
B 1 bcE 

D,<,n.=dnvC00«^lc 



30 . hWMU AT A. 

bcigenensinfinitam kyn addeccrtniiiatami-j atinGiiii;efi-' 
-ma^adnibilumgtiometricutn, & e converfo; eft edtm 

c|uarta proportionalis.^^j^, quxinregeomeciicapronoa 

^uanto cll habenda juxia Lemm. i o. 

XI. Quare & quic^uid pcr infinicefimam muitiplica- 
ttim, pcrinfinitumaticjuoddividittir, nihilo xquivalet; 

XII. Hinc fi iquationis expoficat terminos quofdam 
infinitum aliquod multiplicavcrit , aliiijue fint cx meris 
determinabiiibusquantitatibuscompofiti; omnestermini 
inlinito vacui ex arquatione poterunt , iiihilorumad indaf, 
rcjici; fumto enim m pro numero infinito fit myy^iy 
a pxx+mrx^nam. 

'Dicofore mjyzzmrx^^nttm. Unde divifis permerit 
yy;i i-jr + nti .- rcjeftis tcrmiiiis fxx & ly, tanqaamin- 
flnitum non continenttbus. 

Demonjh. Cum enim , exifiente nt fupra, ly + myy 

tsfxxf+mrx.^mnn.t(iti bisfaiUdivifione per m> — < . 

' » .^fxx^rxi.nn> . ' 

*~'—-~i —i -H unde, per Lemma lo. rejeftis 

rejiciendis, acduilis omnibusin m, remanebit «quauo, 
j^=;rjf + »«, q.e:d. 

JC 1 1 1. Eodcm modo probabitur ex qualibet iquatione 
otnnes terminos per infinitHm aliijuod di vifos , Gsetcris om- 
ni infinito five multiplicanti five dividenti immunibus , ni* 
t6po(terejici, toiaenimiqnationeper m divifa, hifoU 
tci-minijuxiaLemmaio. iiihili ad inftar confiderari potc- . 
'runt. 

XIV. Tiim&terminosper infiniium muliiplicatos, 
rurfumtjueper infinitum divifos, pro detcrminabilibtls 

iabendos, efteniin ^ 5 i^' 
^m )j 
HxcatitemprxfeD[i-iulliuit«fu£ciaaei 

nt 



\4ndyfis InfinitQnm. • a i 

C A P. I. 

T>e Curvarum tangeruihm^ 

1. Olt carva^D^, cujus intcrccpta- 
\^A P p= x,applicata in dato quolihct an- 
gulo EP: )/) ac duccnda fit refta 3:£ curvam 
taigciis irr£ j 

Undcexdatacurva: aeqnationc intcr applica- 
tamjr , intcrceptamquc x conftituti , quxritur 
T^^icuj, authaoctangcntcmdercrminans PT 
fca t , quam axis portioncm P T > applicati E P, 
fiftangcntc T^ intcrceptam , ex Nob. Hugenii 
inftituto fuBtangentem vocibimus. 

Jnlinca ji^fumta ^P infinitcfimS quali- 
cunquc - , creftiquc ^J) ipfi P E paralkla, du- 
a^tur H D seiqnalis & arquidiftans ipfi P ^, qua- 
rcttiangula TPE^ ScDHE crunt fimiUa,& 
TP:PM:::DH:EHkM t:y:: ^.^ssfiH 



Unde patct & ipfas E H Sc D E cffe infinitefi- 
mas , cum pcr numcrum oinni dato majorcm 
wfintdivifse, juxta Lcmm. 7, Exponaturjam; 
curvK quaelibet Squatio 2rx — xx=i yy iutct 
P£ & ^Pconftituta,h2:ceadcminter jnrerccp- 
tam .^^feu;f— ^, & appHcatam D ^ fcu 

i. ,„■-.. ■■.■Goo«^lc 



aa Andyffs, Jnftnitorwn, Cap. I, 

* — — ftataatur, fcu quod codcm redit,in cxpofiT 
t4 «quationc pco x ponatur x — , ac Iocq 
y fubftituatur j» t - ('quod in pofterum i^ocabo 
aqaationem ad infinitefim^i ^'f^i^ere ) craetgct 
alia xquatio hac focmi : 

Jamvcro: (perLcmmaio.; dclctis^ ^tT^* 
utpotc nihilo aequalibus , tum &: tctminis , qui 
datam aequacioncm componunt, cunniibimu- 

tuo «quentur, remanqpit: — ^ + ^ =3 

ife divifionc fafta pcr y^ » ac mulatis figni^ 
^ =5 Z' =5 TP , quK invenienda erat. 

r~x 

QuQdfinon^J*, utiniox, fcdinlinei £/i 
affumatur E H inftnitefuni :^ - eric qb tclanju- 
lorumrp^, I> /f £ fimilitudincm. 
EF:TP.:EH:DH. fcu y.t:: i- : '^ ^ D H 

Ep-:ET::EH:EDfcviy:s::y^-^:^ ^E, 
Unde redada aequatiqnc modo cipofita ^d infi- 
nitefimas,fcti loco x si.y fubftitutis A ^Jc D ^ 

^vc x—*'^ &^— ^oricmraquationova 

i. ,„■-.. ■■.■Goo«^lc 
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irtk ^itl^x ttt{,k. _ ^h 

* ■* j;» jm •ijmm JJ m 

^ U . & rejcdis (iuxta Lem. io.) rejicicnd»,Ur- 
quc qux fc mumo cx namrd aquationis tollunt , 
fjt —'"- + — 's-l,^', & rcduaa xiiaa- 

tionc / ^ — ■ cadcm cum modo invcnt^. 

• r-x 

2. Si vero curv« propricras hoc flagirct, 
porcrit & ipfa T>E, fcu tangcnris aut, juxu 
Lcmnv. ij, curvae ipfius portio, infinircfims 
loco alfumi j 

Sit, verbigtatia, cspofits cutvac liic rcla. 
tio, ut, vocata «it«« portione AS: z,, fit 
continao z,x,-s r x\jj , & dcfignanda fir rcc. 
ra curvam tangeas in B ; quapropro: affumti 
Pf a - : erit, per modo monftrata 

TB:I.t::T>Z:-BB,ivi, r.p: '-Jl = £ «. 



Unde rcduftj Itac iquarione ad infirtitcfi- 
mas, hoc cH, loco rcaarum At , />£ & 
curvae 4£ ad xquationcm adhibiris rcai?J 

A ^^ X -* ;^t ^^P^y^ t^i,, "C*^ ■0!i 

CUfva AD s:: A-. - orictur aquario. 

B 4 _ »^i 



3 4 jfnalyjis Inflmtorum, C a i». I. 

w ""w im JJ t m itmm 

^K, reie&is pct Lemm. lo. rciicicndis , ac 
tcrminis fc mutuo toUentibus , ncc non divifior 
;icfK^ - inft|tut4remancbitrcdaaS?cquationc, 

r - 

Ex qui ajqitationc fublati s aut /,per acquatio- 
nem tt-¥yy-=i,,ss (qux triangulo rcftangulo 
BPT ^prtum fuum dcbct ,. quod fi obliquani 
guium forct , aliatn aequationem cxbibcret.,; 

Tum &: loco ipfius s fubftituto valore cx aqua- 
tionc curvx dita ««=; rx*yy elicicndo, oric* 
tur tfrr + 4.tryy"4.ttrx*4.ttyy+4.rxy/, 
i9c cogriita cxit ipfa t cx iblis rcftis x- iky. 

3 . In tranifitu noto , cutvarum aeqaationes , 
qux alioqni finc curvx ftippofiti iongitudiac ex-. 
P^im^i poflc non vidcntnr, tangentcs nihilo minus 
exhibcre (olis lincis reftis cxplicabilcs j adco- 
ijuc , fi ipfms t aut s valor aliunde pcr lincas rce- 
tas iignificati poffct, mcchanicarum Cartcfii • 
plurinias, fi non omnes, ad totidcm Qcemc-- 
tricas hac rationc tcducibiles cxifterc. 

Hoc faltcm Uquct , mododiftas sequatlones, 

pcr folas redas natura ful dcfignabilcs c0o. ■ 

..^quatio enim curvae iiiibi clifcufla! »x, 

^rx +yyj quse ipfam (^utvam « comprchcndit ,' 

aqua- 
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' Cap.1. Jfudffis In/imtontm. v^ 

«qaationcm aliam huic cutvx propriam, ad 
^i^eatcm dctcrmiaatam pcodacit; ttrr^ 
j^tryy^ ^ttrx^^ttyy^^rxyy, in qtt^ 
cum / fcu fr fitrcaa, uuUse nifi tca*tepc- 
fiuntur; undcdcnuofi <poflettoUipccaUunde 
conquifitamaeqpationcm Tolas rcftas contincn- 
tcm(quod, cmn PT fcu f fit rcaa, impoflibi- 
lenqnctit) cmcTgctcurvK «quatio Gcometri-. 
ca,fcddchisalibi. 

Sdolmm I. Noietur velim ; in cxpolico corviUnfio 
jiPE libcrum efle quamlibet exlineis, DU,.HB, ED. 
pro pnma infinitefiin3 sdhibcre , «iuoniam cKter» ex 
ttiangulorDm jeE, DfleMlit«4"e> .&.^W««Oa'»«- 

logi3 fpQnicfluynt; tum &primami!ifirtiKfimftm"^ ant 

m' *oi~m " fupponfintis 4rbitrio,in -«mnibusajrv* 
punais vpl fempcr fibi conllantem ejnfdemciue perpe- 
tito HMgOKudinis, (ut fi h aut.^ aui i pooawiK «<l"a- 

les detcnninai» cuidam r, undc^^Iibi peipetoo «qoa- 
bitqr. ) Vel variati continuis irtcr,ementis «lecrcmentif- 
Vs iiu^ntiwe mutabilem ^ffumi pcOre, veluii, fi ^ a- 

qualis y fupponatur, aul b ipfi h Hnde ^ut m""" m 
pro varia ipfius y aui i aut / magnitudine variabilur. 

Adcoque & in genere hinc confe^jui * protangenus 
inqaifitione , i>enepl4cito cu)ums fehnqut, nuni appli- 
catam EE , an intetc^piain Af ({aui Sc ipfam cur- 
vam ADE, in partcs iiifinitefimas «quales velinzqua- 
les , divifam erfe fupponere vclit ; nifi cerum quaR- 
Ha ip ac definitani infinitefiaiarum limitationem 1 (xcur- 

VSE 
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ad Jhui^fis Infimtmm, Ca?. I, 

VK.reduomvt utHrS aut aliunde omm, lefpicereue- 
cslTariuto fit. 

Hsec praKrdentibns r!t8 perceptis probatione - noa 
^eat, afioijaiB ex Axiom:!!. imcqediate proflueaita. 

Sehol. II. Ne vero conrinuis frattionum tricis im- 
^iciiuBtmpectiatur oalculus , alii in pc^erum intiin- 
uJiaunun oomsHclacura compendium venabimur, ip« 
iam ft.P feu D H .■ e, £ Ht «. D K langentis aui fi 
inaVis (JDJia Lemm. ayj curvz porcionem. m, appel- 
lantes, «{«od & ia feqq:, mfecos aioiieatur, perpctioi 
obtinebic, ubi, foli j excepti quam oidinatc <lcftgna- 
tioni rcferramus, infinit^imas quafcunque per vocales, 
aut Grxcas Ittceras denotabimus. 

4. Sit i^tttt curv2 cMJuslibet naturam, p^ U. 
litas Af feu xScPE kay exprimcns xquatio it^ 
ordinaca, ut omnium tecminorum iiimma nihilgi 
?equivaleat : Vcrb: Gr; x'. +yxx+ix —f — yyx 
— ky—s^ #, opoiftet ci ismgentem defigna. 
rC- 

3. Roducarar hxc ad lineas -* j^ & ^Z> , 
(iuaeinfinftefmiasinvolVunt, lioc cH:, ponatuc 
..ij^feu * — * loco AP feu x , itcm ^Z> 
fcu y—* loco y feu P E^ conftimtaque jux-» 
ta curvx datam prQpcictatcm xquatione , 
Orisnmr : 

Pro*,tcrminus, x, — iexxJ^ieex^e\ 
+yxx yxx~zeyxjfyee. 

~axx + zaex—Jtee. 

+ I.X 
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— 7jrjfl — jr^jf + 1 4yx — 04x. 

+ ejijf ~zAey^4.A«. 

—ky ~ kyjck*. 

— s - _ j. 

ti. la OEti jam hac aequatione pcimtim tolletw 
divcniLuitomiicstcrmiai, ubi nec^nec/repe^ 
licur; quohiam omniain rummanihilozquatis 
eft y qaippe datam xquationcm conftituemiam. 
Ohdc & hoc manifcftum eft , nuUumxquatio- 
nis carvx tetminum^ iprojr^&rjirvacuumjinortX 
«quatione tcfcrvari poflc. 

7. Tum Itigali dclcantur tecmini , ubi ip£a> 
ram A aut e potcflas aat rcaangulun* invcnitur , 
guippc, (pcr fchot; 1. J. j.&Lcmm. 10.^ pro 
non quantis aut pro nihilo habendi ; unde in x- 
quacione ort4 , ii tantum remancbunt termint, 
qui vcl » vel / , fed unius diaicnfionis . conti- 
qcnt; rcftabitquc , dclciis d«laidis , — jrjfjc 
— zeyx — ti XX—, le-^j syy -^ziyx^eyyj^ 
i *=a 0. Sc xquaticHic in analogilmum rcfcH 
lata: 

jyy^iyx^k—xx:} xx-^zyx-^i^yy:: 
c s. 

t. Jamvcco , cum ex conftruSionc Cax»iU 
finttrianguk DHE ScTPE, cft//P: ETi.: 
Tf:FE. {cAem:it:y. 

Quatc 



aS Andyfislnfimtar»Mi Gap. I. 

Quarc & cx S. 7 , 3/> *■ zyx^k—xx: ^xx +• 
iyx^i —yy\ : tvy. Undc rcdufta aequationc ob- 
tincbitur «quatio ad tangcntcm: 3^' ^ryyx 
+ky~xxy t^ ixxt^^yxt-^lt—yyt. 

Hinc & in aequationc 5- 7, rcmancntipro a 
ipfumi', pro e ipfum t rcponcndum cflc con- 
ftat } fimulquc Eruditiflimi Sarovli mcthodus Iq 
afcrto pofita cft. . ' 

9. Notapivelim, omncs curvarum xquatio-; 
ncsdi;plicitecminorum gcnccc comppni j quo- 
njm primum (fecluGs ab l^ac conlidcratione 
quantitatibus tyk,s, quae pro cognitis habcnr . 
tur^ vcl folis ;f auj ji , catumquc potcftatibus ' 

■ conftat: utjji' ,ty,x',ix. quos tcrminos in po- 
&ci\xmfimplices nominabimus : Altcrum autcni 
tcrrainorum genus ex ipGs , x iwy dudis confla- 
tum eft , ut j- X X, yy x^ & tios propterca mix-^ 
tes dicemus. _ 

10. ■Turtj & ofaiervare licqt , ex (k^Us «- . 
quationis Curvx terminis fimplicibus , fingulos 
tantum huic fcrvicntcs aequationi tcrnunos oriri. 

Cum cnim potcftates ipfarum yScx^ pcr t^t 
dices, y—at&cx — i^. jux W $. j . cxpriniendx vc- 
niani, pofitdipfatum y auc a: potcftatc maxi-,-. 
ml , (ut in aequationibus vulgo ordinandiS fieri 
folct).proprinio potcftati? tecmino, folus fe-^ 
cuiidus rcmanebitj ptimo ii^uidem p?r 5. ^, 

ic- 
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Cap.I. .^tdyfis InfimtormlK 29 

reliquUquepoftfeoundiimpec $.7, cvancleeii- 
ribus. 

11. Quinctiailitemuimmex fiinplfcifoluni^ 
tontincnti octuni , cflccandemsqdationiscur» 
v£ tttminnm , per numonun dimcnficHmm ip^ 
finsj' multiplicamm. 

Sit enim in xqudtiotie cUrva: t6nninu$ f (po- 
fito e pro poteftatis ipfius y exponcntt^ ac 
pto y , )uxta 1. 5 , acccptum y—* ii ad^w- 
ref^atem e evchamr , rcmanebit > per |. 10, 
folas fccundus —cAy'—^, &> )Um f. 8, 
y ipfi A fubftituto, erit tcrniinufiortus — ej»* 
cx iimplici y".- 

1 2. Itran , telminutti intcreeptam * eonp 
cecncntem, ex funpUd ortum, cfte euiulcm 
leqnaHonis datx tcrminum pcr reTpeflivum di- 
menfionum ipfius x numerummiilripUcatumj 
ita tamen ut pofttfa unici ipfius x dlmenftvoe 
multctur , ac eidcm t fufficiamr. 

Siquidcni in potcftate , cujus exponens £ , 4 
radicc x — e, fccundus terminus cft — ^ * x-^\ 
&, pet $. 8, mutftto f in / , cRt^mubus 9r- 
tas~btx^^ cxfimpUci xh 

13. Signa terminorum ih'Utciqiie.3ti:)uatiO' 
ne, tum curvx,. tum ad taagfntem, funtes- 
dcffl, cum enim , S. 10 , non nlfi fccundipo' 
teftatum tecmiiii xquationcin/a^ tangcntemiln— 
gtcdiantur , iftique , in tadicibus biaemiis 

y 



go 'Analyfis Infimiom^, Cap.T. 

•JF — * , x-^e^ ■f!giio--copii]atis , Contrar» 
figno ac primi aiBciantur , tota sequatio compa- 
iebitftib figrris aupiadoiii ad curvam contrar iis j 
-flndcimttatis omnibus , (quod ialvA aecfuationc 
■fieripoficryronibiu notum cft) uttaque «q«a. 
tio hoc in cafu , (de citeris ouilibet facile iudi- 
■Cabit) iiltlcmfignisin rdj«aivistcrminisaffec- 
laeffevidcbitar. 

■ : J4, Hinc rcgula tat^cntcs ducendi «itur, 
cnm curva sequarionem habet tcrminis fimplici- 
fcus' conftantcm, Ex: Gn data fit curva ae- 
quatio, y*-*- $y * ^ ky— x' + txx— mx 
+ w t= « qux ordinctur , ut omncs y 4 
■finair^ , omncs x ^ dexira inveniantnr ,- etit 
if^-^sy^-^ky t^ix*'^ ixx + mx'- n , nnde, 
JBXta-f - II ,ia,i5, fingulis tcrminis peripfa* 
rtkA j-&jf dirtieiifionum nuinenjm mujtiplii 
eatSs, aciHiici jein/ mutat4 cxfurgfct aquatitt 
adtangantcm. 

4>*— 3i;" + ii7=i \xU^i.ixt^rnt. 

Ij", -10»««» terminos miiftos cbnJideranti- 
bus , apparct cx fin^lis terminis mlxtis binos 
pro «quatione ad tsmgintcm terminos oriri • ' fit 
eftim tcrminus ^tus^-^jr *,. 8c f dc 4 pott- 
*atmn ipfarum y ^ x eiponcntts, briaiii 
ttrt«K^e ,iuxfa » f 7 , t<rminls^«».fi*c— I, 
iftmex *r* tCTmitii x^-heJc^rr^^ xjuiin fc 
nutuo 



Cap. 1. Maljfis Jii/initimim, 31 

ffltimo du^ , dcletis ex $.6.0c7. cldendiSk 
dabunt pro yfx'' duos Tanniw» — tsy—^ 
«*— Af Jf *^ijrc faoc «flf per t. V —ey^si^ 

]6. Hosterminosiueflc vSSc&oi Haaimvi^ 
rfetnr, ac fi, cadmatd cquatkMte, tit 1. 14, 
idem ixnziinus y^xt fiib eenaaao figno ab 
vtraque xquationis partc reperiretur j ftiiparte 
finiftii fola T , ipartetkxtri foia x eonfideia- 
taftuffcCi iegdJipic |. ii.dclz. oe^eftiTe Ib- 
biiflcnt. 

C^odetiam eomtaiiis Hgnis, £ aboppontis 
«quatioDis partibQsftatui intelligantur , afTcdi 
liat.. patcc ex $. i. j i ubi utcrque tenninus ftibeo* 
dem figDO oritur , in rcJuccndi autcm Mpsatio^ 
ne, utf. 14, termim fcontinentesad-ofipc^taif 
partes ted^bntur , ac illi , 4||iibu£ * cxnlat, 
undc 6c 4d. contraria iigna} quQdratisootum 
t&. 

17< Qnatchinctandcmcmergitt^ngentesha- 
i^ccmodicxpeditfl admodam ^dacendi metko^ 
dus , fivc nmpUcibiu, iivc 011x0» termiois «« 
quatio curvx conlliterit 

1'. Ordiflcturzquatip-Curv«, utdmaestcr- 
ftuninvc nmplicesfive mixtif in^iquibpejr feu- 
aj^^icata iiepetitJu; , i fiaiftr4 cof^pid«ntar^- rc- 
je^s . per 1. 6| -quatquoE adfttcrim ^ ae^y aec 
Jr.cootia«ai^>u$tcf|niAis. : 

///\0m- 
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ja "^^mdyfis Irifimtiril^, Cap.I. 

/f«; .Omnes .rcnnini , qiios x iiiteTcepta in> 
^editur, ftatuanturaddextram, adcoqueom^ 
nestetminimixti^&^fii^lwtinentes, iuxta 

5. i5.5ci6,abutraquepatteaquatiotiisfub(^ii- 
tiariisfignisvldcbimtur. . 

///•. Singuli ad fmifiram pofiiiinnnmennh 
dimenfionnin ipforum y rcfpcdive ducantur^ 
f. II.&I6. 

IV'. SingnHadcxtrapemumerumipforuin* 
refpeaive multiplicentur ; aCuniciipCnt * di- 
mcnfione mnlrati ducantur in / , 1. 12. & 16. 

Et habebitur, a datS cuiuslibct curvxac- 
qijationeinretapplicatam&interceptam confti'» 
turS , xqtiatio ad tangentem determlnata , 
Ex: Gr: c» dara asrfx xquatione , S.4, 

juxta N». I: y^^yyx—yxxiiy aiqnationis 

1 pars finiAra , & x'+yxx—yyx + lx p'ts 

dcitra , unde & hac facic appatebit xquatia 

y'+yyje~yxx +ifOx'+yxx—yyX'¥ ix, 

6, petNo.m. &IV,(ingulisx&>lnrefl>eai- 
▼landimcniionuinnilmcrum dn£Us, at i dcx- 
tri Af in / mutato, fict*qnatioadtangcntcm : 
3y' + iyyx—yxx + iy^ )xxt+iyxt~ 

jyt^-lt, otfupra. 

18. Quacaurcmdcfigiirisvetfujaxcmconca-" 
vls demonfiravimus i aliis vcrfas aircin convexis 
• quivis applicabir, ac, fi fafto JSjXf^' 

D,<,n.=dnvC00^lL' 



t^APi I. Amlyfis iHfimtoruik, 5^ 

^D tj', fiitjtP-.x+e, & P E-.y-^d, eandcm 
realtacam xquationeni , facilc animadvcrtet. 

19. Cum autcmtcrrhini fimpliccs ad pardbo-' 
idides , mixti ad h)iperbolGides , commode rc* 
ferri pofic vidcanmt; utriufquc tangentcm cxcm- 
pli loco , pec inventum modo canonem dcfinic- 
mus. Sitpatabolbidcsi ejufvecomplcmenrum 

p.y? 
cU}usiqiiati6>P=S r?-^ x 1 iCiit t ^ jrM;^t 

" ~2 iappUcata fraaionc ad cuivk acquationcmr 

Sit hyperboldides cujus *quatit> yfxi^i sfr'^- 
critlKECper j. 17, ordinata: yPx^^^^—yPxi 

* '^ -^yPxi-' ^ ^ « ' ^'Snum autem 
negativum. hic innucre , ipfam / ab altcra patt(5 
ipfius applicataErefpcauxfumcndameflci cui- 
visnotumeft. 

20. I^cc tcrrhinos tantum i^atiortaks ^ intc- , 
gcofquc dcpofcit hsc methodus ^ vecum & fcfc 
ad quosHbct fucdos fraftofquc cxtendit. 

Sit Vcrb: gratia expoTita cucvae atquatio j 
't+;"^'*^' + *^C~* = x' + >-'. Opbrtet ci 
liibtang<*ntcm dcfigiiai^c^ 

Ql^emirifinemjjuxtaLcnlm.sOjScc. hocmo- 
do denobW tf^u^ti*- 

C jf 
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■a^. ^ndyfts tnfimtormti, ,Cai>. I. 

^"r- ^yr'x' + r' "''yT^x' ^r'. ciit i- 
au«io ipfam fubtangrntem /manifcftans 
6y^r~'i*yr'x-+;trixit--r.< X' y, • 

len redu£td denotatione ordinaru 

6j'*j /rx '+ly,/rx-i^c'^^+\t /<' 

Sa 3 AT Jf /^, 

Confcqucntiae r4tio,qaantitatum furdarum frac* 
tarumquc dcfignationem Lemm. modo cita- 
tiscxpofitam.intclIigcnti, obfcura non crit. 

21. Hacdata occafione fcqucntcm obfcfvn- 
tiunculam imcrtcxGre liccat Expofitinimimn:; 
quotlibetdimenfionumsquationcitaconfiitu:^, 
titunum tcrminum cx mcra ipfius^, altcrura- 
que-cxcademipffas-A: potcftatc conftantes ha- 
beat, cum termims mixtis quotUbct interme- 
diis , in' qnibus fumma dimenfionum ipforum 
^ &Jf fcmpcr maximam ipfius^ vcl x potcftatJcnf: 
aeqitit: dico, qaovis_,ctiam numcro aric figno 
finguli afficiantur tecmini , pccpetuo t focc ae- 
qualemipfijf : , 

detur cnim squatio , i^y^+ixx'— s ^^^y 
.-; jf' yzA'6 X* crit pcrfHperi6ra,.4^*+9-vj'^ 
— 10 xxyyArl-^^y^ 24*'/+ ioyyxJ_~-if^, 



Cap.I. Jttolyjis Irfinkwunti ^5 

'—ziyxxt^ fc appiicacd curvx «quationc^ 
.ia^oquc %y*^ i^x* '^zoxxyy — iixy* 
■~-z%x^y erit, repofito hoc valorc in lociini 
ipfius %y*^ ac divifione inftitutS , ■ / =3 x. dc^ 
monftrationemnonaddo , levinegptio; potc- 
ftatum fymbolis gcneraUoribus adhibitiSj cx 
prxccdentibus erucndaM; 
. 12. Sitjam, Fig.X i cutva JDSy cojuf 
pars JD voccmr : a, intcrcepta jf^: Xf 
applipata Dj^: y. hujul^uc ptoprictatcin cXf 
primcnsaquatioiit zx,y^x*^ r' + ^^7'A»t 
bportct ei tangcmcm ducc^c. Quarc pofito prci 
2;ip/bjo+ «, prd7ipfbj'+<, prbxipfojf+r, 
rcdigaturad infinjtclinias , &, dcietis juxta fu- 
pcriora dclerldis , ortcmr ^^«^''Jf V+ 3 r» 
^*yy*-^ iy'-' x' ztt^ i f>fitz.y* d^z pp/ M. 
Cumquc ob trianguiorum T ^D Sc DBE 
fimillmdinem, appcllatis tangtnti ri) : /, fnb- 
tangcmi T^. r, fit « =3 ^item i c= — > 
^mcrger, hifctf valoribus ipfdrum « & * lo* 
coin aequafic^efurrog;tti»i aC divifioncper-j 
inftimtj, xquatio ad taingeinttfm ^tx>y*x'f 
^ix,xpy ' X ■•*+ iJs }y ' x* a 2 ffy ' z / + 5/1// i* 
Pomifietdrregula i. 17, propofita ad huiusgC'! 
neriscurvasextendi, nifi aliam oi±c:tfioncm id- 
tec fequ€utia pr^ftoloii maluiflcmus.' 

C I i3-Qfid- 
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5^ Analyfts Infinitofttm^ Cap. l. 

ii. Qiiomodo etiam Fig. X. t^ datis cur- 
vaTumtangemibus carsim perpendiculares inv^ 
niaatur , & vice verfd , abunde conftar. Siqui- 
dcm, retcntis s. J, fymbolis, fi iiat Q/: / , eft 
obattgulum ri) JreftunirQ: QZ)::QD:0.? 
{ait:y::y:l. '^ ^' 

Scd & quomodo a priori , non flipponri tan.* 
gcntis cbgnitionc inveriiantur , brcvitcr of^en- 
ilam. OhangulumrD JrcftumtriangutaDM 
&DQ^Jfuntfiiniliai adcOqneI>Q;(Jj"::I>H: 
EH:Cmy:i::c:a. Onde dati iquatione curv:E , 
eaque redufta ad analogifmum ut in 5. 7, ad 
invcntioncm notmalium pro e ipfum^, pro 4 
ipfum l reponcndum cffc clarum cft , . vidcanmt 
dciiifcc- J. 7 & g. r 

»4. Etliaaenusdcduccndis tjn^ntibmpcr^ 
pendicularibufque , ex dat4 cutva; iqu.ltionc 
intctapplicatam y & interccgtamvconftituta, 
Scqucntibusautem efempUs, quomodocxda- 
ta rclatione intci duas divcrfarum. eurvacum ap- 
pficatas, ac altcrutrius tangenti, alfefius tau- 
gens innotefcat, cxhibchinius.. 'tJftimohuera" 
jiacthodum; gcncraliorem in bis &'G«tetisfcrc 
cuntehujus natur* prqblem^tis.i iH eo confi- 
ftere, ut tot Bunicro invfniaotiir^qBatiDoor, 
quot aOumts fucii.it infmitcrtmss.ut, hisper 
rcduOioncin cjcftis ..qusfitHm .fiat manifc- 
llHm. 

ij. Siot 
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Cap. I. Malyfis Infinittirum. 57 

2 s . Sint Fig.XI. dui cat\ri,j< D £,quam tan- 
. gut refta TD ; item alia curva A NKzi eundem 
axem polita ; dataque fit relatio ihtct utriufque 
applicatas c CJ^ & Q.iVj oportet ducere reaairi 
INK tangentemcurvam A N K in N. 

SitA(i^x,QD:y , TQ^t , infinitcfimK 
<iPzlBH:aN/:c, SH:a, erit BP-^ + ^, 
AP^^x + t, (quje fymbola in fcqucntibus , ubi 
curva iiTdem majufculis diftinfta reperimr, ni 
aliud inrinuctur , perpetuo obtinebunt.) 

Sjt Ucm Q_JV : z. , infinitefima / K: erit: 
PK=z.+jj r fitlincaqognita, i Q_ fubtan- 
gcns quaefita — k, 

Cum crgo hic aflumta; fint tres numero Infl- 
nitL-fimie, 4, e, e, totidem invcniendaE crunt 
iquilioucs, quarum prima :'yt=:ta, quia 
«y;:«:«; (lcunda: sidio, quii /E:£::,:„j 
unde cx unraque, e 3"ti1" feu '~^a 

tcrtiamipTa curvarura relatio fuppcditabit. 
. z6. Sitigimr, in exempium, ^^— ;ij^:S rr. 
qua aequarionc ad infinitefimas^eduai , pofito- 
quc pro^ ipfo j' + .(,-& loco z. ipfp Z. + C, 
orietur yy.^iay.^aii~z.z.^zoz. —on^rr, 
&, lejcais juxta j, 6 & 7 , tcjicTcndis , /iji 

— •*> ""J« «^"-sr" cx praccedenti > q«a- 

(tfa2'sia' 

} 3 ^ ■> 

C j no- 



aS Arulyfis Infimtorum. Cap, I,' 

notcmr hoc in cafu, quia ^ Xt ■ lincas 
SJ, & ^F , CiDS & N F fmt refpeaivis 
curvis normalcs , in utt^quc clTc «qualcs. 

27. SitMdaticurvaruin tclatiooe tcaangur 
Imn D SJl icquaie quadtato lincacr, («^yA 
=a r r. qujc xquatio pct infinitcfimas cxprcffa dar 
bit^z.+^o +*i; + ,«(i =: rr,hoccIt pct 5.6, & 7, 

«-~y=!'*'^'' juxta S.25, feu * = -/. ci 
quo figno negativo appatct i & « ad divetfls ap.i 
pUcata; N ^ pattibus tlatui oportcrc, & cut- 
vaih ANK invertendam. Quod hic , "« fii 
gutas multiplicatemus , nos neglcximus ; & 
qaivis, ubi cjfus hoc tequitit, ia fcquentibus 
cii calculo facilc fiipplcbii. 

iSfotctat , fi y ponamr ad quamlibet patabq- 
km, utflt^.'3 rr-ix1, fotciadquamlibet ' 
hypcrbolam' , cujusiquatiosi.'*! crf + f. 

28. DeturmtfascttrvatumrelatLoji"=rf-te', 
crit iquatione ad infinitcfimas tcduai dcleti'- 
qucdelendis 5. 6 ;& 7, /«;'?■' = ?'•'''"''"'«. 
duiduaaioradabunt ««ty^ad jr/"3«;'7'!v 

& divifis pet 7 A=!rf-S 311, ctit: - = "-^ 

juxta J. is, ><1=9<11= *^'f- 

29. Hinc , fi omnis gcnetis Ciflbidalium tan- 
gcnfcs quis defidctet , fiat cutvatum telatio. 



CAi>. I. jfndyfis Infjnuorum, ^9. 

^Xf^xXj qua: jttxta pfaeccdenria dabit : ^(H-*4 
=Jirx! fiuhtauremcx S.25. <=:'-, *=il' 
quibusinlocumtf &<fuffe|ais oritur ^* +'-^f 
Si-TAf, faaoquc7z. = jfjr, &divifis pctJf ^ 
fitl+^=; z.Ccntx-i-kx:s zkt , 3nt^ 
— k- Undc , cum;' pcffitpbrii ad quaravis cut- 
vam , omliium Ciffoidalium tangcntcs una opc- 
ra d^Ecrmiaantur , quacunquc ex cutviorium 
traxcrint. 

30, Sit Ffg.XJI. cutva ADEF^ ac fym- 
bolaqusc 5. 2s, hoc tantum difcriminc , quod 
^o liic dicatur : x % itcm alia cucva ' AN iCGy 
quam tangat refta iV R j vocctutq: Jt Z : / j 
lintq: KM^LN yAO parallclaf, quxritur ip- 
fius ii Z- lon^itudo, fi demi: acquatio curvx 
AEF r?~xP^y?3 & utriufcuc cutvae rclatio 

Cucn fit primo RL-.LN ■.-.K I-.I N. fcu 
t:x::o:e- "it - =; f ■ fccundo conftituta cur- 
vae ADEF aequatione intcc opSc PE, fcu 
inrer je — *&^ + d, fictxf * /^ t5jr?-i 4, qux- 
ad mox invcntam xquationem applicita dabit 
ty!'-' a^xPo. tcrtio, fi xquatio mutuam 
cucvatum telationcm exi*rimcns codem mod®" 
traftctur, ^jjlicrgct, sy-'-' 4T=i fr^-l&l-^o, 

c 4 qtiB 
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4P Jfhal^fis Inftnitorfittt. Cap. I; 

quE du¥ uUirt»6 conqtiifitaE scquatlotKs quaefi'' 
tiamCxhibcbunc sy'-' xP:^tqr'-iz.q-iyp-'t. 
Quod fx fiat ^ =3 I , & aequatio haec pcr datai 
curvarum xquationes divifionis opc dcbitercf 
<iucatut, fict 4— sy.'-frf^^-' ~iZfi &fa^Q 
/+ 1=5 jcrit/=l sy — sz.. 

NB. fijipfo^+( majus fupponatur, quani 
titas sy ' -P pcr r'-?-^ dividenda crit , quod cx 
Lemm,so,&c. fatiscognitumcft. 

31. Siv ADEO fcmicitculus , Fig.XIII. 
JJo. I. cujusdiamctct .^ 0:ri cuTva vcro ^JCG 
ntCiflQig,quamtangattc£ta JVJ£, quxtituriiZ 
ieuf. 

Sinteadcm, qux $.25, fjrmbola, ac ^O 
r^r—x voccmr /, crit APzix-^e & Pd 
3/— fj jani primo RL: LHv.Kr.IN. fcu 
t: l: : 0: e-, undc « =5 " , & cum cx proprictatc 
^irculifit/A-H>7> fi loco x ipfum x + f , loco/ 
ipfum L—e. , loco y jpfum jf + « fufficiatut,, 
cmerget / e —x e ^ 2*^.tertib aequatio Ciflbidis. 
X X ^z,y dabit zex^ye-^za. tandcm aequa- 
tionibus lx=zyy S^z. y:=iXX^A.x reduftis oric- 
tur , Iz,- xy. cx quibus t hoc pai^o invcftiga, 
tur, quiao3'/=^'^^crit/;rfj2/;ff-/z.tf, 
qndc, faftis utfupra /Ji^=:7^&/*=x^, divir 
fjfqueomnibus per.jj', fiet<»=i^^'^^ "^^jnxta, 

i. ,„■-.. ■,Goo«^lc 



Cap. I. Jnahfis lufimiorm^ ■ 41 

Bio]c^.invA^ , (pi^$qiiationeordin^,&fat>i 
iUtuto loco X X ipfo :^j ^ ac pco / x ipfo^ j» cmct- 
gcttaiy + ii^s£.R, qu^ coaftFuaion(;mom< 
Qium, nifallor, cxpcditiiTuBam adauttit , f^- 
mcndo nimicum , X L aequalcm j- D ^^ k ^N. 

3 i^Hoc ctiamfonte manat finguUris ac utiliC 
fima mcthodus tangeqtes duccndi, qui ncc 
quantitatcs furdas quomodoUbcc compefitas, 
ricc fraitioncs iuoratur. 

fx: Gr; lit Ftg. XI. curva ADE, cujus intoci 
ccpta A^ Xj aj^Ucat^i D ^ y^ & iaequa tio h u)us 
proprietatem exprimens ^Crrx+y' — y^rr-^xx~^, 
&hijictan^ctis lic dcftgnanda. 

Quem in fincrii quslibcc quantitas fUrda fta* 
tuatut xquaiis aiteri cuidam aflUmts , fiatqup 
ifCrrx^y' - f Qz /rr+Arjif=:i., quxvoccntur id- 
circo a^udtiows affiemfa , concipiantijrquc toth 
dem curvac » ACG^ANKy ad eundem axcm A^ 
effc dcfcriprx , quarum appUcatx llnt afl^umtis 
quantitatibus aequalcs ^ nimirum C ^^f^ Sc 
^N^z,; undc aequatio cutvae cxpoficx AD^ 
erit/— J&=7, <iax voccttu: aqftdtio ex a.Jfumt$f 
orta. Tandcm cuilibet indeterniinat» fua triboa- 
fur infinitcfima , ^ncndo loco A^x, ipfan^ 
AP'-x.+ ei Ipco D^ji, ipfam EP: y-^:*i 
loco C ^: fy ipfam GP : /+ o; deni- 
qu^ Ipco ^N : * , ipfam PK : z. -v i s 

• . 9 i ■ *f^h 
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4^ sAndyfis Infinitomtt. Ca?. h 

Ciiftcfttibus, ^P^EHyGM^rK, fe4 ^4,fl,f 
inflaicefimis. Emcrgetque , iuxta fupei^s- 
tzaditft , acquatio ad infinitefimas redu&a. , 
^+p— *— *=3^+4,&dclctisdclendis, cjcj.6,, 
*■■— * =a #. 

. . £x (^ fublatis infiniteftmis itivcBietuc cucvx 
CXpofit* ftibtar^ens r^fcu^ . 

^ Hp5 aiitem duplici mpdo cffcftum dari po,. 
tcfl: , quocum utecque exatninaci quodamnaodo 
mececuf. 

Primusmoius incocpnfiftit, ut, pcxtecx^ 
qtiationcm t^^yf cxpofit^ curvx ocdinariam , 
scquationes afTumtx omnes ad infinitefimas rc-- 
di^ntuc i & ope hacum infinitcfimae ex aequa-. 
tione ex alfumtis orti , ad infinitcfiinas tan(cr» 
prius cedufti , auferanmr. 

- SicalTumtaaqaatioptima fuit rrx-^y':sp, 
qux ad infinitcfimas . ccda^a exhibebit a ^ 

i~ff , . - ■ 

Sccunda aiTumta aequatio, rr^''^^^^^^ 

dabit fimili modo tcaftata j =5 -'■ 
■■? . 
Quibus valoribus in aequationc 'o — i-:Aa re* 

pofiti?, .Crtictur-^^~5^=3<l,^^^ exiqua- 

tionc modo inventi , unde emcrgit qtiicfita fub* 
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CAPfX Jjtaiffis InfinitQrum. . 4:^. 

Seeitndks hoc idcm efficiendi mJtb^t fk |^ 
aflumtaram carvarum ACGScANK filbtw 
gcntcs R,^JcL^^ qu£ Imguise fuas; squsuiov 
i)es , pro toUcQdis cx xquacioac QX aQl(tntui ot* 
ta iiifinitefimis , conferunt, 

Cumeniinfitincucva ADEf fipie-^t ^^ 
ye^tx; erit eadcnj ratioac , pofitai^^iSit,; 
in curvd ACG, R(i^CQi: C M:MG i<\i.k:fii . 
f.o, ixndcfe^JtOi .iccnoniu curva 4NK, : 
pofitS LCl=si>, etic, LQ: ^Ar;:J^/;/iaca. 
fjix:,::e: f, iiadt z,e^hi. 

Hinc iavenitur, ^=3^', & ? =-^J, ncc^oa 

? =3^, quibus jara v4oribus loco , j , &, p ,. 
& 4 , in xquationc 0- izn* ft^fiituiis, cmci^et 
vj Sf =i^J.i. adcoqqc pQlt dcbi^m redn^q- 

Quin & circa utrumquo hunc niQJum obier- 
Vatudignumerit, fecundum, uti primo magis ■ 
(fompcndiorum , ita & generaliorcm effe ; cum • 
enim primus, pcripfas curvarmn proprietates ■ 
fui naturS determinarus , nonnifi curvae ADE' 
iiiferviatj fecundus infinitarum corvarum , pro 
varid ipfarum^,/", * , ad Jf rclationc cafus com- 
prchcndir, levi ncgotio ad qu^mlibet curvamj 
p3rticalarem()eternui»biiis, filQCQfub^Dgon- 
tium 

D,<,n.=dnvC00«^lc 



44 jifudyfis Infinitdrum. Cap. I. 

tilin) h'Sck\ valores juxta primumV qucmde- 
dimus , mojdum ttivcnti , fu^iciantur ; hos cnim 
valores. cx data curvarura, quas rcfpiciunt, 
proprictate etiaoi d^tas c0e , prxccdentia intci- 
ligenti fatis manifcftam erir. 

■ ii. Ex:II. Aiiumtacidcm Fig.XI. vocc- 
tuc Ap turva pccpctuo c , cujus infiniiefima 
HE fitnj dicaturquc ipfius tangensTD: Ji & 
manentibus iifdem , qux in prxccdenti exeiiiplo, 
fy mb(M is,3Equatio illius relationem exprimcns fiL 

•p^^,+ ^%l"'- -yy*" opo"« 'i 

tangentem dcfignare. Cum vero hic fcaAioncs 
Qccurran^&.tctminiinfuper irraciQnalcs , varii 
funt modi , qqibus intci^tum affequi valemus , 
)uxta vaiias quantitatiim affumtiones. Sic afTam- 

to intcgro tcrmino •'C JA=://, itcm aliQ 
^',c*-¥yyx*_.g^^ erit acqaatioex affumtisor- 

ta /y+ * ^ ~yy + ^* ^ j» *1"^ ordinata, ut fupra,a4 
curvas refpcftivas , & tedufta ad infmitefimas 
dabit zfo.^2 3;.i^^yt-¥rti. Undc fublatis per 
curvarum proprictatcs infinitefimis pofitoquc 
_i5(cftcnim t:s::e:u) crit facdi reductione 

■ (^uod fi alix quantitatos terminonu» irratio- 

na- 

D,<,n.=dnvC00gle 



Cap. 1. jfMlyfis Infimtoruth.. jid 

raliuin fnctorufflt|nc k>c6 afioimmur; iiaafoA 
aliS rationCfObtiilcbitut quxlitxYubtangcntis ti- 
lor.Sic confidcrari poSam primo fractionum de- 
nominator<s,aflhrnique,^^^r:e,&zx=-«i;v;e. 
Dcindc nutticratoribus hac lcgc affumtis, utpcr 
dcnominatotcs fuos divilioneth , ac pcr figna rai- 
dicalia prxfiKa cxtraaidncm paticapaccsfint,- 
alia xquatio cx aiTumtis otti cmergcr, 

Vetb:<3t:fifiatrV*=//rJ/',&rr£'+^rf* 
=iz,z,rrgg; quinimofivifumfucrit, &quan< 
Hras rationalis^y. polfct afflmi= rii erir zqua- 
tio cx alfutntis ottl rl+rg„re+rd, ftd, 
t+g=c+-d. qucmin fincm^^cnm fola f, 
{itaaxScjf, fi adeffcnt) ad curvain cxpoliiam 
ADS pertineat, cxcaEterarum/;^, <<,propric,! 
tate totcmvxACa,Ai^K,ytxZ;ild eandeiii 
axem A j^dcfcript* fupponanmr , ita, ut c j^fit 
= /, cujus infinitcfima G M~e, fiiijtangens .9]t 
= *; tum .^N & ^J- cxiilentibns = ,/ & ^ , qua- 
tuni rcfpcCtiv.s itifinitciimae firft / iir:& 2^, iKu7 
< & » , acfubtangentcsi^^&iS^^tcrativcAaE. 
»! eiiicirget, fi xquatio tx ailiuinis orta id rel)>tc 
tivasrc(iucaturinfinitefunasfl+ A ^«+/, ' 

Cum autcm , juxta pf acccdentiaT fit in ciirvi^ 
reipcctivis = 4, itcrti < = j , ncc lioii d :;~'V'^ 
^*~7,><:ta«iemi =f-'ifiisinl6cumiirflnite.- 
Hferilm fliftctis , & rcductionc itiiiitn^i fict" 



jj, 'jndyftslrSfimtirK/n^ Cap.L 

Qnbi*cafiren6n infrt<|B«ites folcht oMum 
■wrc, tibicnrvipropiktaslnteripfasx, aut/, 
. flicct fmdis quibnf dam ijuantitatibus fraaionii 
kiiSliwiinplidtas^ noncorfiftiti fedpcrpMiri- 
Bias iniietcrminatas , acjuationcfquc ex illis pro^ 
inanantics , cogniia cft j quat tamen omncs , fi 
inodo Tulgari tangens inquiratur , ad nnicam 
«quationem rcducCBda <unt ; hac auiem inetho* 
dotraaat» lc»i fcperi-iibfqiictedn&oncinten- 
dim prfeduiit. . 

. SirirtcitcmrJum ti^.Xni.'^': i. Gonchftb 
dT>B\. polo K acnormi i^Cdefcripta, cujuS 
applicata-.gi)(it: y, interccpta AS^xi JF 
aVt-.ri JFir.j|i erit S^F = r — x, qu» 
Voeetur i.i itcm j? JCS j + r- *, qttc dicatttii 
/i j:Pl^t*,.acfuhtangens T^: r. 
: Fmergcnt.pro natutS Conchoidis cxplicandi 
ftqncntcs «inationcs i, r- x^h. II, j + r 
t-ai-a/ ril,/r =: Ai , eft cnim ^F. hlDL.r:: 
(ilifiv x:z. \V,jj.^ff= Z.X,, oi> triangu- 
ten. Jf Ql) reftangulurii in Q. 
.-Exhifccjamaciiuationibus, abfque reduaio*- 
hculterioti, quaeiitur- tangens expofit* Con.; 
dl6idis. 

. Qiare,exceptis quantitatibus dttetminatis 
r&s, fupponantur reliquae , quarum magnitu* 
dQpro>ari&fuiadConch&idcm poiltione vaiia 
e&, fCt^refpeaivasiniiBite^jiias-ctefctte, QP- 

fia 
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Ca^I. Jmtyfii Infmnnim. "fa 

f«i y quidcm pet infimtcfinMin < ; y<(4 ftux 
jct»i Q,f (ai*per»i Q.»:feU/pc(,, SfOr 
feu£petf. 

Concipi»ntui(|uc ei fiiitta inVenfis xqaxiam. 
bustotcuiKE, qOMumapplicatacfm» *.,/.», 
AEfraipta: eiTe ad axem Conchoidis A f . iioM». 
quationum imbi repettimm multitHdo requirit, 
(quas tamen curvas ei inftituto orai&eiK , ut 
pateathanc quidem,ihcthoduni cufvaram ift«< 
tum dcfcriptionem pjp demonftratione fnl «gr 
nofcere, in ipS autci^ problematis folujione 
easabfoJutc necclTatias noneffc> acrcdiganna 
icquationcs ad infinitclimas : - 

eriteiI,r-a:-,aA+«, „^5,a-,. 
"IJ,' '^'-'-'-f*'^ »nde ,a.-« 

iam, locoB&.poneado ».». i» ui ft IV : 
fiet i!^' 3 i s^tJ! , q„„c « a «il'?'*''/? 

,>: ' ^ '' ■ 

=;73 . eftenimejc cBrv41-Q.t:,QD.^: :Da.«:. , 

Notetutbinccoialequi compcndiDfam Hlam^ 
conftrii^ijem il<:*rr*/o/jt.77. (?„„: infinm-.-: 
tam, «ft eairoConchdidim z> ^ormalcmtcfta 

i:,<,n..<iT.CoOJ^It.' 



■^ ' l4ndjfis InfimtQrnh. Cap.I; 
ObrcrVarimerctuf, ahicie inqiiiri opus ndti 
*fle j nuhi indctcrminat* pcr infinitefimas trcA 
cant, arfvcrodccrefcant, cum ipfa opcratio ei 
curvae naturS cognita, in rcHquis hocfuaptc 
/pontcpatcfaciat. Qoantum ctiam hic tangen-i 
fcs duccndi i-atio ufuni , & in caitulo algcbraico 
cotnpendiiim prxftct, imprimis circa niaximi 
iniDimique determinationem , aliaque diffici- 
liora mathefeos problcmata , rerum pcjitis fatis 
pctfpeafim tft. ' 

; 3i. Quaprbpter, iir calculuiii hunc , liccf 
prae aliis fatL« cxpedimni , adhuc qiiantum fieri 
potcft contrahamus, fequentcm fubjicimus ca- 
nonem in omnibus , quos hadcnus recenfuimus^ 
cafibusmilem'. Ubi monucro me, ut alibP, 
ita & hic , indetermfnitarum hoffline tales quan- 
titates dcnotace, quKprbvariSpofitioncmag- 
nitudinem variant, qualcs funt curvarumbm- 
nium flitcrc cptaa &: applicatsc , quin & ipfse curi- 
vac ad eas rclativae. 

I. Singuli (iis, qui mcris quantitatibus dctcr- 
, nimatisconftanr,rcjeai$)terffliniindetetmitlatas - 
quantitates continentes, per exppnentes po- 
tcftatis fingularum . indeterminatariim nuil- 
tipKeentnf , ■unamquaBnqhc fcilicct indetcr- 
minaiam fcorfim conftderaildo. Undc fin^" 
gun termini ajquationis curvc iecbnduth inj 
(dctctnunatarum , quas tomincnt , nuoticruni . 

iri 
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CAPi I. Jndyjis Infimtarum. 4^ 

itt ajquariqnc ad tai^ntcm tcpetcndi etnnt, 
quo fa^o iUi , qui unam indeterniinatam conti- 
ncnt, femcl j qui dua», bis j qui tres, ter concut- 
lenr ad xquationem tangentis inquifitioni fct- 
vientcm ciFotmandam , fic tetminus ff s.^ y 
propter tras indeterminatas , /»=1,^, tres «qua- 
tiobi ad tangctiterti tersninbs fuppeditabit, 
z ff z.* y ubi fbia /, 3 ff^^^y ubi roia «i , & 
ff s^ 'y ubi fola y cOnfidcratut , & fic in q^' 
tctis. 

1 1. Ubi indctcrminata gppliMtam denotatis 
coflfideramr , per omnes aliarum curvarum futi- 
ungcntcs , propriam fubtangcntcm omittcndo , 
iiiultiplicctur tcrminus; 

1 1 i. Ubt ■ihdcterminata cark/am figtiificatis 
confidetatur i unic^ pcr divifionon dempta , 
ciq: tangenti hujus cutvae fubftituta , & hic pec 
bmncs aliatum curvatura fubtangentcs i pro- . 
priam fubtangcntem omittendo , miiitiplicctut 
terminus. 

I V. Ubi intictermirfata axem fcu intercettahi 
refcrcns confiderawr,'umc4 demptd diviuonis 
t)pe per onines omnium curvatum iubtangentcs, 
nuUam fnbtangcntcm omiitcridoi multiplice- 
tur tcrminus. 

V. Circa fignotum notationcm obfcrvemr , 

tcrminOi omnes ortos his in cafibus iifdcm fignis 

infi^niendos cflc , quibus tcrmini , undc ctisi- 

D riem 
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to Jndyfts Infiaitorum, Cap. I. 

ncmduxcmm;, afftfftifuiitj modo abcSdcmi- 
qaationis parte pofiti maneant , & poteftatcs irf- 
determiiiatarum , qusc confidcranmr , fintaffir- 
mativx Teu figno + notatx } fccus contiaiium 
evcnict. 

(^o perafto habebitur xquatio , pro cujus- 
libet curvae xquationcm datam , feu pcr fc , feu 
per Ijneas fibi ptopcias ingredienus , tangcnti in- 
vcftigandi. 

Dcmonftrationem , ut ex praeccdentibus , ita 
cx fequcnti cxcmplo quilibet hauriet, 

' Scbaliuin. Licct enini hic inJetermiirataicontanuoper 
infiiiitefimas figno + afFeflas crercerc riipponantur, quod 
tamen iii mulcis occafionibus alifi modo conciiigit, ui- 
hilramen officiet; cum iciuationem hanc generalom ad 
imicam, ctijiis tangens quitiitir, curvam reftringendo, 
iigna in ordinem fittim tiot reditura, Nec in algcbri 
novnm eft, arquationem, aijus omnes tcrmtni Hgno -f 
afTLili funt , nihilo rqualem ftatuere , juxtaqiic eamj 
itcinormam,aliartim «(]uaf ionuni , qiiarum figha variaiKi. 
proprietaces invefHgare, ciijiis demonQi-ationem , cum 
tx lequcntiiius facis apparitura lii , hic pleniori difcur- 
lu, brevitati ftudeutcs non firmabimus. 

S6. SitFi^.XI. curvx JDEy jiCGy ANKy 
circa cundcm axcm .rfQdcfcripts , vpccnturquc 
c\xrv3.JD: c. Z>Qapplicata:^,itcmciitvajft7:(^. 
QC.appUcata:/. tum & C^: z.. & commu- 
nis omnium cutvarum intcrccpra J Q; x. ac dc* 
tur acquatio. 
ddy^x + C cf*z s r '■'rffz, ^j, 

, iQax- 



C A p. 1. jfnalyfis tnfimtorum, 5 i 

Qujcritur, pcr canOnem modo traditum , cat- 
va cx hifcc tribus pro arbitrio fclefta tangcns: 

Sit cum in fincm cnrvae A V E, tangens TD: Sy 
fubtai^^s T^f. dcinde curvae uiCGy tan- 
gcns JI C: A , fubiangens RQ:k. tandcm curvK 
ANK, fubtangens i Q: ». 

Emcrgct finguHs terminis )uxta indcrcrmina- 
tarum , quas con^rchcndunt i numcrum fepa- 
ratim traftatis 

d d/ rti t-\.i ddy xnk+id hf xnt loco ddyx, 
+ tef'ztktAri ccf z.tn^iesf'zkMlococcf'z., 
•vff'^* ykn-^iffz^ykt-^zffz/ytn locojf z.'^, 
adeoquc , rejc£t5 quantitatc ;*' platic cognit^ , 
«quatio 

diy^nkt-^lddy^xnk -k-zdhy^ xnt + eef* 
Xikt + 3 f cf ztn -t ic sfz k n sff x.^ ykn 
lffz?ykt^zffz.*ytn 
adqttamlibetCKfubungcntibusf , auti^, aut», 
dcterminabiUs. 

Quod fi hac cx methodo gcncrah S 3 2, & 3 j, 
expbfit;! jnquiratar : indctcrminat^ omncs per 
rcfpc£3tivas iJifHiirefimas crcfcere fupponantur, 
Iioc cft , in aqoaiiotic adiiifinitcfimas rcdigcndS, 
()uod hic rcquititur , iofO , x ,y, ^^f d^z., rc- 
fptilivcfufikiamurjf +^,^+-«, e-^-Uyf-i-eyd^i, 
p-¥». £cfietfublatis )uxu $.6&7. tollcndis 
fddf + i.yyddx* + zdy' xi +2f/'2.«+ 

D 2 ] 
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5 2 jitidlyfis Infimtiirum. Cap* I. 

XJndc drticulus hujus ccgulx primus demon- 
Hrationem fuam petir. 

Porro cum cx cljrvarum naturS fic 4 =; -' 



0^^-: 



t»3i'. hifce , 



iiihnltefimariTm iocum funogatis oricrurxqua- 
tio, ubi finguli tcrmini ((blisillis, inquibus r 
rcperitur cxceptis) per ejus curvx fubtangcn- 
tem divid crunt , ad quam aut cu)us applicatam 
iiifinitefima j-cfiirri debct : iftiquc , qnos infi- 
nitcnmx f Sc ft ingrcdiuntui* , pcr curvatum .■ 
hifcc infinitefiniis crcfcentium tangcntes , uni- 
ca curvarum potcftare diminuti , mulriplicatt 
apparebunt. 

Unde , xquationcm rcduccndo , ipfii opcra- 
tione pltcbit /cqucntium hajus canonis atticnlo* 
rum demonftratio. 

Quam obitcr tyronibus indigttafic, ne tx- 
diumpariam, hic fiiffcceriti cxeccitatis alio- 
quin fatis obviam. 

3 7. Sit Fig.Xt. pctftantjbds iifdcmj/a ^yy^ 
hoc eftjCurva^ Z> £C)U$ natucx , ut,duftisdua- 
. biiScurvis ACG & ANK adcundcmaxcm, 
fit perpctuo ceAanguliun JVj^C xquaicqua» 
dratoin X>^ opoccctuni^tustangentemdc- 
fignarc. QLiare, adhibiti J. 3 5 . tradid methodo , 
crit, rctcntis iifdcm fubtangcntium fymbolis,^ 
xqua- 

D,<,n.=dnvC00«^lc 
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xquatio gciicrali&ad taiigcntcm , fx^ t'+f^t i 
zizyykn^ &fadoj'-y :^/*i, a^ divifippc iq- 
ftituta ,»/ + ri=5ijt». 

Undc.ex datis duarum q 
fubtangentibus , fubtangci 

CoroU.l. Notcmthanc 
quitiones ad infinitas curv 
earumquc omnium tangei 
opcra dcfiniti, Vcrb; Gra 
lumfeu, f-^ xctitk=:f 
guli coniplcmcntum fei 
m =: —z, s jf — 3 r, adcoi 
yy zS z rx -~ xxiCUiUSct 

ixx-4.rf fl.„ irx-rx 

— ■ iCU UliuuKt. 

^ ix-xr T-ix • . . . ■ " ■ "^ . ■■ ■> 

CoroU. J I. Sit yy ad hypctbolam , lca yj., 
:Srx + — :fX. potcft fumi /ad triangulaiM ; &i 
fieri /"=3 Xi undc , uti mox , k^fzs x: Sz* 
rcmancbit z,^ f^^^T^ ^^ aUi^d triangulom,' 
un^c » :^ 1"^,;;: J + Ji" i adcoqqe hypcrbolx f«b- 
taiffie!is-r=3l?*+^^-^. 

° ^ + l v 

Cort»//. / / 7. Quin 6c hoc gcneraHtcr obtirict ; ' 
da^is rribus cucvis, quarum appHcar^e lint in con- 
tinuaproportioiic, mCitfy.-.y.i;.. crit utfijm- 
ma fubrangentium cxtremarum, »+ ^,ad alreru- ' 
trius fubrangcntcm k , ita fubiangcns reliqux, », 
ad fcmilTcm fubtanger tis mcdix i r. Co- 



54 \Analyfis Infinitoriim. Cap, I. 

Coroll. t V. Sit * ad circulum, & a jc 
=3 2 r *■ -xx^ itcm/ad hypcrbolam ajquiUt(;- 
ram&jf=! xrx-^xx^tAty* ^ ^trxx - ^''iC-oSwm 
cr*o tangcns cx ciccuH & hypcrboiac tangcntibus 
cq^iita cft ; ncquc novit hujus mcthodi cxtcnfio 
limirem. 

Coroll. V. HoctamcnintcrcKteranotctur} 
tym omncs tangentium mcthodi in dctcrminati 
alicuius cutv» natuta fubftitcrint , cjufquc 
paramctros detcrminatas dcpofcant , han<; 
folam parametrorum limitationcra non rcfpices 
rc, Vcrb.Grat. fitaSjf, crit/jf raj^^jqoae 
acquatiojfi/forct dctcrminata =3 r,c{fet ad pata- 
bolam j ipfa autcm / mancntc indetcrminata , 
erit ad curvam (ix infinitis parabolis forraatam , 
quirumquc paramctri funt curv£ pro arbitrio 
fumcndx fe mutuo fcquentcs appUcatx ; cujuf- 
qucxquatioad tangcntem, cum hocincafufit 
»13;^, petmqdoinvcnta, txvct x^^tk^xkx^ 
qu£ xquatip , ft ad parabolam ordinariam U- 
' mitart dcbeat , fiet £ =3 r , undc k cll inlinita ^ 
quarc, pcr Schol: Genet: Lemm- N.XII. rcjsifti 
tx , ctit /i=5 %k»^ & /=? 1* , uti opor- 

ntcquam ad alia tranfcam, hbc 

tn mancntibus su,fx -^-zxx =^fyy, 

I , prxtcr infinitas alius gcncris cur- 

t ad infinitas hyperbolas , feu cur- 

vam 

i. ,„■-.. ■■.■Goo«^lc 
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vam cx iis formatanv Quxrimc ipHus tangcns. 

Haec autem juxtaprsccdenremregulamqua:- 
iita dabit xquationcm 

z,ft n k-^s^fx n Hx.fx kt+zz.xtn k-^z x xkt 
B.^fyykn^fyynt. 

qux , pro varia ipfarum fSz z. ad varias cuFvas 
dctcrminationc , variarum , inio infinitarum 
cutvatum tangcntibus invenicndis fola infcrvire 
poteft. Quod pricedcntis paragraphicotoUa. 
ria fatis faciutit manifenum. 

39. Quo vcro modo gcncralJs haec aquatio 
furfum ad hypcrbolam vulgarem limitctur, 
oftendiflc opcrae fuerJt prctium ; cum hic nou 
iine cautcU ^ gcnccali ad particulace rcgtenus 
dctur. , 

Fiat ergo /=: 5 , & « =i r ; aut fl mavis , 
utraque, cumadomncslincaspolTIt', adparal- 
lclogrammi redanguli applicatam determine- 
cur } crunteoipfoA&ffinfinitx, (cumre£tan- 
guli fubtangens fit infinita , quod facilinegotio 
dcmonftrabilc & omnibus notum cft) dividatuc 
jam tota aequatio pcr infinitam k , cric x,ft n 
+ ^i|^+*/jf/ ^zx,xtn-^x.xxt a zfyyih. 

/-. 

Jamvcro, « Schol: Gencr; Lemm. N. XIV, 

ttrmini VJ^iJjJ^ per infinitam » siultipU-' 

D 4 tiri, 

I.,,,-.. .Goo«^lc 



5 6 ■ Andyfis Infinttorum. C a p: I . 

c^ti , ac rurrum per infinitam k AXyxd fiunt hoc 
ipfo detcrminabilcs ; undc , per ejufdem Schol. 
N. X 1 1 , cum omnihus caetcris terminis deter- 
mtnabilibus x,fxt^ z.xxt\ reje£ti' aequatio- 
I^Ctli hanc rcUquam fadunt: z.ftn+iz.xfr^ 
'^zfy:yrf^ aut rcpofitis pro /&* valoribus 
^Scr y ac rcduftl aquationc , qrt+zrxt 
=3 l^qyy- quacaEquatio cftad tangcntem hypcr- 
bola ApoUonianae, cujus a:quatio : qrx-^rxx. 

Ppflct & hacc rcgrcffio alio modofjeri, diyi- 
denflQ omnes tcrminos per utramquc infinitam 
k n. unde cx cjufdem Scholii Gcnctal: prxccpti^ 
idcm provcnirct, 

^oroli. Hinc mnKimi ac m/timi jam plutimis 
uGtat^ methQdus demonftrationcm fuam hau-. 
ritj tum & aitiorum quoquc graduum curva- 
rum in plano defcriptiones facilUmo forfan mo- 
do deducuntur ; <^ue, cum hujus non fint loci , 
uti & plucima alia l^inc origincra duccnria. la- 
tius hoc traAatu nqn profcqucmur. 

40. Hoeaddam, mcthodum huicconfequi, 
quS fixieicrminatiE cujufdam curvjc , Vcrb: Gr; 
Ciflbidis tangcns expetatur , poffit hac rationc 
zquatio cxhiberi, non modo Ciflbidis cx cir- 
culo aUi$vc cucvis infinitis oriundae , verum Sc ■ 
^diarum inGmul curvaruoji , ac fatis prima fron- 
tc a CilToidc diflcntiri apparcntium tangcntcs 

una 
i. ,„■-.. ■■.■Goo«^lc 
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i^na opeci deterixilnans. Sitcrgo, Fig.XIfZixc* 
va ji-N K Ciflbisexcirculo AD£ octumdu-! 
cens i ac vocatis radio r^A ^ x.D ^Jt^ii-f- 
ipfius«qiiatio;i;. n^ir^— jip^ fiatqueir— *■' 
^z,y cuixqualisftatuaturciuvx ACG applit 
cata C ^erit X ' =3 z,ff. acpc^taxadaliameur- 
vam , cujus a^Ucau ^_X ^ d, crjc dxifi 
rsajf, «ut iix^x.ff^ aut if'aj6/*pioli- 
bitu } unde tangentcm invcnicndo petfi^etiora^ 
& Ciilbidis & infinitarum |>rsteica cttnntrui^ 
tanTcntcs habcbuntur. 

iPotuilTct & ipfa CiffC^idis xquatio per aliam 
indeterminatam dividi , aut muittplicari , Verbi: 
Gr: pcr jc^ ac forct , x*^ zrxff—xxffi 
ijbi, fa^ts irx—xx^yy, Rctctxxz^fy. 
ac , ipfam x ad applicatam d lefcrcndo ,. 
dx=ify, aut dd=^fy unde idem confcqua( 
rcmr. 

Hcc autem milte modis vanari pofie jam fiif.,: 
(icicnter ptobatiam^uturao. 

SeheUtm. Cunflis fere M^thematicis baftetiu^ \^ mot:^ 
fliK [>ofiium curyarum propriecates zquirionibus cpm- 
prchcndertf{ iti iifque qtuniitRtesj quz paranKrmu"' no- 
mine veniie vulgo folenti in omnibus curTs punfii). 
ejuT^cm ac invanatz maguitudinit conliderare i uti 
& pra immutabitibus habere 'quarumlibct quantitatuat 
xquationemingredicntiinn,' poieiUtum nponenEcs ^ cs- 
teris, qnx indeienniiiata; suaiiitit , &quaauutem mu'^ 
tani,rcnduamrolummodQCenni^orumxquatienir9ue|»r- 
rem conftitucniibus i hasauiem curvas bujiitcapitisinN 
iiodircufiimus. 

"■f Gc^f 



58- [Attaljfa J^^orum. Gap.I. 

Alia vero curvarum genera prxcedenttbuf prositn^ 
paiagraphis expendimus, ubi iiimirum & ipfz paramc- 
iri iniletefminaiat , ac in fingiilib ciuvarum piin£ti5 ex 
loci t^wi ^uem pcruuere fupponuntur , lenc varir fuc- 
ruht i manendbHS inrerim poceflaiiim inaicibus deter- 
niinatis^ac conftantihus. Qiiarc & curvsrum ordo ad 
eu iOiprxfeiiT^um nof^ deduxilTc videtufi in^uibuspo* 
(eftatum indices io liiigi4is ctirvz puu^s tmmutantur. 

Quarum coiifideraciqVC pl^ne nova rion fit> trita fal- 

tem & linulris-oCvja ceiiipfi non debet. Ac cum hac in 

Mrcc GcotnetrtaacimpriiTiisprobljmatuni, alias fatis dif- 

ficiUum*, cofl&ntdio maximopere podit promoveri ; ex- 

<Jtie'curv j in Maihefi poiiflimura' ad res Phyficas appli- 

oSa JffecpteRtiffiine occurrerei quinimci enafci fua fponte 

plano delineationcs ufque adeo 

,n fueritpreciumhifcccurvarum 

cere , quas Sc ipfa nacura quaii- 

tur, quarumque proprieias ex- 

ir atiarum , prima inllaiiti^ ef- 

ameii curvarum Qicido receiiG- 

ripiioncs iri pTatio 1 . plurinum 



41. Sit,Tig.xriII. No. 3, tcStSLjiF dc~ 
ferfliuiata =r /,ciii in dataquplibct angttlo /ifG 
applicctur rc^a i^ (7 itidem dcterminata =^; ci 
conditionc , ut (aflumtis ipfius J F parte auc 
partibus quibusvis aliquotis Afif JB, &c. 
quinicop. , fi vifum fuerit , in ipfi A P pro- 
<IuA& , ipfius AF in dat4 quavis rationo mul- 
tiplicibus AD, AKySzc) fi ad fingulas afTurn- 
tarumextremitatesHaut S, aut 2>, aut JC& 
fimiles , fmgul* rcft^e HFr,BC,7>S,KM,Scc 
refpcaivcappliccntur, ipfi FG xquidifiantcs , 

hx 

i. ,„■-.. ■■.■Goo«^lc 
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bae lcgem quandam obfcFvent ac teUtioaem' 
conftantem & immutabUem , tum relpcQii ip.i 
fiib ^C7,'tiimreipe&aa£irat«,.quamabrgtQ<( 

duiit. 

Hoc autcm toties ficri fupponatur , doncc ip- 
Cx applicatx proxime HSy BC^ &c. noa nifi- 
infimtenmi psrte HB afemutuodiftentj uncte 
ipfa ANCGEM ^ fcu reaularain , -qu» 
applicatarum cxtFcma conneftuat , ittinQU- io;' 
curvam regularcm abibit. 

Quxrimr jam , ex cogniti applicatarunv 
ipcciali rclatione , ipfius cutva xquatio Geome» 
trica, featalts, qux inter hujus curvs applica- 
tam interccptamquc conftituta cft , ipfiulqu? 
ciHTvae tangcns, 

Sit, et^curva -rfGj^rationcmodocxpo^ 

fitigcncratai acfumtis ^H= i/» AB •ss.jfy 

AJ>=i*fy A K = a/, & fi£ fr\ nrhitrio fer< 
^end». fpecialis appUcataium intci:. fe relatia 

ntea,quxfcqiiimr, nimirum, HKzs. \g,^C 

e= fi^, Z>£=5 ,-; i;, JTJl^rj 4^,ac^iacxta<K 
ris. Unde partium ipAu» A F aliq^tacun^, 
ipfiufque mukiplicium exponcntes numeros vo- 
cando gcnccali applicatione ;& , bxc emcvg» 

CAttys cx ptiemiflihypothefi projiiicusj fciiicct^ 

fi 

i. ,„■-.. ■■.■Goo«^lc 



• 66 jfndyfts Infimtortfm. Cai>.I. 

6 A> aut AD airuma fattit a »/", etit 
ipraoKcfpiciaisapplicaia Sc aut DJ — «a^. 
cnquibusbocpaaociuvxzquatio Gcometrica 
innotefcit; fit; AD =!z./=!^, erit, z.Sj' 
tuBift ^Das«g'3^, erit z,z,si'lsf' , 
tf.^yiSxx. nndepatet cutvam .^C^effe 
patabolam, cujuslatusrcauma-^if- 

Subtangensautemhujusfeuf cft ex J 35- 
- «i»» & loco * &_)■ valores leponendo ^ -■ 

. ?'.V°'"»' "' '" f pranimc prjigrerro ; applicitjnuii 
«bfciffimimquc relviones nomms coiiiinuo aprimere 
iieccne hibeamns , in fequenlitns nnmerarum loco fo. 
, iam ;j adhibebimus, ipfaqne qnoslibet mm Batiinm ali-- 
quotarum, tummultiplicium Iplins JF citpSnenies nu- 
peroslijnlScabimus, tum & cnrvi, qu,f„ manibus 
eft, fubiangentsm /, uti fzpius, tlicemus ~- 

41. Sit ,< ftantc f. 41. Hypothcfi , j D 
a i/a X, icDEzs ^sy , crit z=s i ^^ 

* "J^fS^y undccurva AES^t& hypcrbo- 
l^, acfiibtangens /s -v^. 

43. Manent ibusiifdem, zcAb^ zf~ *• 
fit]>£a>=!/i,y^-i,4^^feu,^/^_^j.^. 

■Oyy; unde in nliima hacscquationcpofito y 

ioco*, erit«^-^*^g3^j,,acquatioadEllip.. 

CniSc&ao ^-/, adcirculum/.*-— .»;r*);ji 

fub- 



Cap.I. Autjfis Infinitarum. £i 

fiibtaagens ex pneccdenribus nota eft. 
43. Sit,pofitis/& jrpotcftatumdetetnunitisiii- 
dicibus,ac cxtetis utfupti,«?/:3 xSljiD^ic 
ii1g=iVB:=y,ea.i,ra'j, &s{.3^.t]iidcpofl: 
tcduaam acquationcm g'Jf '=/J^', locusad 
paiabolifotmeni qaamlibct. (^od ii ^ ligno nc- 

& 
gativoafficiatut, iiatque 2,1=57. cttt iquaao 

yf xt^gff^ ad hypccbolifotmem. 

+i. Sit !;/+ii»/+»'/=i*a -<? . a« 
z.g+sig+«.'ja;is2)r,etit»+2ii+»s'dj- 
3-, &gxafy adiineamieaim. 

4«. Sit »a/+i'/=! xa .,<D , ft t,1g 
SiDET^iy, emctget , ipf^ z. pct xqnationum 
compatationemcUQ, «quatioadx&jrj tujus 
ut & ptxcedentium omnium fubtaugentcs ex 
f.js. cognita: funt. Pbffcnt & hic pticeden- 
tium convcifi dcmonftraii. Sed, cum operae 
vii futotum/it pietium . his fupctfcdcbimus. 

47. SitpofthajcpcasmiOa.jaminft^.rm/. 
No. I , -4f =/ & Pff =r g, iteiB AN a r,voccturq j 

J 3:=fz, & ^D = j , unde fi intercepta fiat 

rf-i 
/c = i/, 2/,!/. &c. aut_S/!/,J/, &c. eiit applicata 
tcfEi;aiva.r -£,Sjl' &<:. aut/r5,/Crrx, «'/r'^. 

.....CSHiiglc 



'6ii ^dyfts Infimtwnnt. Cap*L 

quod potcftatum dcfignationem cx Lemm. 50. 
«cc. imcUigcnti , fatispatCt. 
XJtiaffitur jam cx datS hac propricratc hu- 
-ioscutvz 2J7>0 «quatio, quaproptcr Qat m. 

fij^ra zf^ X, crit /= ij tumfafto ^^=^, 

X 

t€ ipfb 7 in k*uaa ipfios pptcftatis a rcpolito 

iict gf Ei*/" ' y , quae dcbit^ reduita dabic 
* ■ *-/ / 

^ ^' y- 

Jamautem, titexhac sniuafione fubtangens 
in-vcniamr,-fit T^t, ^:yy^P ~DH:e, 
:H£.:^ytamA^: #, ponaturquc loco Je 
j.pfajf+/, aclocojiipfaj'+<, in oequationc in 
vcnta. 

ar+e . .x—f^e-f x—f+f f-i 
Erit £ c: >. y +ff y a ; 

.-t : ^ ^ W/. 

c|uedivnaperacpiationcmdatam g s:r y» 

«xhibebit g ss. r. +/r y , «; & faaorsi 
(pofito«loconumcriinfiniti) cumfit t:y:\t:d. 

«it ^ s » »1 , quae in locum ipforum f & a fubili- 

* * i 

tBtadabM, gmKrm ^f"h , ujidc «^iaijo 
' ■» id 

I.,,,-.. .Goo«^lc 



Cap.T. - Jaaljffij Infijtitontm, 6% 

ad tangentem determinata t m g m ~ t tm rm 
' b 

■ t i t 

tc {A.Qa> h =i t y aut e=inetit mgm—mrm 

t . . , 

~fr^y qux fubtangemcm T^ipfius curvi 

determinar. 

Coroll. I. Obfervctur hujus curvi Tubtangcn- 
tem t elTe in. omnibus curvae punAis ctufdcm 
magnimdinis , xquatio enim ipfius vajorcm mar 
hifellans, fola /, quae quasritiir, cxcepti cx 
quantitatibus , gt^tf immutabilibus , acfibt 
per totam curvx longitudincm conftantibus 
componitur. 

Coroll.II. Tum & hoc notarimetemr, irV' 

X ^-/ f 

ventam modo xquatiotiem g ^r y eflfe 
curvx Lc^atitiunicx proprian^ } ac bujas ope ex 
fadli invcoiri; cx dato quid<un inmcro logati^ 
,mum, &econvcrfo. 

Sienimfiat AN izM r=s ttnitati, JF Ccat. 
/=: looooo, itcm F G fcii ^= lo, cmcrgct, 

X X — 1 OOOOO I OOOPO 

lo = i ^ y' 

Et, ciimuriitajtisi,4d quamlibctcvcascpirti::* 
ftatem non mutetur valor, fcdnuneat cadem 
ac fibi pcrpcmo conftans unitas. adeoque 

X — lOOOOO 

fxt _t e: umtatif invcnta modo xquatio 



^4 Jnafyfis infinit&runK Cap. I. 

X ISOOOO 

cadcmctitcumhacio t= i^ , adfpc- 

Cialem illam pcrtincns LogaritIimicam,quae jam 
ob cgrcgium , qucra in Gcometria praftica prie- 
ftat, ufum inclaruit i quomodo ycro cxda- 
tohumcrO^ invcniaturipfiuslogarithmusA-, & 
ctwtrariiini , hinc faHs apparct , acubcriorcjus 
diliicidatio hujus nibn c& loci, cum hanc ae- 
quarioncm cx morc 'm algcbra uficato tradanti 
ultrofcrcoiFcrant. ' 

rctcntis iupei;ioribiis , in cidcni 

No. ijiquatiocurvae >*=3r*~/£/ 

mgcntctn dcfignafe , undcipfijrfuf- 

tum ipfi^ fubftimto jr + 4 , utipa- 

1. cmcrgctsequatio ad infinitcfimaS 

rcdafta jr+^Jf+f = r*"*'*"-'"^-^. fcu multiplica- 

tionc inftituta,^ ^-i-^+xji^ +«— ' * + ^^ " +*■ — j ^ 

s-^x+e— ^jgy^ deietifque cx j. 7 , dclcndis 

j'=+«+xj'''+'~' <=H ^'^^'^fgfi qui divifa 

pcr aquationein curv« cxhibct,^<+A-j»«— '^ 

=!r«., & loco -< repofito - ac aequationc in t^ 

duft4 , iy'^xy'e^ tr'. qu«fita aequatio 

ad tangentem; 

Pofllt autcm, ex Scholioi. .f. 3. pofita 1» 
tftfinita, loco * ipfa - furrogui, & habcbitiff 
alia xquationis fornia. 

4p. Guirf - 

i. ,„■-.. ■■.■Coo«^lc 
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49. Qi^oniam vero hx cutvx vulgaris non funt 
or^ihis, ac ciirca Logarithmicam, S. 47 , cx 
cjus dcfcriptione seqiiationem dcduxcrimus , 
■hic c: corivcrfo cx sequationc dat4 defcriptioncm 
crucmus. Sit Cfgo aquatio modo propofita 

* x—r f 

y :=i r g ,, undc cxiraftS radicc potcftatl s 

/ , cmcrget \, ^fdr/ g,Sc poricndo ? 
:3 z. ftu numcro , (cum potcftas linca; pcr can- 
dcm altcrius lincs potcftatcm divifa numerum 

X X 

gcnorct. cftcnim/:x:.* tinh/ts: /quartf,/ eft 

numcrus ) etit iquatio^ =S r " ^ , fcu , 
?— r I 

Hinc fi A 4^fen x =-/* fint =: i/j/; if, &c. 
etunt ^D refpcdtivc fcu^ =2 g , / rg, /C rr^ &:c. 
undccuivamhanc defcribendi modus innotefcit. • 
. " ^—y .' 
jo.Sit jam expofita corvie rclatiog =: r f 
ac qiusritur icda eam contingens , quare, 
scquatione ad infinitcfunas rcda^i, eft q "^' 

=sr / , qux divifapcrarquatroncm 

iurVae exhibct^ =:>■ " ,/ ; fic (iumfit « =;*; 

. /? te-ye ye 

hocrepofito intEquationecritg = r / ,& 
' *— ^ j. • 
ritraftd radicc pofcThitis f , fict^ z^r f . 

E Ciim 



66 ^nalyfts Infinitofum. Cap. t. 

Cum autem hujus cury« defc;riptio in mox 
pracgrcflarum morem difficulter fuccedat t alia^i 
incuudo viam eam defcribetnus , ac opc loga>' 
tithmiCae vulgaris; 

Sit crgo j fumendo ;* dcterminatam , » vcro 

X x — p p 

indctcrnainataitt, g Sr » ; qux «qua- 
tib cft ad iogarithmicanl PD,K otdiiuriam , 
utiex $.47. conftat, hacc, Wig.XFIII. N.z. 
paramctris A Py ^r, AC=.f6(.CK^g^ 
juxta cundcm $. 47, dcfcribatur, critquc ab- 
fcifla AB-=^x\, & B D qucelibet =3 ». 

Jam , cum cx mox affumta hypoth^ con- 

■ x~3 y- x-p p 

fcquaturctiamcflc / f -z^r »» ,. crii 

X—f. 

utrobjqucdividcndopcrr .juxtaLcmm.so. 
j y—p P ' ■■. 

• &c: f =:i r » , quae «quatio itidcm c(r, 
fcdadaliam Iog4rirhmicam /f Zjhic rurfum, 
juxta $.47 , paramctris H / = r , CHzsp^CL 
=/ dcfctipta /ccnfcatnr ad cundcm cum primi 
ixera OL , & fafti pcrpctuo G fs.BD~ », ■ 
critfempcr GHsy. 

Qux GH fcu^iiapplicctur dcnuorcfpe^i- 
vcad A S feu;*:, hoc cft fi (jtpcrpctao-^A6 
^GHy doneccnrva JV^o defrgnatafitjcric ■ 
hxc cadem>cum itli , -CHiius faog<:ntcm modo in- 
vcftigavimus. <^aod ut a poftcriori probpmus 
■- '■■/-■■-■- cft 
"■. ■ i..„,-..."-,Goo^li:' 



Cap. I. , jfnalyps Infinitoriitn, 6y 

X x-^p f X f — Jf f 

tft ^ r;^ H fcu, J^ f =: » • 

' .j y—p f ^ y—f 

mm/*s5r i* ^ hoccftdiviiioneperr 

j f—j T X f—x- 
SiM, f r =:»=3g r i quwac^Ua- 

J> — Jf , ■. . . X— J X 

tiodiviCipct r dabitquacGtamr /aj • 

Schol. Poffcnta: his pbra hujiTS generis ikemfh ad)!- 
H^ cDmrainttne , in (^uariiin xciuationibus ipfz tndcier-- 
ininatx inter poccftacutn mdices rcperiuntur > conteot- 
piatio ulteriiis extendi ; itifxquc curv» in loc* Sc ciaflcs 
fuas diftribui ; adeoque & illx exarhinari , in quibtis po- 
telUtum irdices 8f fuis rurruu aflefli fiat potefiatibuff* 
hique ruriTm aliij , Sccl. lum SC ev hujnt generis curvz, 
!iuartici cqilandnes tnuhiplici teiQiinoriim nuoi«ro con- 
ftant. ,. ■'.,■- 

Illasenim, quaruin intertJuoi tantum, terminos coiili- 
ftitz^uatto, termiuis ablbtuie cognitis hifcc non'anfiu- 
■ncmis, propofitionibusmodoprfgreins confldccavioiiisf 
adebqfie & primam earnin claflcrti difcu/RinuS. 

Reliquarum autem curvarum examinatiooem , inte- 
gni» fbrran traflatnm dcpbfcentem ^ Wd prtterinittc-' 
^w ; cum foU e3nim tangentes duccndi methodUs buc 
■miuin difcAe rpe^t,' qux, modo tradiiis riie perpeo'^ 
^s, fatis, nt fallimtif , elncidata comperieiuf. 

Approximatidnes enlm, qiiaruni auxtlio fubtangentiutn 
. qaaDtiias prfterpropier ia tetminis ufiiatise^duberi po* 
fi&i tdc- n'?i| icaftatnus. 

jir W i^tgixik daaecurvi" JSCD & 

\MFGS (ut^^liuaanTcainasMuidats, ut, 

mip[in€to0^to]iQiit\3lTC&zoBSi d;irvas fe-' 

lcans ia JVdcF, Uncx OB dc Ol' rclationeni 

E » - - "- quain* 



, ^8 Andyjii Infimtormi. Cap; I. 

■quandam affignatam ad fc mutuo habcant; &,at 
O clc/ajji rj&i OK igfi 0-F notmaii , ducatur BS 
t ^lgcns^cacvam ASC in Bj quaeritur in OK puhc- 
'tunv^jsbi f K;-ta»gens ciirvam EVG in,F tc&a^ 
KO fccat. Sumta in curvi A^C infinitenmS BC, 
-du^cpS4)0CC erir^ju^ta L«nm. 40,F <7,fnac cuf- 
V3E !nfiniifcfima;Jhinc duftis centro o accubus Bz 
•^lXcrun? (inm lemm. 3 8 & 3 9 > Ci , BL , & 
4;/,n,ia^nitcnmx ifctriangulavtS^OB^.BLC, 
-itemK.oF ■StF/Gfimilia. Fiantccgo i OB:^, 
OF. i^-0 J:r , 0K:>, infinitefimae BL:^, 
'CL:a, ''B.,2:j_,.IG:p. Unde OC^^ + d ScOG: 
£ 4^i0t (^arepofitis quatuor infimtdimis totidcm 
bpuS^iritacquationibns, quarumprima (pcf: 39 
1.cm.')"t:y::e:a, undc^=Ji^; fccunda^i; *:: 

■' - - ..' i» ' y 

r. 0. ■ Lhidc i ti "^i tcetia ex fcftorum fcu 
tf iangutoruni O B L &' O Fl analogiA ortuffl du- 

ox^a3Ai[y.~y.t\i^z^$. uode «'=1 ?-.^^ , quarc y ; 

=s.f =S, "^, ac tattdctrt ^j ^ ""Bjqu* tces iquafio- 
ncs iii cunaisiiuius n^turi pcoblcmatis obtincnt, 
quactam.fuggct:it ipfa curvarum afiignata rclatiop 
<,z. SiteaVetb:Gr:utOBflrad OFpccf*-' 
tuo ut r ad j i ccit adeo r: s::y:z., fcu sv^rx>, & 
:• rzi-... X-,-, .?•;.-. :'■.■.;.,.'';.//,;„. 
a}J dnfioitcfittzai; ixzs.ro; nndc'#=s T^^*^^^.', 

. ., .' .. -.^ .''..- 'K ■. ... .... 

Cf,pra:ce4c^ti5und5i - ,y qija , nasfiji. qaod 
Ha^Ojoftjat hoc caVu i' ^ 4 ^ .^ forcparaUclas. 

53. Sit 



Cap. I^ Analyjts infimtonm. . (5^ 

■ 53. Sitiamrcaanguhim O B in OFfcmpec. 
«qualc quaidrato dcfiniro rr-, crit , z,j~ rr-j Si. zi 
+ &a +j'(j+iTo" rr,feujuxra: 5. 5 & 6, o=a~;i^ ' 

^*^-? ■■ . . " — '■?. "'. -- r- -' 

si^^jy^cxS. 51« undcit — "j qtiod fignum 
oftcndit K i contrarU ipfius S partc ftarBcur- 
dum, uriabundenotom'. 

' 54. .Qa6d f[ dctur-BF fcmpcrdcterminatst. 
re^xVac^ualis, crlt jc— j' — r, adcoquc*;=-« ' 

Ti?";"ttndcjt Si ", ; & hinc onviigciunim ; 
Conchoidum , prout jBDvcl rccta , vcl cutva:) 
quelibet'3^uinta fiierit , tangenrcs profluunr: 

S%. "^31 z.z.^yy^rr, crix i.o ^ aj/ ,.&:. 

-ty ^t:^-^ f.", ... ...-■-. 

ffS2 Ir hj~y ,&'^ y-&ficiiacartcrisporcftai;if 
busififuctirz.?— ^/'=ir/'criti^/'+t-/ji;+i',Quo- 
modo autcm, ubi plnra data fint puncta , tangen- 
tGs ducendae vcniant , hinc kvi opcra dcduchur. 
,56.; :(\.diangcntes.curvarum provchimiir,cum 
curvac ad alias curvas varife modis rcfcruntur. 

ita relat3E,ut-drictaquScunque rccti C^fJV^ad po— 
fitionc dafara pacaUcla,curvasq, ut Vides,fc4ynti, 
fit fcmpcr C £ adtC iV, ut/» ad ^r > dataque B C-aut 
AC fubtangehie attcrutiius,quieritur alt^rijListan»'' 
gcns. Affunita C^^ curvx 1.0) portipne i^f^itC'.- 
iimi;/(i,dpctatiueDOipfiCJVparal^ela,jungantur, 
NR , £V , .ipfi CD-fcu ijr atqualcs&: SQqoidiftames^:; 
fiantquc cfN:z.,CE:y, Il:a,RO:o, BC:f, jiC:k, erit 



yo Malyfis Infimtoritm. Cap.I, 

Jam SC:EC::EI:FI. hoc eft tiy.:u:ii. 

Itcm jiCrCN:: NR:RQ. (eu. t: z, : : ut o. 

ko ' tr ' kya 

qqare » =: "^ 3 7 » crgo t~1(=: n. Scd cx rclatio- 
nc, p:f.-y:xii fit qy^^px-t &(juxtamctho- 
dntif infinuatam $.6 fc 7*) ^d^spty undc 

\ ^ a ^yo ■ ■ ■. 

4= "^=3*%, Sctpi&^kqyi midc/=3jfr, quia 
pz,zi.qy. qnarc pivifta S Sc A hoc in ?afii 
^incidunt. 

57. Sint curvae tCl>IC Sc G EFfi 'mtc- 
latx > ut rci):a£ C ad c:urvani £> C pcrpetuo da- 
tam pbtineat rationcn^ , ut^ad^. qu£rituc£(7- 
fcn tangcnitis curvac (?£i?//dctcrminattjx. 'Ea.. 
fiis oriinibus , i^t in praeccdemi , fit\pccutva: 

at 
e, czitLD: e+tt, Sc t: y::tt: s , ccgo «=s7 * 
fcd- ^ii rclttionc p: f.:jie. tindc fy~pc\ & 

, ga .ta . 

f4=p'u.f quare «?: ^=3"^, &hincg;=:^e=^^ 
crgof,=if. fcuBCKqualiscurvae.iC. 

}S. Si v^o, ut unico calculo plurcs cafus 

compcchcn^antur , rclatio.data fit> .q :-y -e , 

i f * k. -. 

ccil; / f sy y ,&proj', ac CvJJofitisy+i?, 
• 4 r-i ■ 

ac f-v «, cancrgct jum 1 5 ^ *■ ?^ f « 

■ I ." ■God^^li: ■ 



Cat. T, Anahfis Infimtf^um. 7 1 

a kq y , tf , & applicati xquatione ad ^ « , 

k I ' < 

dt sp e ytti^si^ jf c < ; qoae fiianc indc di- 

^ t t l^ \eit »t 

vidatur pcr p e z^^ y ,fict ry' s "- 7 ^ 

kc ^ 

~ =s t. 

Qiiod ficurva LCD K 11^ circulum dctct- 
mincttir, erit G.EFH cx innumeris Cyeloidi- 
bm una? cujus adcoquc tangcns, & omnium 
cufvarum fimilcm Ortum habcntium hic oftendi-v 
mr. 

55. Quin & mcthodi huJLisclucidandiegra- 
tia , Cydoidis ^ i ^ tangentcm Fig. XV L. 
cx aliS ad fcmicirculum liypothefi invcnigabi- 
mus, quod.primo in quibufcnnquc hujalcemo- 
di<;ucvisuniverfaHtet aggrcdicmur , fint A^G 
9c ALO curvx ad eundem axcm ita rclats , ut 
du£tiZ££axinormalt, habeat L£ curvisi^ 
tcrccpt* ad curvam JB rationcm fempcrcati- 
dem, ut^ad^. 

Sit LEiXft BE:y. andcSL:Xi—y, KE: ty 
JE:.kf KS Sc^lL rcfpe^ivas curvas tanganl^ 
fitque ^i^ tarigcnti KB norm^lis, EF:1. tum 
*i^:r. &curva.*5;f; 

. InfinitcfimjE EJi:RP:LNie^Cf:a,BC:a, 
MN\t» ,■■,.■. 

irit primo f:^ ::'/:/», unde <= 7i tum 



ya jfndyps Inflmtomm. Cap. I. 

h\ js:: c. i , quatc. * =s 1'^ tcttio r:^:: u:e,Sc hinc 

"7 " ijatn vero cx <;nrvarum.rclatione;>:j::c-^;(!, 
^ca^ z, — i[y =^pei «Sf quoque juxta fipiusin- 
finuata qi — qszipui 'quapcoptCt: fi ioco , (,<■"» 
fufficiantur modo inventi valorcs , prdinari ac- 
quationcfictj/a/— j/'^^=3/'r)&/j factoquc 

■ ■ ?J'^ 

y-^-tl, {qmf.yy.y.i) Ctkh^ pt^gl- 

60. Qiiod fi curva A L O fit Cyclois primaria, 
& ^ B Chuic rcfpondcns fcmicirculus^crit/f^a ^^ 
6i.hr-\rhl ■=:)!&. 

61. Quomodo autcm gcncraUori rnodqpof-, 
fint inquiri fjmiitium curvarum tangentcs , pofita 

rclationc^ lef :'.z.^y :c cx prseccdcntibus 
quivBcolUgct. 

62. SitF^.JtT//. curva>tfCZ>,rcct:Bque.<4^ 
IV^pofitionc dat« i itcmatiacurva JYD aS- 
pcioccm.ira relaca.ut ductisduabus rectis E M&d 
O^ &£Bad j^y^ paraUclis', fcnnpcr habcacin^' ■ 
t£rcopta ^M ad curvam J^ ratiencm datam, uc 
^d ^ ; linc3E FEIC & cBH tangaht curvas, dtca- 
tutquc BH: h,KM:t, AM: jf, iW£:^,curva ^B:?, 
infinitcfimae BR: NL: j, CR: FG: <i, MP: EGv,- 
BC; »5 erji FP:/+ *", AP: j? + «jcurva AC: fe + «; 
jim dari tangente H B: A , quaerimr K M: r, qu» 
tangcntcm cucv^ A" F D dctcrminat j cft igituc 

■ j * ' ' , ■ Jj; ' 

/ijfi.-r.-^undc*"*! ifccundoA^ji.^ic-jjfcu ;^, = .« 



Cap.T. Andjfls Infinitomm, • 75^ 

je be 

~ '^ ,5c hinc » =J rifcdrelaticFCurvJB jK^::.Adf, 

qe h e '■ f^ 

fcu,gf j(r=/f,qaatcctiam V ^ « =^ T"','- uhdc/ ^*^. ■, 
63. Quod G punra. ^^CD fit qoidcans pircii- 
H, auiusiradiusrt^^iphcriai^jftatuacarque». 

r b 

tio^adfcadcm,qU3eradiij estti-"^.- - ; ^ r 
' 64. Ncc opus hic adiiccrc cotnprehdifivaWi 
magis cclationis hypotbcfiniqua: fi Ttti o^id^^^jir^.- 

ixh *■ ■■ 

ctitt- 'i^ i. ■ unde/ublad c pcr aeqiutionrojd;^ 
tam ipr/ r pcr lincM rcftas cxprinictur. • - . 
6s.' SvatFig.XlV. Aoji curva: ^^CD Sc^EFGf^, 
. itarclatx, ut a punAo quopiam proicdaquavis- 
' rcfti OBF , fcraper O B ad cbrvam EF ratloncnii l 
hahcat conftantcm , uc / ad j i tk^ht $fi-& KP 
curvas refpcctivas , Gtq: KOnorhialisOB^ducav 
tur OG, ut vidcs^ac voccojrOB:*,K/^:/, O.F:^, 
KO^AjSO.-f.curyaEf :P5 infiiiitfcfimit veto-f (?:«; 
F/:t>y BLiifCI^ia , quapritur SOfcu t • pcimq (p« : 
.'*. . '■ ' - - 
l,cmm.^t Sc 3 ^j) t:z,::e-j^& f - ^ i fccundo;©!?.-, 

- ^o la' /' '- 

paraUcla5.f/^BX,;£:r:>:c,undef-''^^ ^ i^''i>" 

lja_hii- . tfyit_ ' ■■- 

- ^;^-"}- i'quia/'Ai; «:« adcoque Air^ "« ;iarri' 
vctoexrdatione^:g^.':&:f * qu* propttrtioad-in-' ' 

■- •■■ . ' , . ^a 'ttia ' ■.' ■ - 

fitUtcfimasrcdactadat)»-7~A?^ » ^^^ '/AJ' ■ 
fi ;3' hz;?. , fcu (quia jiz^ fe,)t~y,. 



24- Andyfis Infimumm. Cap. I. 

-««. Erfeai&ppofitioJKgcneraUori,/ ;«:; 

f. ■■ t , frithic redaftiad ihfinitefimils , jz» 
^kcdt qu# comparita , cuni xquationc pmnir 
bu! hifcc cnrvis communi,(vidc pragrciT.) ffy 1 

^0X£«,dabit/a ,^/" j undcnicdiantc xqua.f 
tiDncrclationcniexpnmcntc c potefitoUi, &»' 
, pccre£tasexprimi^ 

67. Qnodfi£/ffadcirculumdctctmincmr, 
fCit./^ B CD cx SpiraUbus quxdam , ipfaquc if 
cx naturj circuU infinita, adcoquc/ai; ut& 
obcandcmrationcm^s rradio; quarchocca- 

■ kfK - 

"AUarumSpiraUum tasgentes, cumpoShxc 
, nihildifficultatishabcant.tranfilio. 

68. Quia autcin occurrunt quandoquc cur--' 
v?r , qui tum ad dcccrminatum aliquodpun- 
ftuni rfimul & ad lineam vdat axem rcferurimri 
unde fuppofitx infinitcfimx quodammodo intri- 
cari vidcnmr , prxmitratn his in cafibits gcncralo 
Jcmmaticum. 

Sint in figurjs .ippofitis J-ZJ-.N". i .& jr/xN". 2 , 
c^xnAHR, mcdiantibusrcSisB^&BH, ad 
punaum B i & opc parAUclarum ^ Z) & H i ad 
jxcmBZJrclatxj fit B £ ipfi B ,4 normaUs , & 
4At nngat cijrvam i voceuturque /<B.», '&D:x, 
MO: 

D .=dn,C00«^lc 



'slr^mtorm, 75 

i:t, AD:j,AE:s, in- 
l<,H/:i>;ylKinfig.N>. J,: 

N'. 2,- AK:t, KHve. 
equuntur , aquationes , 

Un4c duaCHm quanimlitXit infinitefinumm 
ratioinapertoeftj hoceft: J',i:f::z:t,II'.4: 
•h ''■.'■ 

, i:: XflX * quofa^Os fi crit**:K:»:^. IIP.*:r.i ' 

z.'T^,quo faao = / t erit t:c::x,:l. ihi. 
e:i::t:p. f',e:o::t:l. yi .i:o::k:y::p:l. 

Quo vcro^ & / inveniantur , daAi£C7. pi-r 
raUelSDB, eiiFig.XIX.t^o. 2,)prodaadD4-, 
inC, critSC=/&e.^ = <. , :- 

Qiiin & proptcr triangnlorum D ^. B & J" £ B 
' 'J 

pmilitudincm, c&t,:ji::t:~^ E f i cuifiadda- 

\ ■ *j ■ 

fur C? F: ar , erirp £ fca/ - "< + a: , #? ob eandcm 
ratiotiem crit GA {?ig. XIX. N". l , ,> fca / i ji 

tx' ' ■ ■ ■ ■ . tx ■ .' . . 

— "^, &(inR^.jr/XNo. 2,) /=",•->" 

«!>. SitFig. Jrjr,carvaJCB.4v «treaa/i», 
in qa4 defignamm punftum;^. re^a iV -4 fit po- . 
fitionedataj itcmaiiat;urvaIHff Fitaadprio- ' 
rejiirfl^ta, ut,. apunfto if duftj quilibctre- 
fX^UGHy aodeindecxpunaoSlinci Giipfi 
fr^fparjOleU, habcjtintcrccftal^ ad^urvan^ 

I.,,,. Goo^Il' 



7^ Andyjls Inprtitorum: CapIT. 

IBrationcmfcmpgceandem, ut/^jj {itiJ\( ; 

ipfii?5norniaUs,' ieac^uacBL&ClWEcfpec-r . 

tivss ciirvas tingaqt i qujerimr ^W: ? j "^ata fint 

LB:/, tN;&,*GN;'i,BN.7VlR:A?,'RN: /. curva 

IB:c, GR: i,PS: »,tum infinitcTunSjBC :«,BD:o, 

Hj?: #, EG; f, HK: *, crit;^: e:;y. #,item/:A:: m p, 

: — 'Z-^^Jt- '. ; . ■-•'^^ ■ ■ -.- ■ 
nnde*»" ^- / j&hinc«- A^ , 

Jamex.ciuvaFuQ) reUuooe jp:^::x.'!f , nndc ~ 
'^-fi-* b;i,q\mc~^-ii iamvctoWxtapraE--. 

cedentcm?:»::/^; "^ + /,^^^6*= t^ " 56-;, 

1 ■"■- ■ ' V?*^^ - .' ■ ■ 

« tandcm r ^ ffy'-^ ^h l: .'■ 

, 70. Si jam IBAN fit quad'ir4ns.circuli,& ratib 
^ ad j fit ratio radii r , ad pcriphcris qiudrantcm 
ijCrit IHG F Quadratcix vetcrum,ac^ &^ & r ac- 
qualia , itcm 5' =3 ii &/ ^/ ob infinitam punfti 

t di^antiam, ■unjJc^-^—di. & fiqmratiirU-' 
- -■- ^' -■■ ;^<?^^ - ■ -■ ■-..■■. 

nca PN invcnictur T -n ^. - 

: ■ -l ' . ^ ' ■ 
.71. Si reiatio data faerit^ ■.^wx :r. tan- 

^m cx anterioribus cluccfcct. . ■ '' 

' icfto/; Et hiic<^iiiilemurc(utfea '(iotiflimum'qii^nif>vcij- 
lilati fuii j-qofi raSa!nquiret^mriii.datopuiifldct)fvdfti^^ 
d^tam laDgcof. UDd£Ve^*-6r: F^g.X.y^ex data ciayi-v 
AX)^ propriciate, ipfifque A jj^, JJD, l^euft&j ^3(15 (da-,; 
taenimpuniftoD, & Iizc data ftintj invemrentt^flarium "' 
iiliti' tf»4iigiJi rcaiiinci T2£> projrieutem, auc raiio- 



& applicata cjufdem tnaiigiili, Cum amcm multis qui- 
dmi motjis.h^c qiiKttio polJiF vaijar; ■ pctique, ut, dato 
ibtiiangDld TDQ. punaoD* inv^niatiif curfa ADEj 'j*- 
ramrefum T£ indatp punftoconjingcns: undetumtur- 
va: parameier , item Afi fcu » , poft Reher^cm curv» nam- 
ramcoguitam invcniganda farcnt.Qtiiu fc pUiritnis modis 
divcrfa» circaredtascuc^^ciuc fcmutno tangcntes, qiiifi 
podent, procommdiycTfitate, qux-tanquamdatafiippo- 
nunitlr. . HvcverolJcsi cxfadU,;^Krced(Ultibu3perccfv 
xis, confequantur, iaty/onugig^atia^ tinutn^i>l^I^^ 
exemplum addcmus, * ' 

yi.Sit-Fig.X , rcftitT'!) ininfiriltutnvctfus 
E protcnf 
ta, iii e^ 
cutvam \ 
fignarc. ] 
K,-aliti 
tciatiguU : 
pcrpetuo 

tincE. 

Jam qitastatur parabola y* Z) £ ipfamtcftarar 
TD ili . pimctDj jD, nangens »■ ■ cujiis , aquati6 
rx^yyy facco .rf^ar j dabit hecc ad in&iai* 

,. :';;:r-c--:i 1^-: ;•■■■'■;!> i^-"'L^^'^' 
tcumajt,^c4aCta.-rf— .z-f^;; untie 4 ~ i^ ~: >, 
lindc o^" jp & ^ item / & . j , in. ftciangulo, 
dati Gm2iriaj^uti'cQini pjQpJcietas&punctjuri 

•-^^^ . .Vj ,., . -y :- . ■■"=■■■■■" '■■j>. 

D,<,n.=dnvC00gle 



^8 ■jfnMyfts infimUHtiHi -Cip. I. 

T>\ datdfh oft^ invenietur ^•aicameterparabol^ 

^' U . . ' n 

rs f =, ArCicmturlpariibbli, Urtitexar, 

= i. quareexcognita^^fcu* &laterercad 
parabolx ea poterit dclcribi. 
. 75- Fxpetatur jam ^D idrculus , cuius i- 
-qnatio irx.-:- nx^yj , quse reaam rainD 
iontingat; ca rcdnaa ad- ' infihitcDmas crit: 

w — xt ge 

„■}■ =<=s 7 i^decircnlifdnidiamiictcs; 
^y-^px yj ^-xx 

itioiic circuJi j cx ■ qui- 

ixantitafibui cognitis da- 

adiaam /i tangcns iri ' 
«quatio , rxxA-rhx 
usrccto = r, ttansver-' 
infitiftcrinwj redactSy 

:xxq[uatidnc Itianguli , 

undecs tbmx "xx+Sjcxquibusr&^rin- 
notefcent. Cufflautem adipfamiidctetminan- 
dam zquitio Bcn fuppetat, ea mahebithociiS 

c^unonomninolimitata. , = 

Unde, Uectli3rpetbola^D.Finpunctofuii) 
nni^am , tartutn admittat tangchtem rcctaih\ 
iccmtatiotectadata TE iripunctoCuiBinnu- 
hicfas habct hypeibohs tangentts, prooi h«; 

,-, .JBt 



Cap.T. Jndyfis Infimtoruni; f^ 

autillacx tpfisx-jTj&j' ('quaramnon nifidu« 
pcc xqUationcs inventas definici poSaatJ atbi- 
tcarii cemanfccit, 

PofTet jam eadem bxc qnzilio rnrrut mutaU facia 
propdni, ac ex dati tutn curvl > tumtriaitguliproprietaTe 
pun^om conra^Bs inutui invciiif(ari i quv tamen > in 
& alia huc rpc£lanua , cum prioribus iatelleflis nuIUiii 
fcrfi difficuhatem (unico cafu cxccpto, ubi caneris datis 
curvK aatura quxntur) faabeant, hic prKCermittiinus. 

Cum aucedi non iiuer rcdlas tantum ftcuivoss veniai 
& inter duas curvas> aut pliircs, conta^s mutnuspoQit 
cclebraii , licct hoc problema per commuiiem «c omnes 
cnrvas eockm fui punfto tangenceni refitm exij;uo fatis 
labore cfficiaturi rem/orfan tyroniboff utilekn prxHitiiTe 
victcbOr , li qun paCto ex traditie inethndi gepcrdi \tgc 
efiedum dari pQfflit, paucis deotonflravero j «cteris (pt-i 
culaiionibus, qux hinc orifinem ducere pofliint >^iii lo^ 
Ciun commoJioEGm i«leguii.| 

7^. SitctpiFig.XXI. No. i, ciura j*©£ 
data^ &: inci pun^um P. Opoctet ci duQCKQ 
curvam rX) £ tangcntcm. . ■ 

Rxfumantur fymbola 6rdinaria 4 fiatc^ 
-^ ^x/^D.-yj infinitcfimx , D H^ ^E:ei 
EH:a,DE:»y fubtangcnsr^/. quaproptcr^ 
fi curva cxpofita AD ECit cireulus , cujus xqa^- 
tio irx — XX ^yjf\ ac dcbcait duci cx parabo-" 
lis quxdam TD £ , citeulum parce fui cohvexi 
tai^cnsj iittpnusxquatio/^/=i,^«. ctitrcdac* 

t& utrique ad infinitcfimai y "" ^"^ ^T» 
& squfttiQad tv)gcntemd^cniuiiatait;vjtx-;2.2/; 

qu« 

. ■ - . ■ D,<„i;.<iT,Coogle 



quK cum alia- 9cquai;k)Be r /<^ k,y . conibinata , 

■ .. , ■ - . '..' ■, ■ . " ■ ■ - ' ^v 

dirtJit poffi debitam rcductioncm > . t "r— x & ha^ 

■ ' 1 (j ' ' 
cognifa latus, rcctum parabolac * " ^:c. 

76. Qjiod ficxpctamr; paraholapattc /ai ?om 
cavScirculuaitangcnsv Pig. X X / ^ _Vi ;■■ 2, & 
-fejusiquatio^^^!^^; quxcumjeqilationccir- 
culi. rcdacta jnd infinitcfimas crit / 2 r 0—2x0 
«*r> Mn^tUtustcctamk-ssii—xx cjufquc 
,'■■"' - ' . ,7> . 

intcr,ecpta r^^fcu fiibtangcris quaefita f = i r— ix 

77i M^nte^2>£ circulb , &.fuppoM 
TD F ■cjf-&y^(rtboiiS aliquJ ,, fit hujus «quatio, 
it /,+ *. A'^:a_ i» j-^ j cmcf get ex utriufque cur vi 
«quatione ad infinitcfimas rcdacta , r^ — xi 
=3^4} tum zkte^khe-^ zhyi; undc .zhf 
"^** ^ ^ ^ '"^ '^ ^jquae Kqiiario cum byp(^bo- 
teiquatione 'dcbite traetata dabit, tuiji/fub- 
tangcnrem , feu hvperboli inrcrccptamV tunri 
fr^ift k akeriim cxhypcrbolaEktcribus, altcto 
rtiairientc ihdetcrminato. Un^c patctcircul,um 
innumeris hyperbolis uno in lotfo taiigi poflc. 
Sfcdhacfufficiant. 

.Schol. Plurts quideTii.inpr*c«lennbiis ihfiilirefiiatis ad- 
h|buimiis i fed ifl fingiJis cMvis , noh.nifieas, qnx 
■^ L-^ ''^°-^' "'^"guIiimDEH^CQnnituuntiCUin 
autcm,hifce nor, coerceaiur hiec methodus , fcd & ali» 
?cp]urcsmcalcii]iimdedu,iqueaht, qu» eandcm coni 
toodo recpnCus eDCTamfpcaaati lUmiriigi MOca pr«er' 
_..-,., Wii- 

D,<,n.=dn..Coo«^li: 



t^AP. I. lAndyfis Infimtorm. 8 1 

ungenteiD TD infiiperrc^fi^, curvam ^E tangenti 
in £, luth TC ipflSE perpendicuiari , erititntalemiiia- 
taprciniflatriangulum BTC pariter ex infinvrefimis cotn- 

. poiitum % ^uHi & Tig. XXU. dufUs DR^tc BS, tangen- 
tibiis TP ac ^E norinaljbusi enchisinterceptauispor- 
Uo HS, aliarque quaifa pluriniz Ha, aE, tcc. «i Jntini- 
lelicnaniDi generei ouarutncodfidcratloncbi, cumuugcn- 
num doClnnam multum promoveai , quin 8c curvarum 
inixtilincorum^ue menruras immabe quantum idaiigeai , 
hisannefleremeihodiqiie htijus univarlalitatemi adhaja- 
remloft^e, quamprimafrontepromiccerevid^iur, exten- 
fiDQemdemonftraneforran non inrnifluorum fiieriti inli- 
mu\qucnonubiqLieobviuni iheoreihattim fontcm hoc riTO 
fcanjrientemoltendiflei modd, quodhocinlabjTinthofi- 
liuneAAriadnes, inicnnfiniiefinias^ ac qnancicatesrejc- 
ftaneasexJe»ibuslemm.io.&c. cxaaedifiinguatdr. 

7i. SintJ/^.XXII. utfuptAjT^fjJ ^x, 
^7>-yi InfinitcfunacD//:r,H£:*,0£:«, D^ 
t.ingcnti V T normalis ; BE fit ea linw , qnac 
fcangat cutvatti m Ei pun^ ipfl V proxin^o , Sc 
huic pefpendicularis E S. ciiint j juxta Icmhj. 
18, BT:i. xamRS:o, paritcr infinitcfimi. 

Detur jam curva OML c-jus naturx , ut, duSis 
p M,EL,Sic. ipfT-<0 paraileiis, fitconrinuo 

^JM acqualis T^ ScGL xqualis B P j crit, fafl^ 
JTiWipfiiff/aequali&^qurdiftanti, lincolaJTjC, 
feu diircrcntia iinearurti GL 6z tM «qualis 
B T+ ^P fcu ^+ 7 , 5c ^ Jr =J d. Sit infupcr alii 
curtra ZKTilliiK proprictatis j iitcjusapplicata 
j^Ji: ipfanrf j^ fca /,& /^'iptam J» J fcu / - ^-f ,1 
obnftantcr ad^qtieti cntKU parallcla QP.^j 
ft JVffcmpcT acqualis Jt.? — QP feu ^ <> — * , tan- 
gat autcm .^^curvam O M X.,fitquc lT.h. quae- 
rltilt QC;>, tangcntcm curvse .^.KT dcterminans. 
F Hinc ■ 



Si \Anatyfis Infinit&fUni. .Cxp.t» 

Huic fcopo tot quaErcndas cffc aequationcs» 
quotaflUmtie fucciat infinitcfim* , cx antccio- 
ribus manifcfttim cft. Harum /'. ;y * P3 <r. . 
//'. lg:^dy. Quarum ratio jam f^pius inii- 
■rtuata. ///>. SP: PE :: P E: PS, feu^ 
# + * + «: y-^d-.-.y^a: l^o — e, undc rcjcais 
jutta $.>6 & 7 , rcjicicndis li^le-^to — t^ 
^ixy } & quia/*=3rf^, rcftar/(+/o-/r 
=3«^. xr< C^^K-.-.NK:: NF. fcu *:/:: 
e:o — e, undc io-^fSj/fc T'. T I: I Mv. 
M X: X l. h: t:: a: e ^ i .utidc at z^ ir e+ h i^ y t 
cx primi , cfgo cx tcrtii & quarti , crit 

*a t =5-1: t undc,-fa£to/<=3-rfi', 

orietuc* i^i't^p}tx quinti j quarc t^iMleDi 

79. Notetuf, ut habcatuT ratio infiriitcfi* 
matom ^^&Brfemr&J, cx pcaeccdcnti effc 
h:y—h::e: ii tuinctiam k:k — t::e:i. Itcmfi 
ratio ^Pad RS fcu e iio. cxpctatur, caui 
hoC analogifmo cxpcimi, k: Je-ki::. e:oi joxti 
IV, -sEqufltioncm pr*ccdcntis, ■ 

80. lifdcmpofitisiamioco/, appUcctut ci- 
dcm/ad^, fcu r^in ^a:, ScPS in PFt 
donccpcf punda K", V, &c. dcfcribipoflitcurva 
ZS:y. qusrimr QC fcu i , quae tangcnrcra c*^ 
patcfacir, Cum i\i QjC:t, & iT:/^ + f + i» 

crit 



i^ri? 4jffc.centi^ XiV.e-tii ideoquc cQi.QJt;:., 

kit:'iir. Jt-.rrir.t + i ^- undc *^=*^^i. fc^ 
in corva OMZ cft /r iMv.MX-.Xl^ fcu 

ktr.ne^ii quarc "i^ «^^ ^j i ; & haic:^ 

' * '. ' ' "^" t^ ' " ■ '■ ' ^ i' 

^A ,&ir=3"/,, — 7 « ac tandera i s ^ * ^ 

91. Hinc facilc patcc, fi, rclatlone curva: 
£ ^ O pro lubiiu afi4mt4 , tnvcniatur ^ juxta. 
canoncs prsegccfros Unca 7"/ fcu j&; ac curva 
^^^ejusnamrsft^tuatur, m Q.K' quilibct, 
pcrperao iquctuc ipii tM fcu^; forcfcmpcc' 

■ ^ » ■ , .. 
Q,Cfeai=7. 

8 2. Notcturliujus ope mcihodum J. 3 s,pro- 
poHtam ampliati', ac ctiam Fig.XXJli. N'.i. 
ad curvas P Vi applicatanl E f pco axe habcntci 
QKtendi j cum toco citato omnes ad eundem 
axcm A Qdefccipti eire fuerint fuppofit*. Sir, 
vcrb: gr-Q_A:z.i HLifiDQijn acmutuacur- 
V3f/dxnrilztiofz=ijiyiCTitfi&A^Z=^Hl =/, 
vocatifquc fubtangentibus QT: »,Q^^; /•, H /: Ui 
juxta r. J7j fttjfiki^2k»i fcdeipciceden- 

h t ' _ ' ■ 

ti i ?3 7 j ^^^ ^nlcrget aqoatio pro fubtaji* 
gentibtishecin cafu detcruainandis nty^ttir 
^ zht». 

8 3, SitJ^i^. XXiil ^'-^. cutva ADE curu 
fupcriocicadcm, eademquc fymbobi r fitli- 
j i ■ * nea 

i. ,„■-.. ■■.■Goo«^lc 



84 jindyfis tnpiittiruiti. ' Ca^. I. 

nca<ict«minata j fi3tquc^:/::i:^;;r:ai, quaEii 
appiicetuc inHS y 2.dE H:a, idque perpctiin>^ 
doncc pec omnium applicatarum cxtremitaKs 
defctibi qucat curva R SS. Qusritur HK: dy un- 
dc dufta KS curvam RS s contingat. . eft MS: *, 
fitque M X: 1 ;crit /'. HK:H S:: MS:MR. d: z.:: 
d: iy &hinc</*=3xrf =Jrf , cxhjrpothcfi. 

//'". PofitScurv^ /Z.?cjnfmodi,ut//Zfit 
conftanter aequalis ipfi 07" fcu f j duft^que; 
/■/:. cam tangenti fit F}i:h, crit, jmta$. 7«, 
;F H: H L:: cL:OI.(ca h: /:: *: f .f i,unde he^hi 

III'". RcdaaJ aequatione datd ad infinitcfi- 
mas, crit PE:PS::r:ER, k\iy + d:t.^e + i:i 
r:z.-i-t; undc rcmotis pcr f . 6 & 7 » rcjcftaneis .. 
2;(<+^*=:rf+r/i&quia£i« =5rf ,cft^<^r/; 

undc I =j 7 ^ "^ adcoqa« e:^ y ^ T^ > 

ac ultimo quxfita d =^ y~h- 

84.R.epctitis oranibus, fit t:y:: e: di: r:/; apRf * 
cetur continuo /ad e, fcu Q^a ad QJ», ut hac ra- 
tionc conftituatur curva Z X ; cujus duccnda fit 
tangcns IVZ. fit Q/F: i, infinitcfima ^2; ■*, crit 
Q?r:Qz::r-f;^^.' h:f::e:\ undc/^a^*. 
■ 11; . .Sit curva.4AtaUsnatiir«, ut Q^^a per- 
pctuo ipfi ^Tfcu t acqualis fit ; & QT:» , unde- 
dufta TA curvam yfA tangit; crit Q^T: Q_^a:: 
A W: JVA, fctl»:/::f:^+». crgo te=i ae^ttii- 
- ' ' & 

I..,,,-... ■,Goo«^lc 



Cap, I. Jtnaljifis Infinitonm. 85 

^ rcdafto analogifmo dato ad infiniicfimas fict , 
SP:P Ei.r.PX. itM r + * + i;^+i(.:r/— *j 
qaaEe/tf+/# — rJ* 3 (*<;&, quia-r« =i/#. , fic 

// =3/*. undcAS "t ""Ijid^oquc f =7-S (-b^ 

^ <g 
dcniqoe ^=d f— « • 

* j .Sint /■i^. XXULN \ 1 , curvx AT>E , IXf , 
cum prxctiiciitibus cadcm , cadcmquc fymbo- 
la; curvavero XJJ, habcat app^catamH-y 
tai^gcnti D TfcQ s pcrpctuo aqualcm. qnaciitvit 
H K tangcntcm K S dcfinicns. 

Quoniam D£ » w , & infinitcfima» 
critdudaDOipfi ££, quxcurvamin E tan- 
git, normali, £ 0?3£Z^::;1«. Iuxtakmm.42; 
acdufta C 7; parallcla Z) O , hoc cft ad candera 
SE pcrpcndiciilari, crit £ C=3£r~i+« *•* 
iemm. 36} fit porroCB:* infinitefimaex lcni 
1 8 , erit jB£=ij+» + A — £Jii quare ob pa- 
EiUclas & «qualcs £H, MS^ fictji^ f'-'" 
RE- HJ = »+a: tandcm HKvccccuCf. 

E& HK.- HS:: MS:MR fcuf:f:;tf;«+A,tiUi- 

yc A E5 ~c ^j jamvcro^obanguloscrs 
& rc£ cx lemm. 33. reflios & ^equalcs, 
erunt iriangula SCT & TC^I» fimilui qua- 
xcTDrTQ^-.BT-CS. fcu s:t::i-^ > undc 

A yi '7- s» ;■ . f ^ -■»- ic hinc /c ."". =:J « .=J 7 
'.B'3 (nam 

i. ,„■-.. ■■.■Goo«^Il' 



85 jfmlyftsinfinitorsm. Ckv.X, 

(nam rx>, s.DC^f.-.VZ , u:E^,x) qttarc 

•x=3 Jsj—ssc =; , (quonianrrQ;':^^^^:^ 
i> Bie: EH, 4j er^o TiJ^tczSe^ 7"*- (iuxi. 
ta |. 79) un*^c f =3 ffy+TTprTTJ , Sii faftd 

ss — tf=iyy, cftf =3 »/+>6 =3 H ^. E)ccm? 
pla ndn addo particuhrcs cafus concemcnria. 

«6. - Cum -vcro omnia haec In ^ucvis vcr* 
fus axcm coiicavis oftcnfa finf, caquc, qu* 
verfus axem corivcxic fiint.f i^. XXUI.i^^.i. ali- 
quid in infinitcAmarum pofitionc a p£iotibus.dt# 
ycrfum obrineant , h rt f&tiah eritp^^iejratii 
^oblema hoc in cafu folvcrc, und^cstcra inn04 
tcfccnt . Pofitls ergo otntiibus , utin pTccedetf» 
ti, qux tutn lineanim , tum infinttcfimaruiili 
paritcr ac curvarum JDE, ILP, RSS na* 
f uram ac rclationem mutuam fpcftant : notetac 
hoc in cafu, (7/cflc — ^ ~«, cum cnim fic 
■rQ_.=s:HZ,=:/, acsr=3i, itcmQ/:?, erit 
Af ^t •^e — ^^EI, unde G I^e i. 
~- Sccundo, qaiaDT— //'f =s J, ScCt^ ^\ 
■Zrjfis i) ff =3 tfjCrit C £ =3 ff £ =3 £ A =a i + fi-Ai 
quare '^ if =: « — A', hocincafa. 
; t^ ergo ///: fcu f Tdcterminctureft /1 ^.^'^.T.f .-^ 

..^^,S: ~M R,u—x? Qnari '^"T^^^ \:A 7 ' ofa 
' "■ ■■ ■■ ' - , i^ti- 



C AP. I. \Analyfis Infimtarum. 87 

angulum EBC tcaum , tum in triangulis 
PEH^ TD(^iimi.\ihase&..s:yy.u:d undc 

• ^ " . J ' _ 

u^ , 7 » itcm./;^::?:,i.undc<=! "7 . 

Jam in curva/ ^ P eft i^ //: /^ X:: C /.: G/, fcu 
h:t::4:f- iy andche — h i= t a=^jie i cxqui- 
bus tandcm arquationibus , clilis infinitcfimis, 

orictnr, utfqpra, c^ »/+;X" 

- ScM. Atqae hac qnidcm occafioiie infpecnlaocien» 
quaniUm drca curvanim flnas & cummras infpcraib di-> 
l^imnr i queiumavcteribus, tumcihmirccentiohKus 
JViarhematicis inter primarias licci habita, nunquamn-* 
men, qoantum init^i conftat , hoc fonte dcrivaw, hac 
ialcemrationetra£l^afuit: qualsvifatisnegorio, tevaar 

};isforiandireAc, quam.cxradiaim lequalitwe, excujtis» 
ibctcurvxxquatione cogiiita dignofcitur curvi fpecialis 
jildbles, ipfiuf<i»e verfiisaxem auc quamlibct expolitam re-i 
£^ai concav.tas aut conveiiiasi lum & putiaumi lide* 
tur, flexils contrarii. 

87, ^ Fig.XXm. N\ i&2.curva^I>£j 

Jntct cx iis, qux Icmm. Z3,&c. dcmonftraia 
unt , omncs curvas cx tangcntium TDy S E por- 
tionibus infinitcfimis 2> £ , £ ^ componi , quac 
angulc«in£ cfformaht, iindc clarunlfatiscft, 
fi modo difti i tangentibus cffotmati anguii 
DE9' «^onca^Tjm fuum vcrfus axem AQ_con- 
vettant , curvam verfus A Q^fbrc ■concayam j 
Fig.XXlU. N<*. 1. fi vcro apicem fuum axi 
A (^^obvfttant tcQcnfiti anguli , wti Tig. XXII I . 
F 4 N '. 

i:,<,n..<iT.CoOJ^It.' 



8 8 Analyfis Infinitarum . C a p . I, 

N^. % , curvamm vcrfus candem A QJotc coa- 
vexam ; adeoquc & hos angiUos curvaturarum 
foias normas cxiftcre, 

Quo poGto , figuras obitct infpicicoti appa-. 
ict , fi ic^a Ti> E fupponatur tangc^^c cur- 
vam aut ci c^incidcrc in rcftula infinitefim4 D £, 
proximam huic infinitcfiniam E ^ verfus axcm 
in B prolongatam , ^b eodcm abfcindcrc infin^- 
tcfimam B T j hac quidem diffcrcntia in utri- 
quecnrv^, ut, I". Vocatijfubtangcntiprimd 
75C^:/,mm jgJf:*» & ST:i. fi curva AVB, 
fig. XXIII, N M , fit vcrfus A ^ concava , 
fit fubtangcns fecnndft ^P=i*-+< + *; aflr Fig. 
XXIII. N'. 2, ubi curva vcifus ^Q cftcon- 
vcx«, SP^t-^e — i. Wo Tiim & tangcnti 
TD vocat4 5 , ac D £ zd £! » , itcvi B C: » , pa-^ 
tet_ in curv4 vcrfus axcm concayi , /'i^.-XXlII. 
N". I ,tangcntcm fccundam B E fore rf j + « + J j 
in altcro vcro cafu , ubi cutva verfus fppm ppn- 
vcxa cxiftir , B .£ " j + » — s-. 

Ex quibus duobus ctiteriis manifeilus cpn- 
fcqmtur charafter curvfttum quarumlibct cur- 
vaturam , rcfpedu axis , quem rcfpiciiint ^ 
dignofccndi , modo perfpeftum babca.mu's, 
rum fubtangcns fccunda B P pcr f + ^ + / 
numvcropcr/+ e—im cxpofita cucva iitdc- 
' notanda. 

«8. Quod 

D,<,n.=dnvC0(l<^lc 



Cap. I. jMyfis Infimhrm, S^ 

88. Qaod ut in curv4 qoaJUbet gcomctrtci 
indagemus , InGmulquc convcxicatis aut concar 
vitatis curvarumnotastiiagnoAicasadquantitar 
tcs poHtivas , cum f . prxccd: twn nifi^pct infini- 
.tdimas. cxplicats fuctinc , rcfcramus : conci- 
piatuc in utr4que figutii npva dcfcripta cfle cur- 
va P/Z, hujus naturae , ut .gl ipfiBf , tum 
Hi ipfi T ^y fingul*quc porro c^rv^ fUl 
appiicatsE rcfpcftivis curvx JDE fubtangentl-i. 
l}us ifigic^r adsquentur j dudique re£ta i^ L / 
ipfamfn L tangcnti vopctuc fubtangcnsJ^H: 
fsi ac cum ex natuci cucvx fit H L: =: ^ , po^ 
fiti infiniccfima ff L =3 E H =3 * , ■ crit in^nitc- 
furn gi in j'^.3tXIlI. N'>. ; , = ^ + i , in 
J/g.XXin. ^o.}. =!< — *; cft enim in utrar 
quc ipfa c i Jijbtangentium S P Sc T^ Uif- . 
fcrcmia, uti patct 

]am autcm cum fit pecpemo F H:HL:: G L; 
G I. feu vo?arJdo G 1 gcnccali appcllationc 
=T " » (qu« mm per ^ + i , mm pcr r — i prp rc- 
rum cxigcntia poterit cxplicaci) h:t::a:o. crit 
t^^ho i fcd cft ta^ye cx curva ApEi 
(cum fit r^; j^D::DH:£H. fcu t:y::e:A.) 
ccgQ tandem in utroquc c^fu pcrpetim invenicr 
tur, yt^ho. 



? i fp.Qiia- 
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^ Andyfis Jfiflniiornm^ Cap, I^ 

19. Qiiaprdpter, ut ^A cem propios acce« 
d^us, cum in i^*^. XXIII. N^. 1« ubicurva. 
4I>S verfos axcm A Q_ concava eft , fit G J 
fcuffs^f, critjF* = A* = j&*+-6i, &«quatio- 
ne in analogirmum rcfolutd y — h: hr. $:e. undc" 
paterhocincafu^cflcminoremipfaji. - 

Sivcro, uti%.jrjrlll. N*'. 2, cutvA JDE 
vecfils A Q^convexa cft , ccit Gl fcu. a^ e — i^- 
zdtcx^ucye^ik^^hf — h-i, feu hi = be-fe, 
& atquatiouc ad proportionem redadi h—^r.h:: 
ii'e. Unde patct rurfum hoc*incafucont'ranuni 
CVtfhirc, acj&eftcmajoremip(^^. 

90. Unaerandem, vocaracurvlPXl c«r* 
V4 /ithtdngentiali cx proprietate fupcrius memo- 
rafi , hic cmergit in curvis quibusUbct curvatur - 
rariim ehara^ter. ^u 

Si ad curviE cuj ufvis ADE ordinatam E P ap- 
plicetur curva fubtangcntialis PLl, Hujufque 
fttbtangens f H fcu h fuerit rainor curv* cxpoff* 
taCappUcatSji etit cucva ADE vccfus axcn^ 
faiim A Qconcava. 

Si vcro fucrit fubtangens h majot ipfiy , con- 
trat ium obtinebit , ac curva 4D E vcrfus axcm 
iuum A Q^erit convexa. 

91 . Quod fi i^/^.XXIII.N". I , T (^ScSF non 
in H i &: £ I. ad ordinatam E f fcu^ , fcd in Qa 
& P A ad interccptam A Qfeu x appUcenturjCrit 
hoc in caf^ 4 a ^ ^urva fubtangentialis, in qui 

• '. • Q, 

i. ,„■-.. ■■.■GoQi^li: 



Cap.I,' Ahdyjis Infinkdrm,- ^f 

futfangcns hujus « *, «rit>: ^:: « «.fiCf-tf =^ kT^ 
''tJndefifit^.=Sf+*, ac Cbrva ^US verfitt- 
axcm Toncava, crit f/ =3 if+i^faf tt-^ke 
=5 !■ ( , ■ qiiarc jt itjinor ipfa ft 

Quodfitf=:f i, cft r^raittf— i'*; ar *i-: 
^ki~te\ adcoqueim.ijor ipfa/'. 
Et fcqucns oritur curvarum flcxjir* diagnofti* " 
cum in cafu , quo curva fiibtaiigenrialis .rfA^ 
ad curvsc intctccpiam A ^applicata eft-, 

Si fucrit fubtangcns k minor ipfa ciiry* cxpd- 
fita: fubtangcnti t , crit curva ADE vcrfqj axcnv 
fuum concava. * 

Si vcro k fuerit najor ip0 1 ,' orit cucva jili& 
T%rfus axcm ftjum cpnvcxa. NB. Pbmifict & 
hoccx $. SoAcst clici, cumibidcmon^etuc 
Cffc *:/::*:/. : 

Coroli /. Patct; cx duabas prxcedcntibus , C\ 
fubtangens / cutvs At>E , cujus flexus quxritui, . 
cifpliceturpcrinterccpram A j^fcu x. coiiuno^ 
tfiflimc adhibcri ptxccdcntem j fi vero pcr appli- - 
cata^ f dcfigDctur fubtangens r , inquifition; 
curvatur* potius infcrvirc $; po. 

C<froU. li. ■ Quo vcro mctliodiiuijus ufus pec . 
cxcmjila patcaj; ^ fit cprv»^ ■ ^a^m intccccpt^ *, [ 
applicata y , fubtangcns t . cjufquo xqoatfo 
2rie^jfV«>y ^ Cih^ttt. C]Kiatc^tm:'c|Bs' 
cttrtafturareidBfiiiitclcepttm:^^:- - ;.: : i 
:' £rit 

D,<,n.=dnvC00J^lL' 



^ > ./^aljfis 'Infit^rum. C a p .1 . 

' Erit cx i. 3 j, xquatio ad tangcntcm yy 
^ r/— ;tf.r, qiiatcduftaad AT fiet zrx~xx. 
zpirf — 3et i . fcd per j- dcfignata fict rrtt 
—yytt^y*. quar^nipritna/"^^. XX11I,N\ i, 
eftxquatiofubtangcnuatis leu curvx Aht,, a4 
ajccm A ^y fcqundacritaquatiofubtangcntiat 
lis feu curva^ Rl^l ad applicatam EP pofl-t 
xz. ^ 

■ Rcfumcndo crgo primam ir x~ Xfe=:irt 



- ^xt eritcx 5.17, r^ fcu * =: zT — ^xXiX 
qux inquiratur num fit major aut minor quam / ^ "^ 

• ' ^ ' — '*'' 

juxta prxccdentem, quarcfifit k feu ir— "5^+* 

, major aut minor ipfa / j fequetur tandem (cas 
quantitates .inftar aequalium traaando , hoo- 
enim ficri poflc cuivis notumeft) forcctiamni- 
hjlumma)usautminusipfo rrj ac ciunconftct 
nihilum cffe minus i^fo r r , ncc nunquam ei ff- 
quaripoffc; ctiam confequitut k ipfa r fcmpcr 
minorcm e0Ci ad?oque juxta $91, curvam ADE 
fprc vcrfus axem fuum concavam. . 

Cerell. JII. Idcm fequenti modo colligi po- 
teft ex aquationc fubtangentiali ad y redufta , . 
quac eft rrtt—yytt '^y^ i poftta ninlirum' * 
ad)r incurva P^Ll af^licafi, cu)uftfubtangens.> 

h^i zfA-ttj- i quxinquiratnc.nunviitmajor. 
«lut minor quaiQ.;t,..juxt4 Sa sP > .inycnKtuc ' 

ipfa 
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CAt>.t, jfnalyfis InfimtarurH. . .j^ 
ipfa. j& minoripfljr ; adcoque pcr J. 90 , cuf- 
va cxpofita etit vctfus axetn A ^ ccticava. 

Cefoll. IV. Sit ciirva , cujus xqqacio , ry 
tiixx crit «quatio curva fubtangcntialis ad y 
appofitx r^ =3 4 / / , cujus curvae fubtangens % 
invcnietur major ipfijr , adcpquc curva expofi- 
ta vcrfus axcm crit convcxa . ex ^. 90- 

Idem circa kSict comperietur , fi fubtangcn- 
tialis curva ad x fucrit applicita. 

92. Ec hxc quidem circa toncavitatis aui; 
convexitatis Curvaruth dignotiohein , quando 
h aut k rpQiy aut t minor aut maior exiftit j ubt 
autem ea emergit quantitatum , h Scy, tunl 
k Sct intet fe reUtio , ut non tantum fe invicem 
utrinquecxccderc, vcrum & fibi mumo zqua- 
ripolfint} fequerar in cafu hoc xqualitati»cuc-. 
vam ncc convexam nec concavam clTc (fecus 
cnimuna alccram excedetet iqj.ta; i^soS^jtiJ. 
adcoque Sc hac rationc pundum flcxionis^ con- 
trariae in qualibcc cutva determinari ; eo enim' 
loco curva verfos axcmhcc convexa ncc conca* 
va eft. . 

Sit in cxempluih Fig. XIII. 'No, 2", Conchoii 
Nicomcdispolo>:,norni4 FG dcfcripia, Vo- 
catdquc FK:S, tum >i?=3LZ>:r , ^F.x; 
^D-.yt itemT^ fubcangcnti: /,ericacquatlo 
proprietatcm ipfius exprimens xxyy^rrxx. 
+ zsrrx~x*-^3.sx^-^ssJex: 

Undc 
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f^ jMljifiriafimtiiruiii. GAJ>.tt 

Uii4ejo«tiicgulas f. t/kii, mi^as^ii 
bfczqvadmacv/xcliCif-, cmc^gct f|jb»i*. 
gctitis ^'.^yatoEcm nuDifcftansseqaatio , pol^ 
dcbium fa i^-n,i depcclfioncm, ca, i]u^ 
ftijttitur: 

.- '"^ '.'*:..%:.. i 

rr»x^-ifrx — x "^sX^ — srrt-tx, 
quae, ^ofitl pctpctim T^fcu / in^C, fub- 
iangentidlis curv* ACG natuhm pcoJct. Cij- 
jus rucfu;iifubtangcns ^J^ feu' k ex regutismCH' 
JQcitatisiiicrationCdeterininabitnt, 
.■>,... ■ • ■ j . ■ 

' - — irrt ^x t ■■ 

■r^ '■ ■ : .- ,■ ■ ■ ■ ■ ■ — ti 

^uiipfius i. tulor, fi fupponaraiOiajotautQu^ 
aot aut geqnalis ipG /. coUigcntt cttam cITe 

. ' .■ -i 
— a jrr+ 5 jf, — arrjf + j jjf a: 

—•^ — j " . ■' ' ' ^ ■ effc?na)orem, 

qiKWOn, «MrrqMjemipfi «, lioccftinvcnto 

, + 3- 

. ^ . , rrjf*+ jrrjf — Jf — f x ,. . . 
ipfmSTalotj,— T — — f,j,^ ^). . ., : . , 

qvij^us denpo quantitatibuS ex t^qtiationufi?. tcge 

coinjjar^tis , acpctv+^ (^vitts, eipergct fore 

iiiir ffiaiorem , tjiinorciv i -«qt ^qualcm, 

3 * 

ipfis iixlt^x i;<juaojl\nia,-cumprovarSi 

iplius 

I.,,,-. ,Goo«^lc 



Cap. 1. jinaljijis infinitirim. ^5 

ipHus X detemuiutionc Hot poOibibay a{>frti 
conrcquitui : .^ 

, ■ I. Sii j>rritnunor ipfjs j/jfjf+jf , forii 
i minorcm t j adcoque curvam vcrfus axcm 4 M 
coricavami 

1 1. Si contrarium evcniat , fotc convexaip, 
. III. Si Hbi mutiio x^ucatur , fcp fi fit ^ 

^ srr^ i sx x-^x , curvam in hac Jpfius «r 
niagnuudiilc focc; jm€ concavam rcc co^ciiapi ; 
vcrum hac squatione ipfum curvacflcxus^conj 
trariipuu^m dcfiniri. 

ScM. Placuii hoc pDtius Conch&idit exemplo prv z\\if 
uti i ctim incer problemau illnAHa a prxAanulIimi* hu- 
jus xvi Mathsinaticis numercturi cum & canonBmfiipe- 
flus traditornm in jnquirenJis fubtangenttbns przceptk 
fequit oc, quod auie circa li^Dorum iiOtaiipneminfiHuat 
vimus> apertiuspatcat. Ipfam .entm t conziafi,o jKgwwq, 
ValorecxpreflamcfTs, cum a coiitFamsipfius jt pairibns 
refpeftua(yplicac)e Qp invenifoir, nenfo non ^iidct, aa 
nihtJofeciusiigna, excanonnm l£g(bus^oriunJa> -Tefvao^ 
ad aiguationcni legittini iignorunf <iualitatc a^c^am dev«- 
nin. ' . . - v_' 

PofrcntSrinmoJum^.^^&^Sitarcinlinitis euFvjslimuI 
8ifemclun3oper&'apphcari>acUcetrubt«igens i pcrquasi 
libet alianini curvaruin appUcatas ddiMarctuEJdcai cmpi i 
undeipfam e ad expofica; ctirv» abfciffamoirdinatamve V 
«ut y, quoi hifce cxemplis pcrpciurt f«6iu(»AMt, jfrlma 
rcferrc neccCarium non crit ; verumhxc, cum fatislev;.* 
tcrexaiuedibliseruantur, cdmwcpdti gt^atui> grivato cu- 
jasltbctfttidiocommitcimus. ' ■ • - 

■ ■ • - '■■;■_ ■'■ Uy 
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^6 Jfnafyjis Injjmtoruni. fcAp.f. 

' '9 j. Ncfcio an opcr* futucum fit ptctium fpc- 
Ibulationem quandam , quam pei: otium ultetius 
ncrficcrcijiihi animus facrat , hic adjungcrecir- 
>ca meihodum i.nngintiitm inyerfam ; qua fadsfir 
jiuic problcmati : Z)<«o valore linea cujuslihei 
fuhU0gefitis{Jeu,Vig.XXil.ipJiusT(^interM}>' 
flicaum D ^tAngentem^ue p T intercepts) in 
termims /tquitionis freximis, ihvenire turvx huie 
valeri (onvenientis dquationem. ^ 

' Qnos auteni tcrmirlos xquatlonis fromimis 
appcltem', cxemplb pptiUs manifcftabitpr : fit 
Rg.XXII.TC^/,AQ:;r,Q.D.^,TD:i,car* 
va AD: & , cujus aquatio^ ' -^fyy ^ ^ ' + r jcjc, 
crit juxta J. 17 aut^j, fubtangens TQ^fcu 

^=; ^xxJrL^x^ hos tcrtninos fubtangentis va- 
lorenl espritnentes pi^oxtMos dico , fitjuidem cx 
aequationc curv* prpxintic dimandnttsj fivcrd 
hicfubtangentisvalorper applicationcm aequa- 
tionis curvdc immutctur , Exenip: Grat: poncn-* 
do 3jf'*=i $x' -^ irxii — ifyy adcoquc 

iH ■ixx.i-xrx i hos voco terminos remo- 
tos. IdciTl in cxteris cafibus judiciumfict. 

]am verb nt fubtangentis valorc dato , du- 
bium circa hanc tcrmiiiorum diftinflionem bbb- 
riarar, fequens cxfurgitcx fupcrioribustcrmi- 
norivn/roxHMflrflrwdiagnofis j patctquc 

1. Sub* 
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Cap.I. Analyjtt InfinitorUm, <^y 

T. SD&tahgenwn / fempanniiueffedilBcn. 
fiOniSi, acpcf fnftioncm tXprimi, 

^ II. 7raaionishujusnumeratoremAiilk)SKr- 
minosingredi, in quibus a^plicata v , auttan* 
gens i (quac tansens unitam dimci^onem nun* 

quaxiitranfaendis) non rtfpcriatot. 

n L Si termini xquationis fiierit fmfUeti ,; 
BuUam intcEceptam M in ntmletatorti , nullam 
i saity ncque x. in dcnominatore c<»irpid> 

XV. Si mijttos Continucric xquatio cncvc. 
iziA X quam i , itein ^ Sc i rcpeciri pof* 
ft in Qtraque fraaionis partc j hac timen Ic* 
ge , nt , fractionc denuo ad xquacionem rc* 
ductS , qustf mhito ponatilr Aquai», ac om' 
nibus / in «, ac / in £ mUcatis, riutlusrtf- 
p^riarar Kcminus mixtu^ , qul jujcta indeter- 
minatamra fuarum , quas continct , niimcrunt 
rrpetltus nOn appareat ; numeris prafixlt 
irrigtilanim indetermlnatarum poteftatum ex' 
poujCntes , •ipforamvc rationcs , pctpetuo c^t* 
primcfitibus. 

•"^^--Uodefetpiitttr tertnirtoruril, in qtiibu» 
cteAemindeteninnatx concurrunt, %na, polt 
pcractampcr numcros prs^os Je^timalkiiilivi' 
fibnein, fiwecstdcm^ 

G ,„U. 
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.. :94: 3E?I ^rgo adrem pr-opios- aci^editttus , 
lioc padofplvitur ^cqpnfitum modo ptpbli^f 

ma. ■'..,. 

' i. "Mbtato/lnrf, 4ci, fiocolVratjinifCur.» 
Vam dcnotantcTTi, omhcs tcrmihi incandcnt 
partcm rciiciantut j ac cutiofc difpiciatur » num 
Jtmpliets ilnC tctmini-i uum i*rD -intcrcurtar^ 
mijsfi^. ..: ..r. , . - ., -, - ■> ' - ' 

II, Sionttics fint fifnplit($^ fingu-H petHo* 
iKerumdimcnfioflumHlt^fermirtatayamfuatiun 
dividantur & habcbitur zquatio curvXi 

III. %\mixti ;adfint"^ oc icgem diagnoftici 
ly.i^ y. ptic. %. ObfcrVcnt: finguH cafdcrtilndc*, 
terminatas contiiientes pcc refpcftivumdimen- 

ictcrminatiecvc-^ 
j Ut" ex fingulis, 
xta mdctccmina-. 
isapparcbit, 
ha^ratione Cc. 
tu (ervatp) fiad- 
^jis, 9«crgc!t^ 
-^qusfita cucVx>quatia. '•-__ ■ . , ^^.> -" 

., tsi t. IJetur t-:^ .v^-**/^r'^-.j->)9iiM.:I^'-'l* 
mutato 4 iwx , ; a£ rcjc^ omni,&u$. ad ^^jip^^-^ 

p3f tqij ctit ,#' +/jf j('+ r. rx - X ' —y>> -''■■** 
coili autcm mC omnes 'fint jljqiipiUccs , ju^t^ ^ 

r, .: . D ' N«." 
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t»». 2. crit ■>•+;/** +;t« - Jjf ■- iy>ji - rr/ 

& o,xquaria Cuivx dcridenta. 

^ .'.*+'-rTT — iXir—XX1 

tnn^.lt. Dnat *a '!.vr.j.»j»+j, 
iitii ommbos \aia iP.i. penfiis 
J Jf '+2 jr * jr+jt;! » — liy — > r^ JP+ 2 *jr/+jlf * )i 
ti&i cum mixd .adiint , lyxxScxxy, irem' 
*^7* & 1*77 finguUiccundam duariunindc-' 
icrminatarumnumcruin bis repctiti, fi mixto^ 
xum indetcrmiaatas continentium altet pec 
^imenfiontfsipfius x ,. alterper dimeniiones ip- 
Jiusjrjuxca N^.m. dividatur, orienmr termi- 
ta jx^x^jjx fiamdam II : if i Jlmfticikufi 
jsv pcr luaniiii indeteiminatarum exponcnces 
mnCis, niibemt«}iiiiiocurirx reqniCta 
x'+yxx.tj]ix—j/'~rjtjso. 

Mxem/.I./l. Nc autcm xquatibnes, qugi 
eurvas involvimti oeglcxiirevidear, fit,pafitl 
» lococurvi., 

i - ijtV \ ' . 

euioportct xqiutioncm futvxcongrnameihi- 
.bcrc. quareiuina H'. (, i\ax, acjin»ver. 
fo, oinnibufqirtecoiinis*! caadempartew re- 
li^ais crif 

%js,'x'k^jt.'x*\ijt,')t'x~itj'tit. 
—itij'^t,K—ttj' 

ubi tcrminni/» ' x x tres c6nrinens indefcfmiha^ 

tastct, acrt's»daasliabcns indccccminatas, 

G > . bis 



lOo Malyfis InfrumUni^ " CkiX, 

feis repetimc , ■ fold^ ^" '"^ ♦ cxfllcntc Jim^tki^ 
^amquc etiara patcac tcrmmos Mxtos per in- 
det ct miiia t ai ' m» TC f pcaiyuin dimeipficMuun hu- 
mcrum divifos eumlcm -quoticnton relinque- 
xt, fra^onem, ipfam t cxprimcntem in ttr^ 
ruinis xquationis /rojr/mv daum ciTe i^mcer- 
ti Tumus , iuxu %. 9;. cnumeraa criteria : 
ddeoque fim^ici cx more traftato, & mixto- 
fum iiTdcm iodcterminatis conftantiom unico 

3 
rctcntp , exorimr equatio curvx y x, x,x 
■' ' " ■ j . + ^ 

■^ iry jCft — \ rty , — o alit addtta qua- 
■ ■ ■ . r 5 ■.-...,; ■ 

libet detcrmuuta quantittte ,7« xiciry ce< 

+ <f . .. 

— ^irr/ +p =3o. 

, NB. Dccermlnatam quantitatem femper in-. 
vcnri xquationi addi poflc , cx tangcntium 
methodo dircftS patet , cum irf fubtangenti' 
inquirend^ continuo cxcldat ; quiu & ali- 
qUando nccefiidrium vidctur. 

— »» 

■Mxemp. /KiDctui; t =3 ijr+^ ctit ixx 
+ xy + xy adcoquc * x + Afj» =3 o.xquacio quae- j 
litac, fcu additi detcrmiuati xx.^xy~ijp^ 
cum pritiio inventa xqiiatio -, aoii nid^ fali^tn 
radiccm adn^ttat. - 

i . 1 .. ' ,s. No- 
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CAf.Ji /Anallfjh IttflnitQrttm. rio-t 

- 95. Not«ut, quod in feqiientibtu urum aH' 

•qiiem prieftitutumcft, cx Wethodo modotra- 
didfcqui, quopafto, Fig.XXJl. cxdatim- 
-teruslU ci^iBvU ^ Jl (quam lincam Sc fuh- 
ftfrmitiem ia feqq- vocabo) valorc analytito 
curvx A D i. xquatio convcnicns iruiagari pol* 
iit , [ fyyxk etum ^ISl =: / , elt perpctuo iubtan- 

■ J7 ■ 

gcns fcu ,/ =3 " , uti nqt,Uift ; qftsc fubungcnti* 
cxprenioad teiminos pcbxim^ rcdu£la , ;ux[a 
•;. 94. rcquilitajn aqtiationem prodet. 

ScM, priccdentium dcinonflr^tto ex $.14» >7t?f. 
non difficulter colligciuri ciiat, c^yac isibi ciica mctho- 
diin-) rangeniiuaitlireAain pFZcipiantur > hicordinerc- 
trograJo fiot traiiita : ac folus ;ain termiDOS.rrauf» futi- 
tai^^~iui> valorctn exprini^ntei ad paxinm reduccnji 
mojits hac in parte dclideijari videiur, <juodcffcftumda- 
titiiT, )i co'giiita fit iriet1i)bdv^«i}uationfcin'da»tQlodua 
loca , Yel dues ponus Kqiiationei , ^foivendi > <nis Ja- 
tam jnter ;; lcgeni K.conititionexn obfcrvant, t^cmrei- 
Rcoc', qiwlis iiiicnqoaiJOaemcurva;, camque, (^afut»- 
langentiS valotsmetpHiAit., ex tupr» trkdiiis rci^airintr. 
(Juoti , quafQ variis msdi&tentaii-qucat > xquAtiontin^cea- 
ftruCcionci-palam faeiunij hbcenimcaru sequationcm ?a,» 
tam ijnatticunqnciriinfiniti generis loca dinmi, i(ie»<;tt; 
^uotiibctTes! qiumtiutcs, ej alTQmtz hypoihefeps i.illliTq- 
TOf reuzquatiomim, tuR^ ipjjus o^rvxnatHram, itimqus 
fubtaagentem exprinieimum relaiionc mutua, deierSit- 
nanonempaiientesiiiwehi polie, po.1- ediium .CclebcrK 
J/it^AJr/DMw.-.iwmQi^niflW.. :': 

-Cunvqup jaip lerBiiijifubiangei^ioinf rpx-imiex maihQr 
dis S.f+Vllf, ^f ,' oriundV c« facili-digirofcntiiuri uni 
mfnu-Tun curvanii& g>quatioa& jiiwm^ plwannve, cuf>- 

G 3 vn 
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I pa Jndlyjts tnpnitomm, ' Cap. I, 

vanim interceptss appltcaiafque , qain 9c ipfas rdpedi- 

. vas curvas exprimuntur j rclliret nanc regulam exten* 
dendi ntodusad ejiUWiodicurvas, quaniminijeierminatK 

' jnter poteftammcxponeittes rcperiuntur 1 mt i-^y. 9c 
jegq; tum & ad alias * quarum cquaiioaet non , nifi oie- 

^diaiitibut infinitelimis, exprimi valcnt i quas inter f«- 
quencia msfjis coinmoiJe ti-aflabimus ; licet utrumqiie 
lioc non tantuffl fed 6t omnia curvariiin genera ad me* 

- tbodum f ■ H expoSiam leferri Taleant. Hanc autetn 
fubiangeniium fubnormaliumqtie varieiatemexaAiiis dif* 
ciuers , ic ad ifTiam plure^e i omnibtiE umen inverT' 
'methodi caltbus fufficienles , canones reducere , noftri 

'iHmc eA nee intHciKi, nec oti! t flon enim hucfpsAaa- 
K% methojos omnes, isij^.an)aio«d)>ucdim^>brerrantitr> 
explorarepermiiictcmporis augQHia, |nterim,ne curiolid; 
libusinquirendi occafiqnem przrcindim , p^nculaqaz- 
iva lenumina fubiicio i inSmtil^us quqmado ex flagulif 
immenrum cxenjplorum ac th?oremaTutn agmen , citrn 
uHam catcnli molefiiam, educi <|ueaCi «'bi&ito levifpe- 
cim.hieoftendim. ' ' ' ' " 

•. .«6. Qaominfioemtjqaamounque termjnor 
nini rninmain tuAi denEtminatoraniitum/n^/;. 
«(»»* X contineDtiuni , quibuslibec lignis af- 
ie&onim., ut «' — ixxScc. ^vf' voco jcj 
jtc per eandem £ , aut Mam , aUt in quot li4 
J}ct je duAam, ut jciiJe;, zxx. Scc. fipecmai 
jufculam qtamlibet VDcalem ^ mukiptice. 
Hir, ut {Jft>) (Ax,») arc. dcnoto omneii^ 
ipfuis £ tcraiinQCumfenem, cum fmguUtcc- 
mini pec dimenHonum ipfius x tmmerutxt funt 
jnuItipUcati : ficY-^a) nix^^zixx &c/ 
& (^x*) 1= <!.*»*+ 3*«', *C-' UbivccpA 



Cat.I. .^nayjis IrtfiriittrHm, 105 

yei AX *c, pejcandcm J dividitur/ur^A/ 

IS/ &c. defignatutcadctntctminorum ipfiuss. 
^crics ,-ttuii fin»uli tccmini pw-rcfpeftivum di- 
mcnnonum ipfius x numccum funt divifi, fic 

P/:3 ix^-i-llfxx &c. 5tlAJ5Sj,»*+t*i?» 

.«^« ', -r- ^, :.. - ■ ■ ■ - 

Si4,& iumina tcrrtiinorumj?w^//(r/ji«w y con/ 
rincnrium "Vocata /, fi pcr majulculam quan- 
-dafti confomntcn;! Verb:Gri ^ muhiplicctur, 
dcfigno_pcr (Bfl aut (5 j^') hanc fummam fimili* 
tcf mHlr|.plicatani-,-. rm -vcro pct B ■dividatu^ , 

critli" ] a.ut \B J fumma^dcro- -liiniHtcE 4i- 
vifa, '•.'-■' 

NB, Has quantitatcs paccnthcfi iucludo , 
cum non nifi jun^tim in xquationis divifionc 
aut multiplicatione iScc. adhibciipoffint, miex 
'«arflpvnattird.cogtiiti faiis innotcfcit. 

Tandem quantitatcs dctcrminatas., dimcn- 
fionibus xquandis quafidoqgc infcivicrftes , ap- 
pello m , fubnoririalepi : / , ac futtangcntcro ; 
/, dico. • ■ 

■ ^. i . 'J' 

97. Sit/ x3/a ■ *, cntip/?s_/j'^ i undc 

«cquatio jnxta f. 94 > £<• I- huic fubtangcQti 

ConvcnicnscftrA)"' ( B .) 

64 <^ 
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!Q4 Mtiyfis Ir^hutmnm. .Ca».T. 

Ctnl.l. Jamfafto/sa», erit /aS, «f 

» a 2 , nndc «qaatio l j / - ^ , pjtctqne 

fuboocmalium valores pet ftsaioncm m cxpter, 
fo5omnese0b ad tormiiios frtximos , adeoquo 
& adctttvam congtuam tcducibiles. 

f t 

CirM.It: Quodfifiat /=5 jr, etit /ajT; 

& juita I. 94. £x;»i^. /. redacibilis ad lianc 

«quationem f+-» V.)./-j' > cuiusopo/te- 

dufta ad «-fiet a « divif» pct /7+1,/^^) ffv 

1 etfafta ;+.* 4601^+^3^4?, 5 rutfum- 
que poiita j :i i , etit ^ + j =j p=T,hoc voce- 

tuti, etit/=<adivif«per/^f£} & agquatio 

CHtvi refpondentis a i (-3 ja jr». 

Cumautcm * hic per qcBntitatcm irrationa- 
lem fit divifa, netum eft.fi poteflas figni radicalis 

Xfiat ne3»tiva,,ipfam » por' eandool. qpan- 
"matcri^ muitiplicatum Iri :. quo in cafu ctit 

*=3 ^K, &»quatiQiv ATsajr , muiata ju^- 

. ,4 . ' . :- W 



C A V. f . Jaaljfis h^ttnm. fo^ 
u ftacim infinuata iplius b valcoe. 

CtroU. Hl. Unde fotvitur hoc problenu i 
4ata quantitate irrationaU ex terminb , tum 4c- 
terminatis, tum fimpiicibus x ^ontinentibus , 
quolibct radicali communi figno copulatis cqu* 
ftanti , duas alias quanticates z. inraiirci ut, 
fi harum altera pec didmn Irracionalem divid^'*' 
tiir , altera vero per eaadem multiplicetur , In 
utroque caiu emergat fiibnormalis ad tcrmiuos 
proxunos, adcoqueadcnrvam convchientem ,- 
rcducibilis } ipfiufc^ue curvx 3e<}u^onem dc^c- 
min^ie, 
k 

Slt /yjr+rjf+rr eipofita qaantltas iuat^ 
nalis } - multiplicentur termini ipfan; compoaat'* 
^pcr dimenfiones refpcftivas ipfiiis ^ (uude' 
rerminns dctecmJnatns ezcidet » cnm jc in eo 
^menfiones habeat nuUas) &fictixx + rjf/ 
tum finguU per x tn duplom exponcntis figni 
radicalis do^am dividantur^&^ emcrgit quotiens 

*K i' * ' ' ' ■ 

Quifimuldplicetnt per exponentis ciafdet» 
ac uhitatis diflecentiam emerget x>^k — i ia 

*Jf+ r 

%k. ^ quod primo cafuiinfemt, cum » ^: 
Vidituc pcc (juautitatem expofitam ircationa- 

i. ,„■-.. ■■.■Goo«^lc 



r^ ^natyfls infinltoTttm, ^AP.t* 

Si vcto idem (piDtiens pcr cxponentU di&i ae 
uniltfa - fumqutn multipliccmr ., orictar 

.:i 44.I* \\ ^U - : 

$,f~i--.. -in a^. , quodinfccundocaAircquif 
ytuc,ubi£.niuldplicamr, 

..t>cmonftrationem ex prxmiilis quilibet cructj 
Qam£}uc proinde cum cxtCLis liinc dcducendis 
(px &/, -ad tscrminos quofvis mixtos cxicndan-., 
t^., ipCquc fi^nprum cxponcntcs ^ & i( , quam. 
p^j^offi.nt, varictatcm admlttant) brcvitaris cr». 
jjo pisfterco, .x^uatici curyx mox iniinuata cft. 

"98. Rcai!rumatur\F/g'ji:/. icrvatifquc 5,36, 

iymbolis , ac f . j ?■ bypothcfi fx.^yy, invcnitur" 

\ts. lin^ utKle 

tM- a-t + i» 

iu^us curvis acl 

:fp(^dentium ap* 

: ucriufque curvs 

x dividatar ," crit 

scquatis fubtior' 

mali / , ad tcrtiam quandam cutvam pcnjnenti , 

gi»J4tfot«liiiiat«.ttu4drata«n7.7 aqtfivakt/» feu 

(^pQfitt^applicatww in tcijquis curvi» le&au-^ 

, , fj Sk 
gajo^, /=5»^+ntr.-. :■ 
, ■ Cortll. J /^, Hinc jttianr patct problcina Cor: 
f . praecedent: infinitis modis folvcndi mcthodusj 
P|CNGt4cnim c arquati cuidamquantitatiirratio- 
nali, 
i. ,„■-.. ■■.■Goo«^Il' 



Cap.T. ■ Jnaljfis Infit^torum, \oy 
mli . Hvt uno tivc pluhbus vinculis radicil^iy 

}ig3i:o,trlt r^ ip£up ittuUipIiaps<|iiaatieai> 
Qux , ciu|i/fit atbicraxia , hifiattu i&9d^ YiVM^ 

poteft. 

Scbol. (^ionia<nverecfirvcnOAtaifiumcre$,uiim9d4V 
fd pro arbirrio muh* afTumi, inierque Angiilas iafinui 
ieneris rdaljoncs flaiuiponint, t^uin&ipnecurvxiijad* 
miiccri ; qiiamas fe pudat redudbilium rubaonnaliaBi 
fm^cniiumquecainpDS, <iuarmn Ciirvs abr^iie uUa ajir^ 
culi moleilia ftatim ic prbtlunt, nemo non Tidei,'lu'de^ 
^hijdifiirucniniendtfre. Quin S£;v4rio,prxi«B)0dotr»t 
dita, principtorum genere oriuitdas metbodos, fiTlmor- 
Bajcsadcurvas coniiru^i txduceiidi bit' ^l^flgereiJt pED*. 
clivielT<t> nifipeculiarem fibitraflatumpotiiisdepoftertt 



tnatrriz dienitas t quarec muliit unicatn, eKiafuHtdi% 
manifn calcitlo oriKinem trahentem anneAo, tc\ 
antenorib'i!'temonfEraliileprxiaittolemmancuin. 



09. Sit indeterminata x , crefcdna aat dectc£> 
censpcrlnfinitcfimam^ ; /per4; i&pecl, fte. 
erit expofita quxcunqUc xqnatio a^ iqfinitcA- 
inas rcdafta nn qu^ indcternfinatx Gi^x ^ 
proprias.ftbiinfinitenmas, fieterminatasqiieda* 
Sz fint) feqiTcn^ modo ad sn^tioncm ordina- 
tiahi rcdUcibiHs: fi, nimirum, iqittati tnftnH 
tcfimiinptopriamnbi indetcrminatam, emcc' 
gcEu tcrn^nus cfividatUT pctpetuo pcr d^po^' 
nenrem dimcnOonum indeKnntoate 

. 6hU 
|zetnp;Gr^ detnt, rii^tiu&i^ r •'^•fjm 
•^rys, ccit hgc jnW ibil» ad ham aqmtio» 

b" 
ncm \rbk:¥\h'-^l fsijl^+iw» ^ *»c 
iufxtcris. "^ ^ 100. Jaoi 



Io8 Mdyfttltt^ttariun. CAf.I, 

•• iix>. Jim cum jum j. 2 j .in omnibus cunrijfit 

hr 

jHmr^f^ tjpofitisA^^, proqmntini 
*«»va<ol «tbjtri», vd cx progteffaxalcuii dci 

KtminandiSi crii-,' ^j, adcoque < " •j^; 
nimaaumtS A proquotlibtt tcrminis fimplici. 
bu5 X comincntibus, fignoquc radicali cujus. 
Bbet potellatis J copuUtis , qui ib afjrmmcttiJ 

El?ctatjiitfet^^ dcfigncntur, etit *,a j5, & 
*S=^i qu» stquatio ad inflnitcfimas icdaa» 

' ' ■ , . (A^) « 

Jtntamethodos fiipcriotcs,ctit ji!— ■ « 3 x 

^.poncndof .»i ,4~ (ict.tanjcm, q h 1 r, n i 
^if^^i ^'■'juiultima vocctut xqiutio rcimn, 
iij.tllj/lsieduaio.polKbili! exiilit, Cinaitctl 
pqtttcxceptisdetciminatis, nulla iudetctmina. 
tanifi A, inalteia vcro nulla nifijr tepctitetut , 
juxtapiaKedentcmi ,quotautemmodistiop,cfii* 
ci poifit Jcqueiitia conrcaaiia manifeftabi^nt! 
QucitUbct i^Siquua w jfuotcnmt pcr m , & fia.j 
gyiaejKtr, r" — ... ,' ' ' 

Cmlt. t Siuii.l^miifm „■ unde fJ^J 
=: M Jt i 6c^ « r, etit zquatio teduccnda ^ i& f £ f 
91 mrjt j qu«a&iil>aii e(l, iifizperquotli. 
bcL tat^nnst,. 9iri ii confikicntes . .ucl ^de^er^ 
minatos , cxprittutur. ' II. Si jc quotlibct tct- 
«inos fimplicctx <ibntinentes , coiiulAtHif viiftu- 
; . lo! 



Cav. I. Jlruiyfis Infimurmt, ' ■ 1 b^ 
tohoh adftriftoi comprclicndit ; (iqakfem, OOM 

n bjrpotheli fucrit )frfajwjc + »,rttjr=3 — ^ 
iplvalorin omnibui ipfun c componentjbnl 
tcrminis rcporitut cfficict tcxxmmim jhij^i, 
<^ualcmpiimolocodcfider avimm. . \^ > 

Unde patet C fuerit tsxr-iri' Scc io 



Jtx^rrri liqecft, fifilbnormilisvalorcxpri- 
numrpcrquadlibctfignumrjdieale (fubqui «- 
a^ plurcs unici dintcnliones non alTurglt] 'v^ 
quotUbct numcrb terminos (impliccsiv continen-' 
tes multiplicitumj erit adcutvani, cxprarce-. 
dcnti, rcducibilisi cujusaquatioleviii^tio 
fcpandct, " 

CtrM.lI. Si vcro ful i = /Cjf ' + rx*, 
crit j=s j & (Ag) s jx'+>/jrjtj poiitO'. 
quC {jig)sse.x crit |'ir jr+i/J TaJB i uh.' . 
d e faai t dcKrmlnaa etit i/ a i * jr + a r « 
''Cx'*rx*<l tc xquatio tcducenda ji'» 
3 «/ ii , fcn i i ■ < s M/ < : quc reduaa dabit 
zqitationemctitvx ji&*s iw // , cx xqua- 
tiDne tCdiiCendl , juita f . 9« , tefultantem. 

Hinc fcqnitur.pofito (y(j) 9E<r feu i i ) 

3 £i fl i( fit xqualis cuilibct quintin6 imtiona- 

ii jr continenti { ac s eam multiplicans fit cqualis^ 

fummx tetminonim fub ngnotadicaUcopula-* 

' " ■ tonim' 

D .=dn.Coogle 



i*0 Jnty/tsiHfhimtiHi , Gap.T; 
«lun in AEpoKptes tp&nim i^ rdpcftive dudo^ 
(um, ac unic^ xpcc divifioncmmulutomm; 

H . ■■■ ■ 

ifctim reioptoforereducibilem*3^Main,c» 

>l5*qiiati6 ^+Tft ^imyyi 

Cor^U. iu. Quod fiqms altcrius generis porifi 
inata deCdetet , inultlplicet xquationcm rcdu' 
«ndam fhltijfiis {Ag) kys utrinquc pci 
ff^ '''.cmcrgct: j J& ? + ^yfzx i a {A^^k h ^jPr '■ a. 
<^^faaoj;F/fejir = (jf^)i&*irelinquctA?+'i 
fci »j/+ 1 4 i lindc aquatio curv* , omiUbui his 
' . ' * +i+i ,_ i_ 

cifiBus cbngfuens '7+i+i A - 2?» 

j*»//^.tx:Gr:A =; 7i?^:i7^fiat/=i o&i=: i*^ 
crityBJi ». undc '(j<g) ssaxjf^ .&!»* 
ae jf jfi&Aiquarc » =3 X * + r r *,ac */ feu w / s= xA 
=rjf' + r>-x/** + rrj &«quatib catvxcor-' 
w^ndentisjA' — Jwj'/ 

turi quod pritnanOrequifitnr tathen, hoceit, tii, AziiS 
iom iitumetiain ^, invehiaturxquatiocur^] ctijiisfub- 

iKUinaliJt/apal^icc ffleiturpcr T i h^c e|l, ut daip quoli*. 
bf t ihtervalli valorecnrva ipfi con vei.ien! repeiiatur , unde 
pf abJctoa &oece-gcQefaliter es parte fotuium e&. Queorni 
sneth, cum evpQpentcs b &/adhuc aptx fiht detetiniiia* 
ti6nctti recipere, poterii earumope carv*«quano indi< 
^Mi>, qtutaliquantlocrit {(eoineirica^ aliquandoexearDa 
fjtatKt auds iraAavimus f +7. & leqq:; altqijandoaliut 
hsaexii- MU&x, «piod, fi termini iiuxti conaderenttur» 
•- ■ ■ ' _ cum 

■ ' ■D,<,n.=dnvC00J^lL' 



cum haiflenus non nitt fimplices adhibueriinM > fxm fi tt 
gcquationerD tediicuidain.a^lt«. ex calmla pofteaactenRi» 
nwdar quamitetes tn^erannir , - vniis moaisiiitetittim'^!^ 
iimus aOcqni ; inlimulgue experirii (^^uain curyz fpejriein 
«quatioreqBiliiHexpri&iac. H»^auiemotlciulkifilp!rtaie^ 
iuorsttasinaliamoc^fianemicfcrvainus, uiint^rim ftl»iak 
tem Mathemaiiran^ merita graiulaturi ,, quibuf hiBC a^^ 
RtmyVFdiicondiveloriiimiclfiicuItaKTtippitilf, 

- t oJ . SkF:XXTr. corva ilOM axotn: IPP ^pd 
ippUcatarum Tty SI , pet ' 

In L re&a ItLIidportct del 
Ai>E^t)\3S namrXjUt.fi dUc 
ffif ftriipcr ^l^ad appUcata 
hif^em fihem dufta JT^^ p 
£.r parallela JtT^iruiHtSquc 
^featPF ^zraU^logirilmnhn 
duftis STdcMSvcrCiisD 
ftcent in f^^^fcuhamt D S i 
t«itur norraalBs V ^Bf^ 
dirVa-j* © ^^HfWita^quirfltiangit-I^T: Vocentiai* 

\AatK,T:r.Tl:f.^T:g.NT:k.T^t^XP^^t 
tp: /TinfinhcfiW ,VJ: /.;C B: '. rQ *. a f: »^ 
^^^:^: MK:'. p£iu. DH:^P:e. crit cr-. 
gO. j^ii^^i/C^: Cf. fcu (•t^+^i^ + c::*:^.^ 

— A+'»,' umie wj'C<itis pcc Lcm.^ lo- tcHcicndi?, 
*'^i+*^/ (narti Ti , *:Ci , *:tTD^si 

S.urfusquonlam>l/B-, ^+" +.*: JC.5, *+#:: 
Sm, fi S R , f,. crit juxta Lcmm. lo, 

D,<,n.=dnvC00gle 



tt» ■ AHayis tnjmttrihn. CkT.tl 

'=. ;ts7 (ma t!r:TZ."La:eiCcUi:f::. 

■ , . ^'~Ml!*"' , , 

K.Ounde^c JiC /", reu >)f*- ggyt 
*gi'yi inqnSiqastionepofitis, t^loco/Vj 
ftpoftea yx \ocoft, (curo fit g:x::i:t, ic 
fijf: r :•• t^eaasaix^agitix, iiadetan» 

lUire , dais * , i , &g imgni» 
ione, datnr in produ^a ST 
txLS, &'punaiim D inccavi 
unde fequcns ©rimtanalogif» 
:s. ]& propter tri^giulonvn. 
liinilitudjoem H^^hkv.g:/*.*.: 

iddo) eanijrr+j^^rren»** 
, vquatiotnter.n&^ exfadii- 
leurv», tigXxy. abeidenl 

litx, erit.j hocincafu— . j— * 
uzii—xi uti fehema infpicien-' 
omnes enim huius prQblcraatis 
niajotb foret operx, quam utl- 



D,<,n.=dnvC00«^lc 



C> p:IL Jndyjis Infimtarm. 113 

C A P U T IL 

2?f Tkmrum CvrvihneorHni 

dimenfiQmbut 

SLt^i^-XXyi. rcfiulis cpnfiat , angiiloJ 
In *, C, Vy Ey &c. facicntiijus j undefpa- 
iiom ^Fd (cujus angultijh AO'^ hictcc- 
tani fupponimu») pcjygoniim cft \ qubd poly- 
gommi fi lincis ipfi F t) parallcUs EP,D ^ 
CR &c. partefque axis infinitcHmas jrqtialcs 
diit iiMcquaies /^, J?_ii, RS &c. interci- 
picnribus, dIvidatnrtrapeziiD'^^£, CRD^ 
ftfimilia i erk c>mTtidifi trapezionmi fumma ex 
GcDmctrix lcgibus Xqnale fpatio infintc^poiy* 
gonofcucurvilinco ABCDEVOA. 

7... Idcm confiat ; fi planum iu it^apczia .f C7/J!> 
ope lincarumipfi jt O squidlftantiuni dividamr. 
Qttibus principiis OinniS fere ciirvillneorum 
xnenfura ka^rius tiota abfolvitur. 

j. Ad inycnietidum ergo trapezii iX^P £ va- 
loretil^ fitiX^ V. DH feu C*?:* infinirefima, 
m& Jf//:ii ^rc Ef-j + i , undc trapc- 
iWm D Q/1 a<iQatdr n£te ex 5G4 P-ff 
ini(^P, fca 'X'*^!"* ^ ddeto (juxti lcmm: 

JO.) infiniterumiam tejbtngulo. ^/t tint tra.; 
H ^ziuin 



- f f 4 .Malyfu Infimtorm. • C Ai*.tt. 

p^ziurrt V'^fEj^ye =J fedangulunl 'D^H, 

4. Hinc, pofitaj' ad loconi ciirvx cuiusli- 

beF, etunt oniHla j^e xquatia Tpatiooirvilineo 

qudfltto! TJnde dirc£te hoc theor6nla:ii axis ligu- 

rdt!\^0 dividacur iii partcsinfininitelimascEquales 

rWt-insquales AS^SR &.c. & ad iii^a 4ivifio- 

'-. num pun2U elcvcntut appliiiata S B,^C, ^V^ 

.qaarumfiiigul£partcin|imtc{iml.i>jl/yCiV^ flrc. 

.pfCtximam excedunt; ; erunt bmniaicdiangttlaex 

. &iguiis applicatis fn ilng&las infiQite&nas nmat 

fumta ^ fcu omnia y € ^ xqualia cuEviUnco 

. 5. Sivccofiiiflct^>:^, undc D i^.y — ^f, 
<»tecisucrttpra^' forct idcm trapez,ium D^£ 
•jequafc redaisulo Z^J*;E.scqttalc tcOaa^i\q 
JS ^P E fcu ye, juxta modd tradita. ' iQufle 
St in figufis verfos axem ><0 convexi&obci'' 
ftxat, ■.-.."■'" : '. ' 

,6. "Quin & Wiiic fc^uit W.j Ktp XXVH. fi foerint 
iduofpatia^QJ^, AOL , Inc^dcmaltlmdiric^^ 
pofita , fa^ifquc a^Iicaris, ^Drjr,^^:»^ 
.&iirtHr4que ^^onfinttcfimifemper a^quali: f j 
primumfpatiumatquaNottui/ jr^. &fecunduni 
.omn. z.. e\. qua^e p^tftuitn. ad fccunju^ , jjf 
omn. y ^ai onjn. ^ Xy. S£ (atvj[ii K^nguUs . 
pccae^uatcm^titiidjnem.^ utonvriaj-adom^ 
Diai;} hoccAutfumtnaappticatarum irt'priiiii 
adfimmiamappUcataraalialfiCttiKUfiguci ' . 
. ,-- _ /. Huic, 

i. ,„■-.. ■■.■Gooj^lc 



(^&vAi. . Mdyfis Infinitori^. I15 

7. Hinc , fi^ ad £ , conftahteni in tinguIU 
tanoneiii habcat , utradi* erittlubque, jux- 
falcnim.47i utrad jitaemn:^ad'omn:fi. 

-8. Quibds add^; fl ad hxc duo f patia aflu- 
Jalatur tcttium j Cuiiiiap^liCata ^fi-Jt^ ^fiat 
jKrrpctuo r: si:y. » + i& j erit quoqiit r: /:: omn.^i 
bmri. c^hy hbC^tVutr ad/j Itl Higah ^im^ 
ad fummam vcl differcntiam fccundc & icni« : 
idquiitam in intcgri» AOF, ilOL^ HOM^ 
buani pattibufe A <5t> , J ^k , A QH i m^ 
. do ^dem fcrvctur altitiido i & infiniKiUiiarum 
tonftanS xqnaUcas. .i 

9. Ac idcni cvcnire pdkt \ qiiotcun^uc 6gii* 
tarum dpplicatx q^ibuslibct fignis copulaM afr 
fumanttir; modo,qsiiti0jtitintiiuvlh)iK^ tii^ 
bbfcrvcnrur. 

10. Sit jam /"/^. jrjrr///^ cmvz^ADBFi 
nonadaxem , fcdadpunftum C^rcUta. Af-i 
junttaDif, intimtcrinii , du£lisquc C^iQ^> 
lungatuii D/y, ut QZ) fit iqualis .riQj di- 
jatur ^ip-y . inflaitcfiuu pH ^ * , H£ , ij 
lfc ttiangelam Qi7 £ xquabitur faOib cx Qj^ 

-J£*^ - ■ ■ 

Ih f /> H , fcii ^v^- jiixta lemm. j j ^ & itix* 
?f -- i ■ 

Ulemm. to. =: T adcoquc totUnl f|^atiuili 
^AFi qiiod «quatut ohinibus triaiiguiii, 

(iiJii Os^kc. iquale ^tit Siiinibus ^ > 
^ ^ tt» feti 

I Gi.Hi<^li: 



I \6 jfnalyjts Infjrutvfmn, C a p.tf. 
fcu omnibufi trjangulis Q^D H i undc fuTiiUa , 
, ac fupn , deduci poffcnt. ' . 

II. ^it%. XXIX, figura AEO «adcm 
qtti J.i; fymbota, qua in j. 3 j tangat ru 
cutffam in D , voceturquc TQ: f i crit prop^ 
, ter ttUnsulbtum XQ^D , Dfi E fimilitudincm, 
fC^t: ^J>,f'. VH, e-.EHy *■ undc jr / 
^fg: quite ob patallelas EG ^ DI, exlflente 
Gt-sidi fi linca rQ,, ia /.(W, normaiisipft 
■ F/, ftafuatutj critrcaangulumc?/>wX = /<<:' 
'idquen fiat toties, doncc pcr punaa MLKf 
dqlcribi poflit cucva KLMNO j conftabic 
ipatium iT i? O totidcm ta , quot re3:angulis 
-jr^.figura jIFO con&zt: quarc, quiafcmpcf 
:jr f = ^ 4 ».Qcunt omnlaj'^ ^ tofidcm / n , hoc cfl 
Jpatium AFO acqualc fpatio OFlC. 
■ Caroli. I. Sit jiFO paraboliformis $ Sc ^ ^ 
vocatax', cjus xquatio r?—'ixiziyi' ^ crit, 

jdxti f. J9,Cap.T, T^(t\xf=s "^ } Biidc 

p ^ " •_ 

i|uttnnii i^Ojr=)bmn, a j jam vriro quia 
•jtD =s >< ^=3 jt , & B i =a < , crit triUncum 
J^£«qualc omnib: B&DE feu omn. x j,cx S. +, 
^'"■■' ' ■- PjfjL , 

fum autcm oran: ^ aa omnia x s ut^ ad j ; 

fcd omnia ^ rs omn:^ tj crgo omn.^ y e fJM 
di»a.patabpU AOF^ adcomplanervtura.JX-^ 
^i^ oinn. x<<,ut j!» ad j:hDC cft patabola^i^D ad ti'^ 

■"' - " ■ -■' . ■ , aaa- 



Cap.II,. jiitalyjis Infimtorum; fi^* 

^angqlum circumfcrjpt. SAFO,nt^ a<l/i,+ Jj^cu 
utcxponcns potcftatis applicatamm , ad cxpo- 
Qcntium applicatardm Sc partium axis lummam. 
Ceroll. II. Sit Fig.XXX. hypctboJbidcs. 
quodlibetC£0 V, ada()'mtotosK-.^,^Orcb- 
tym , cujus-a^^uaiio , rctcntis f ymbolis fupcilo; 
t\h\isyr'i€^.zis?r.'ii critQb tangcntcm zSrii- 

fx 

nca^!r~^ : iamvero, cumfic _ji^=:f4, eric 
pofito pcrpctim ^^ (ea f m 2 M y rciftangu- 
i\xmD ^P Hfcuye^ fcmpcr arqualc MIBL 
teftangulo fcu f j ; adeoquc . fi id fiat conrlnuo, 
crit fi^ura K AO ^c verfus K C intcrminaia , fcu 
omniayf, acqualisfigurx KNSH', fco cnuT. 

■-■;*•■■< 

/*Soma "7*- atqui (vocatis brcvitatis cau- 
ia figurd K AOBCif, & reftangulo infcripto, 
UBOA-.h,) crit figura iir ^ JC:/— * = omn-, 
Xdy (cum /l>fit = x, & C i =; -i) undc omnia 

" fcu omnia^f fcu/', ad cmnlax(ifcn/'~ » 
nt^ ad gr i & p'.p — f.'. f: h j hoc dl figura KAC3C- 
ad rc^tan^ulum infcriptum NAOS , ut exponcns 
potcftaris applicatarum f , Jd differentiam cxpo- 
nentium applicatarum & partium axis^— j.urdc 
fcquitur , pofitd q minori quam^, curv^m vcffns" 
Jf inrcrminaram eflc menfiirabilcmifi^:=: f ^infini- 
ram:fijrixu)Qr qHain^,plurquaraiiini-.ir.imTitcVn ■. 
hvpfrboloidcaomu. [ioii Apolioiniana c^ccptd) 
H 3 abundpat- - 
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ii8 JiHMtyfis Inflni£6.mm. eAP.II. 

pattc K"tcrn:|tnab;lcs,abaltcri rplufquamm-i 
fcrminabUcscxifterc^ cuni,qux UHc fuit ratio' 
* ad^ — ^, hic fit j ad j —p , qiiacc conftat. fcd 
Vfc in tyronum gf atiam. 

CoroU. ///. In tcanfitii noto (H folam c cono 
fcAam hypctbolcn rctiquinl fapias) Fig. XXX/. 
pmtuafpatia CSD£y EFGHy intcirafymp; 
tptqn & hypcrbolift^irmeni quamlibet cpnftitu-r 
ta, acutrirtquc applicatis Cff, P£, Cca EP, 
^Hy, ad candcm afymtoton tcrminata, mcnfu- 
tam admittere } quod corpll: ptxcodent;s non 
flifficile confe^ariuQ:^ cft, Unde nirfum iiifinfta 
Curvamm gcncra qujidrantuc j hCds enim HG-y^ 
^<r.Xf EE-.Sf 4F:ri fit huic ct\rv» convc- 
iiicns sequatio^^jef =3^;^?; jam autcm pro- 
dudd AE icQ. b vcrfus N , hiuc ad pcrpcndi- 
fultunexciteturreda NH-^ Sc vocatis ANr-i^ 
JflN-f, fudhasipfas xquatio ab afymtotis rc- . 
ducitur,, pcodibit sz. ~ rf in ra + sf . 
^i;+?j?«?, qux faftq r=S i fict » — /' 

^ inXv/' ^yp+t 

THiincum jam N EH eflc quadrabile nema 
nonvidct, cum juxta mox propofiuquadijli-' 
ncum E F G H nienfucam patiatuc , mo4o 
/ & j divcrfa fint magnimdinis. 

^C$roll. IV, Abundcquidem hinc innowfcir , 
^i^.XXXll. Sc XXXIII. daticujufvisgcncris 

' * ' - P*^ 
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GArJl. Analyfis-Infimtmm. j.ig 

paiaboU, ciufvi: trilineo, aut hyretboll , A 
«tiftcnte ipi4i«M4 (ip.y, intctccpta Q./<;*i 
tam Clfis-o/th, axc JO:c , forc omnia 
Q.il- fcu h adtotidcm fcu omnia Q_I> fcu 7, 
urz + ^ad'^ Sivcro quxratur , quam habcarvc 
rationan-.omma b ad quamlibct porcftatcm k 
cveds , id totidem^ in cadcm potcftatc confti- 
tiiia,' fcti ojnnia b ^ adomnii y\ , fcquenti 
Jnqdotavcaigati potefti ac ptitno, in F. XXXU. 
fcit paraboloidibus ; proptcc iquarionrfn 

r?~^x1^f^t eft^bdr . p a- 7 * fi^^ 
jam yi^rk—'^, erit valorc hoc in locum 
ipfius A rfcpofiro, ac diviftonc lcgirimi per, 
afta r.'""'*-^'»^, qui ^quario dcnuocft ad 
parabolami firca ^ C , ubi mancnrc ^ Q:j^ 
icAO-.c, fir Q.J': «■ i & <?: <i i jam veto ex 
Coroll.I, ut^ + J*ad;>, ita omnia C fcu <i ai 
pmn;P Qfcu x-ihoc cft ita ontnia ^ ^ ad omnia^ K 
cunj cnim mox fucrit fuppofilum;r t s r t— ' ij 
ecit eandcm ob caufam its r^— 'rf. luidc 
conftatratiocinium, 

Idcm fi «at in hypcrbolaidc LAOPVl, 
Fir. XXXIII. cuins hic atquario , rctentis fym- 
bolis ^fxir*'' > fiatque^its H— '2; inr 
vcnietur ratio cwnnium y\ ad omnia A ^, ur^ 
3dp-g!t. Pofler&, rcduccndo hyperbolifc;- 
Dicm hanc acqiutioncm adpacabolifortncm,iden» 
H + ' uaici 

B .=dn,Coogle 



1 30 Jndyfis Infhntorum. Q.Kt.\\. 

iHiicl opcM obtinerijcum enim, juxta hanc itdui 
Gtioacm^fiaxp^bFeix — tiy etit imerceptx 
cxpoRctis hic negattvus , adcoque<iUienta racia 
'juxti parabolx leges ui^ ad/ — qlnSc fcquitUF 
utitiflimus hiccc canon utrique cafiii coDgtuctU : 
j|'n indagandi ratione omniumji ^ad omin3^^,in 
hyperboloide pariter ac pataboUfomii, pritn^fi 
ppus fit.xquatlo eb reducaiur,utjr&7 ab oppoHf 
ti^ «quationis pattibus confpiciantur, hoc c/l , ue 
parabolifprmem rcpracfcatet ; ecirque , ut digni- 
tatis applicatarum , acdignitatis intcrceptarum 
perquxntam potdlatcm muitipiicatx fumma: 
f^qki ad dignitatcm applicatirum j^ , ita oiii? 
niaft -adomniajri 

EfTc autcm intcrcepta in piraboldide potcr 
flatcm r2 q it^ hjrpcrbolbidc => — f poft rcdu-| 
ftioncm fatisappatct. Notctur ipfum k ad quof- 
^is , f um fraftos y tum ricgativos , CKponcntcs 
extfrndi polTe. Excmpla his cafibus inietvientia 
tranfilio. 

Coroli. V, Dcdiicittit hinc cclcbratiffima Cl. 
W$UiJii jirith.I/ffitiif.pToy. LXIV, cum fit 

_ 'l^ 

^ad^-l-^^,utunitasadunitatem+ /> ; fi cnin^ 
curvarmn aequationes ad qusftta y i rcducan-; 
tnr, en^ergec pro paraboU fcu fetic dircftS. 

yhAr f- ' J \ pPD hypetbola ycsh fcu fc-' 

fk. ^ %K 
ric inverfay ^^ii^^C pX" f, -^ quarc , C po- 

. ' ■ ■ /- . ttJtAs 

I Lnocx^k' ■ 



Gaj.TI. jffudjfiflnfimtQrjim. mt 
t^ftasipfl X reuiacerce]prs''adh<rcns ftam^itur 
pro icTlH indice , eninc , juxta modo Inventa 
oifmia yK adomiiiia JFAurHnitas adimercepta 
poteftatcm (cum ipramj^ inrcquintis dimcQfio^ 
nibus conftitutan^ rc^xrcncat^ £c^ ft^iiii indU 
cem unitate auftum. 

CeroU. V2, Echadenus quidem cogi^ca rx* 
tio onuiium y'i. fcu (ducendo Vig.X^XI^, 
uccvunquc in iniinitenii^am ^A':;) ommuin 
jt''.e adomnia i^rj ut vcrpvaloreonimabfpr 
luius alio modo inveniatur , crat , cx modo prx- 
grcfib Coroil. I Vj utp + ji^ ad ^, ita omui^ 
c, f ad omnia d Cyhoc eft ita paralsoloidcs A G O," 

— ■fde 

ad re^njulura AO0K fen (if, quate ^^^' 

- j^ , 

siomni4fi«=tomniar>c— > » ^ed cx eadem 
Coroll. IV, cft h'<-^ ri—^'di undc valore 
pcr hanc aquatiohein in^cnto ipfi <f fuffefto , 
• ' ■ ■ pe'b k. 

cine^etoin|nin«)/4f vii)Qcabfolutus=} iXal 

Cmtt.rn. Quodfiffaaoindice? sa») in , 

invcnto valorc omttinm y^^e^ ^-y^i lo- 

fM7 A 'l , furrogetur xqQiv?tcns 4)uan^tas pcc 

H 5 cut-i 
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ci4rv».V!l«W(V)«,«qBatiQni:mre(>trWj hoVcft,. 
inparaboliiV*.— "fni inhypcrbplaHr«f ~" j 
eifiiinehnif pmnia ^U in paribplt^r . t't'' - 

- " • ■ '" !■ ' - t '~° , •*i> 

inrA^"l'attiDhjrpcrbol5pcjri_„ io t^irr, 

UqdeviSetamarcilemtna k CUr: Metctttrf 

prop.SJVI. Logfrithinolcchh '. luac dciuohftra-^ 

tittn TcSI^Bc "ioU "««rcitationem fuain fuper-t 

ftruitit ingcaiofift' : n: Grcgorius, cam enim' 

lintomnia^^f 3omni r4— "^v/iti parabola," 

S in hypcrbolj i^f «jp— "«i ma.nifcftum cft'. 

(rcjeftis utrinqae quanttratibus detcrminatis , ■ 

litppte nu)lam mutationcm infcrcntibus) fpn} 

-. i" _ t'+" 
petpcmooinma* '= -^^ i faaafciliccl 

OiaximS x a t. ci quo fcquitur hoc gcncralc. 

Ctrf^.rlll. Silinca rcaa,y(p:f, inpartct ' 
innumerabilc; feu in&iitefimas e dividaturj crit. 
fumnvaquaruinvisdignitaiamab innometis rcc- 
tis,i^^:Ar,ab «trcmitatc 4 proporita; rca« con, 
tinao ineipiefltibas geoitariun (qiiarumqiKfin,- 
gute i» infinircfunam propriam Q.JV:f , ipfa- 
rum rermino! rcfpcOivos i;laudentcm miilrifll., 

^itafunt) fcuomniumx g , xqualiarea* 
cxpoijfx, jt 0:ii fcu tjnaximx x"pbtelEati jif- 
filmtis potcitaCibus ipfarum x proximc fuperiprj, 
■ fi+n ' 

jKdivi6|jMftiameipQnfotcma7tp, ratio 

cx 
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' Cat>. Ut Analjfis h^i^qrim. 1 1 o 

oz mexlnvouis appiret >7B: (^are htc, 4 
Uudat; Attthocibus pcztconiflam .parentlwri im 
filufain conditioncn) addideiim , demonftratio; 
nis fecics oftendit , confecatuc utraque. 

FuHus pauUo hcc profequi opccap dait pre- 
tium; utquompdofumm^QmniuQijr^ff, tum 
pcr Applicatam OF.h, fcu figurs bafin .mi" 
\:oroU. y-^ tum pct intcccpptam AO:c, fcu &• - 
gucxaxeniimcaltitudiflem cxprimcnda vonut, 
fyrones addifcant. 

■ - itkK 

PolTent & aliahinccrui, acexv&lore ;^ ~ 

ppc i^qoationis cutvx cefpe^ivx ip£i t tolU , un- 
dc aliO^ d«iuo genccls canon eoafcctui. 

\z. Quodfiprzcedentis ^r«//:cffatiun'mo^ : 
do fld rem pcxfentem magis accommodato cfEc- 
ratuc, ncfonabit:. SintquoicUbetlegemcpian^- 
cunquefccvamcsihdetecminacaequantitatcs x-^ 
f,z,Scc. cccfccntesautdcccefccrites perrefpcc- - 
tivas ac propcias fibi tnfmitelimas «, 4, i , ^ &c j^ . 
ac quacUbct cujufcunquc indctccminatx poteftas 
in ptopciam inftnitciimam du^a aitumatuc, uc 
xi'e^yfd,pi,3ifi*{x.c. (qualcs ternvnos fcm-! 
pcr, ubiinfiiUtCfummvelpropriamvelalienam 
comitem habcnt, inpoftccum vel froprUs vcl 
dlie»*s iafimtejfmtlej vocabimus) dico: quamU- 
bctfrc^tMm infnitefimdlem in fuo genccc,infini- 
^cs (feu totite , qOotic» ipfa infinitefima t Vcrb: 

Gr: 
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144 Akalyfu Infijikemm. Cap.IH 
GF:<aut« } indetcrminatam propriam, qaam 
componic, Vcrb: Gr: j? aut^, ingredittii) rum- 
tam (quaruin infinitefimaUum infinitam ftim- 
mam nmpUciter voce o^nium denotamm in, 
fcqq;J aqu.iFi indctcrminatx tpaximx potcftati 
> proximdmperiori acdivifae pcr fuum,exponea. 
tcm'.S\totm\Aitx€Si\x\ omnia» vai£ + 
&c. 

Dcmot^ra tio cadem eft , a(: prscedeotis co« 

rpllarii. 

^ 1 3. Hinc fequcns profluit m^imac utilita,ti$ 
in calculo infinirefimali thcorema , nulH , quaiw 
rummihiconftat , adhuc ammadvcrfum. , 

Sitcxpofita quitibet quantirasautixqaatio, 
indcterminatas quascunquc , qu« per ihfiniteli- 
piascrcfcunt^utdecrefcunt, continensj eaque- 
redigatur ad infinitcfimas morc iam fxpius 
oftchfo ji^dicoomnes terininos infmitcfimatcs 
idfinitics, iuxtalcgcs J. pricced. ruintos cxeon 
demcxpofita;qnantitatisrcrminooriundos(qm- 
nantaurem illi fint,fcquensdocebit fcholium.) 
Ipfi tcrmino unde origincm fumferunt , tan-^ 
quam valori abfoluto,/ pcrpctira acquarii & e 
convcrfo. Sihicvalor abfoiuius indeterminar» 
ac majcimus ; in iiifmitefimaiiuM vcro infmiti < 
icric continuo pei' infiriitcfimarum applicatio- 
nCmmaratus intcHigariir. 

Demonftratio duobus'in cafibusabfolvitur ; . 

■ - /, crni^ 
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Gap.II. ^a^fii.Infimt^m, 125 

I^ cumterininus Verb:Gr: rjrf ftztcr dcttt* 
mitutasr, qux nullam mutationcm inferanf , 
-unicani tantum indetcrminataratn » uU/t coii- 
tinet.ll, cumtlrtminum Vcrb:Gr: r^pfi plu- 
res un^ iodetcrminatac!^ icfy' in fc mumo duftx, 
ingpedinntur. Inl; cafu iic quantitas ezfionfa 
ryPi ctitc» ad •infinitennUs rcduAa ryf* 
fry?~^ d. ]amc0eouinia fry?-~^ dz=iryf 
-cK I. pi^cedenti patct. \a lU cafu , fit ocpofita * 
quantitas xPy<ib^ i erit eadcm ad iafViitcC- 
niasrcdafta,' jiF y i c ^ -^ f y « ** x f^^g 
■f jxfii*/? — ^J + ijfP/Sc*—',.. 

Ubi trcs tennim inrinitcruhalcs cxupoexi^p- 
tito ptiunmr ; quos infinitcfimalcs brcvitatjs 
crgo, lictcri.^i cxpofltumvcrotcmiiditunijt- 
,ccra Jtf dcngnabimus. 

tfle autcm omnia\* «qttaliaabfolmoValoilt 
ipfius .Ny hoc modo cvincitur ^ fiat Nia-f4^ 
Mit tittaquc ad."inftmrcfirnaS tcd*ai N-^M 
tiP-^df^-~i»i ^«dclctis xqualibus','i*iftW- 
tcfiimlibufquc 'ihfitfitics fizmtis , omnia'JM'=t . 
omnia //■*—' 1 ;* Tcd otrinia <f/''^-~'" juxta 
pfxcedentem s/^ a iVj erg&Ottmia\^ sxW-j 

.^eii \ /:"■/:._ \ -^:;'.'". 
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13^ Jndyfis InfimUgkmi C^ ap; Xti 

Scbel.. Focui0iir|cnenliB ^gula tenQiAna^uemlibet 
id isluiueliaus redt^eotit I hifcc njilsEjueprxiiiitti; cuirt 
' succmip&moperani3nU[nc[hoduiiirz[JiiJ5i fi nonad n^ii-i 
' leun, a^bibuertRius ) c^tiilib^ fibi cdmpendti iple exco- 
.gitabit. Hoc^tntcrim in talqnli cOniinoatnn tyronesobfcr- 
Vf^ai t tertnitiuln {{uemcunque jtd infinitelitiias redaAunj 
' e^eeundemilluinterminumi tor numero temiitiis infini> 
. te(iinalibusjun^m(;tioii,ndeierminausJpf<iV>nintiscon- 
.linuif, tJuomoiloveroiiiBQhefisitieseBOianeBfucfeijtteRs 
, Ci:5hiplumdocebi,t , 

I. Iflncpofitd qiidcuiHltK cuin fuo figHo tfcr^ 

4h6i6>'^x-j'?»+, priitii bFdine confiderctur 

^'dctcnhinata *;. tcrmitiuf^uc pcr ipfius jfc»i 

tiisopc 

fijfin- 

■&'^- 

ftunta', 
cadcm opcratio rcpctatuc , cmergetqlie pro inff J 
■fiiif/ify^ y fccuaduS' tsrrainus- infuuicriiualis 
.j'jr«j»,4r;;4. . : .-, ^. .■ - , 
i:. lli :,Timiaiodiiftcm?:«fequAtuCr^totlcmquc 
^Aiqc ji$:]cgc peragantuc Qnuiia, oriett^q:.tec- 
tBi¥tcK<niiius infuu^malis 4jrx^ \x,\ n. 
. ..;|.Vi Eoqucjuxtaomnrpm indctemUnatanuri 
^iVl^xd;r.mQ cQtsiHuato , pitinebituc hoc ii^cafu 

K 5 jd pro termino xxy%t,i^ ad infmitefi^^ 

jnas redacto. determinat* , fi termino cxpofito 

tnirccamtir.^uAftiuVes mancnt.Dc fignis non cft 

qiiod 
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Ca?*!!. Jnatyfis^nfimtorithii i"a/ 

' qaod Uboireihtu , rabdo cxponentcs ^ in- 
fit)i«fifitti« k^dnus Aiis fignls iSxtat dclhibcaft'>> 

. |>«hOit&ntwMmoAnitto,:^>r7rce4«mbufaon^?aci5 
, ialdcUi aut nmneTOxttm pouftaies cxpHtQmiuMviee^* 
neralioralyinbularubflitiiendc) , lcvlneg^abfathdaio. 

1:7B.. Iqcxcmpliiiii dcdimos termIn|UB g^t- 
bus' indcteimiiiiutis conftantcm } ^<itt^.^unicd 
tantuninN jiUta b«ne unil^-t^r^uQiu^ii^^nli- 
dcratulum.cdc^uiUW Vide^ric r f)i ] 'a4 Vuiu^ 
Jclunasredapti (fabitf r* 1 + 3 i^nJf^j^fr 



ConferethocaHjplentoremS.^f ) meabodi^u^taD«eq< 
tiulatnibitradits, dcmonIh'4.ti(H>*>) ) fcadtwnmamei 
ncrminis-innnkii^Rialjtiinidcos^iindtfTiruwKtStKruirtire- 



Seffionemi oaam, at hujusrcholii coUterfum.tiiBqc 
tamrui>po°>i>itls> iniriadtumefitmn) <}tUinMddJtRidi< 
dimuSt nacurapatinir.' ■-'.-• 

i^eiB ac i. 1 1, cadcmqaelymbokj uuclUgantur- 
que rLU>tailgcnta 7 ii,£.&e. 

jibrpctuo appUcari f [^paralla- 

uMo Tctit juxtaf .1 [D.<^i>i|^ 

53 f 4 j adeoqoc mli ijj> ^ ^ =^ 

^ifihco .!< J^ fcu omnibas jrjr , cz niteo SiiU 
'■ Ggnir UndcftcHs'7*3*=3'DQ_,Zr=i>f 
Acr <ioiKc en«a fit cutva ■tMA\ crir, Vocan 
/f-Trt ,- .<;um fit M-fzij , r^latlo txjSviit/M^ 
CxTelatiOTC ditvacV D J" co»nita ; datoqnc fpai 
tiw jf i>^^/ datur ^tijiol r,M A s ^caingul2( 
■^ & jgr-- fpani 7f IJ ^dliplo ; 'ft fcontrx 
* , - is. Sie 



M. SitHig.XXXK. curviUoetKQ AfO^ 
curvamqoe ungcnsTD prp^lucatur , tlotiec pfo^ 
- iongatx O F occurrat in •? ; vcccnturquc T^ti 
^;^*» ^^■y-> Dj.iy lS:Jf i tn^nitcfimab 
2>H:*t EH:*. Statuatarquc SOfcuZr+ypcr- 
pctimin Q^B, donec dcfcribi poflSt ndva curvA. 
O^Kiezir fpatlum AHO fcmper liijplum 
^fifasAOT/ , 

feftctAni^aiium A R O ioxta 5. 4. =: om- 
Toia ht^jei tedomnja h fjfccundrtm J. t. =i.. 
omnia jr/> quai-e omnia^&«+^e =3 totidcai 
tje^ wnde «tbiiftarjtopofimm. 

Cinlt^.Sit AEF dreui circiiii s crit, faQ6 

radio a if. O&ssVjandecurviUnenmAOR.^ 
hanchabensad circi^iuij) rehtioneixi aiquabitur 
diiplVeircnUportitJni AOF. 

i6. Qubd fi ipfa Q_B perpetno adzquetnr 
Jbbtangcnti/J^i^i&Vitfpaiium ARO cqua:- 
le ipati6^ A F O .' Tniim cnira flt perpetuo'/» 
tsAf , ex' ff. iiapparetintentum. 

CtreiL J. Pare£'".Kuic ratio ad eundenl axcnj ' 
AC^i^x,--fiondaotantumcurviUnea A¥0^ 
A 3^0 conftitucndi-, ^ux fibi mumo cquaar 
tur ,' ^rum & prp lubiiu viulta } .fiqt^idein tra' 
&aiQ!cpr.vilineorA?^0 denup, eodemptctfCt 
quoineurviliQeo^ 'AF£> ofiuiirius, -fiOjMiinad 
etindcm txcQi ap^eaVilc emcrgcs corviiineum 

i. ,„■-.. ■■.■Goo«^lc 



priprtbus xi^alc , 8c ficin infiaitani. skira hinc 
ictTagonismorum jencra . origincnl . di)cuac, X 
multif^afpadotumintcrftcomparittoi .:^- 

CnnU. IJ.Sie Hg. XJIl. N. i . ciflbis in rationc 
ad Circulum AeiuBratiiCj rcfumtocnim {. |i.- 
Cap. I, cratjl£,ra ;jr.tt>ifcu3;>=ir-K> 
fic da&ii omnibtu in ^?; e,fict i / f =3 2 /f -zti 
cum autcm fcmper lit /rz:/»; fca fpofita 
B^ziltLsit ad curvam'>£C> trapczium 
B(ircxil^MlCt cruritomnia/t,' fcUfpa* 
liam curva jliCK lcn&i% jlO, OS, intcrt 
jcdum , xqnatc intcgro fpatio CiabidaU fcu 
omnibus/0: & nomnia7Cf fcu fcmi^tilcultis 
dtcamrr, acoitlnia zi fcufpatium CifUJidtl^ 
tociiat fi ditm fitctit omn. t^rsomil j«f 
— Oirtn. * / , erit j * =s j^— ^,adco^ne 3 c =/, 
&ciiroi5feinicirculitripla. ... 

CtrM.tti, HoemOdeGjrcioidummenftt-i 
indagatuts qual, pirodttiictraQamifv cxempli 
loco', inciitcris, tjrrdinblusfcrviifepotcft. 

Sit Fii.3[XiriCi&a)s ALMO ad fcmicircu-' 
Itiniy<»cer<lataj liancfangitfcaa/i/i/ Js 
/it ticntrum CirctiH F jvoccnturquc /£: /, 
rS:i,Lf-s,, t B:jiLritaEe:xiUca% A S.ti 
zqdatio Cf dOidis lit /: f : « —}:: «:: it:AB; 

ifa . ■ jt&ta t : J !!, Ca^ . t fEleiisi ?p?.fi'w 

''.'■., ' ' , . '. ." 

&quia/£:£i:;.ir:rf. etttrj, feaist~ 



i^6 ^ruityfis InfimthrtttH. Cap. tl. 

A'W:>. quii if^iyLi:MmiN.kas:.x::i:r, 
€cit fcmpcr x i^ri i'iinac,'L.ipo^"S-.F feo 
/inf^T', dcfcriptaqudiUly^ JSHT^ ctunt om- 
nixxi i feu T^ftanguia X ^.^r ,. fiirc totuin 
Cydoidis j^Otf fpatium, ~an)uale oiimibusjf^ 
fcu i:e£l4nguli5' Tfr,. hoc cft imcgro fpado 
G A TT; ■ quaii iavcmiiittitts-fpatii <7 vf T, &h 
onliiium i <'.", 'i^tionfvui/Oircutaitl, -invii^ta 
crit fpatii -C^loidalis, /cu><filiiflUai j: L,\rajio 
ad eanidte]». . c >. -, , ~:i ;..;,\ - : 

Quodutfidf i fitpfimo yf i O. cycloispiariid. 

JCia;,. «it -.f^^ J;*; iad*Fpgtjc . S V .^S ^ «; ^ - 
Undc^^t curv^^.^ reff^C^aidcm f ' /cd , 
tx m()do di^is ,"; cjflpid^ie.fjp^ti^ bot eyclpj- 
dali expotito xqi^nirj,-;feu OAVt. i^ ;s omtv 



jam' irtnoiclccrct i quani rtitioTifcm c^cvmActiin, 

cujus appUcita J i 'haBcrCt ad rtrmicicCBliibl; 

;.. ' ' -. ^ ■' - «* 

i. ,„■-.. ■■.■Goo«^lc ■ 



Capj If . Jtudyfu If^iiitormA i J i 

tx 5. s. a<: applicataram fumml iiotiim foifec 
Ipatiuiil omnium i. e, uiidc quxAiO ad IcqucnKm 
(jcvolvitur : 

$tt centro F ^fcriptusrcmidrculus A SG , 
vdcstMi^quc tadiusr,<?i>:jc,DC:J!^ VAiir- * =; 2 
K M Hi Fig* JCXJCyiJ.Gt itcm alia curva GMTi 

cuius ippH<iata D H =3 - ^ =/; tangat vero // if 
turvamin//^ dicarurquc if ^li/: / , TCy.SDf 
JiH-.fy N T: if Bft d i erit f: gcquatib jcjr/; 
hH::KT:NHt ondc / * :S / *<// jEquatib t%. 

'fx ' r.f /x 

nataracirfvxy rf/j fcu / =3^=37, quare 
^f-=^fl; itrx-=ify redafta ad inifwiifefiibitS 
fe-z^fA^y.o. 

\\\. Ex natura cireuli /je rt ^^ s= 4 r jf — x *i 

liiidd rc~xi =3 tf y)ara.autcmcx I. & U xqua- 

" . ^'— f-* . r.{£i7 '15- 

tionibiiSj eft a = 7 =3 ' y" i unde 4 =3 // "" 

; it —'xt :■ ■;. ■ . -. . , • . , ■ 

=3 "7~~, qudc/tdiriatd&faao/j=:rj' dabi? 
tl -t.y^ri^ — i x; Sc !ooo / pofito tr — Xi 

fit r = V 'i: ;i: /^: ''qiiae' fi.ponatiif in / p ,ad tur- 
vam ^J 7 ; crit •; curn fit ? r s: / o , . fpwium r*i- 
ftii^' A^GO 3c xsirva ^ii"</ comprcb^nA^ ; ftii' 
tn¥)tiii A^f^otij.fpattCKCxpB^toirrdb; y^^,' 4 li, 

&£ufva^C?jy^iritcric'ft6'ifcuomn /0. 
lasi ^tc^rft ti^ijtio oitortAct^aBidi^cm cttrVir: 

■ ^•-'■■■■ir,-i'-^i 2- ■ '■■ ■ Hn^ 

D,<,n.=dnvC00«^lc 



1 3 1 Andyfis It^nitorum. Cat. IF, 

TT 

linci {cuius^appIic.IDfCuy-^r-O ^^ ftmkirculotri 
indagarc. Scd tn hoc particuUri ad Circutunl £a* 
fu aliam viam ingrcdiemur ; Ad radium F S du- 
camr iiormalis S R, fecans radium F C produ* 
du^um in R » voccturquc SCittf eric (quii 

DG^: FC, ^-rfS F, r > F R, 7 a *)^i r:: r: /:: PC, 
<:BC:»: quare fcmpcr rmzite i jam autem 
femicircttlus eft xqualis omnlbus criangulis BFC 

TU 

fcu r . hinc orfinia tU fcnlicircaUdaptUmi 
adeoquA & omnla /#s4omnia /« =3 fpitium 
K A G T , qupd «quivalec omnibus fe. jam 

concludcndo » fiac 7 =J A j & , qiiia J sa / < 

cricwsA^ f /f;vacatojam cycloidalifpat, 
i,femicirculo: i, cmeEgcc , quia omnia^ e:=:iit 

& omnia/ /, =3 z «i, haec «quatio * =s ^ j 

& oriciur '1 mcp//ii r(.-gula,qiiia (atio^ ad^eft ratio pcriphe- i 
riifcmintriiliABGaJbanoCycloiiiiscuiusvii^GOA. | 

Cerott.lV. Eodeitimodo&r Fjl^.XXXVm, 
CompIenKOtum CyclOidis AQp metimur. Vo- I 
ccmr cnim BE: r, L E: £, A B: c, A E feu KL:a-, i 
^¥:t=ir~x (hradiusdicaiurr) &KV.-jj rc- 
Aa L V tangat cucvam . ecu exiftente cquai^ | 

■ ■ j. - V< i 
ncCycl6idis,/:j:.*— ^:*, lincalEra^ ffT^ | 
(nti prxccd:CoroU.infinttanim)&,qiua/=l r— x. j 

D,<,n.=dnvC00«^lc 



Cap.1I. Jnaljfis Infimtorum. 159 



ccitIE=l>"+^r— j Kj jim vcro IE:EL:: KL: 

KV=3i==5 75 ^ ^ ;quiaautcnipofitaSL = f, 
&SM:=S *, eft KVjKL:: SL:SM. Sivc 
J! x::i:f, crit fcmper *■ i =5 j r , & pofiio R T 
3 * ad cutvam Q^R. O, fpat. A C^O fcu omn. x 1, 

p rx.+^TXf--Xxe 

sfpat. QROfcuomri.«=i ^j j , noc 
dk , €4^0 fcmicirculo =; d , (quia pet Coroll; 

pTxc omnia" <=s iii,>&omn. "^ # 53 3 rf) 

omnia/<=5 ""^ << =i complcm. Cycloidis 
A Q_0. Qtiod fi ^ " ? ponatur , cyclois 
etit priniaria,accompI:AQOjEqualcfemicircu- 
lo 4- fed ^ cum hoc calu fit s^ Hf™l5 " /i *^x 

y' 

proprieutefeinidrculi,patet R.T ac Bli ftmperiPniiiA: 
S H.0 efTc fcmic irculum i adcoque fempw cffetesiyeis xi ; 
feu rpar, A*f/- continvostwariifpirSA^ ''^'" ABR. 

C«r«/.r, SitjamALOaltcriusnaturx CydOis 
fig.XXXVifi- coiusiquatio (rctentispcr om- , 
nia fuperioribus fymbolis) ^: j:: EL: arc. ABw 
&: t. XJndc q z> -^ p c i &: juxta tangcntiun\ 

aicthodum /£ =5 ^-jacArrrcuJ^J '^ i quarc 

omnia / ^ =a omn. x izn. comp: ^o ^i =; "7 5 
quod fi fubtrah.acur cx reaangulo ^jiGO 

•^W^j ■ fpofito^t a;,quaUfcniiperiphcrix^^C(7> 
1 3 ' ' ' ; -(cu I 



1 34 Jnafyjis InfinitorHt». ^G^v, 11. 

idp ■*t>J- - 

fca "^ , ccmancbit rpatium JOG ^isX . aqaa- 
jBfuocomplemcntQ. Sif =3 q^ er^t altpclitnim 
:=: zdfcn fcmicirculi duplum. ^ . 

Oro/Af/.Repetitisfymbolis f.<Ji4tti.i,aflu:n- 
f^uc inibitradita hypothcfij F,XFII.fi J^CD: 
iit qi;44c^a;s cicculi , ac jT £ cucvam tapgat , erir^ . 

mxta|.6].cap. l, KMCeat^ 7,quarc</;r:: 
h:ti & iuxca lemma 46, (quia r^io tJ ad r pec? 
pemo mttKC cadcm) <<:r:rii4:i< ; fed cica^ 
toJ. 62. hd::s ujff & f a =:y^ , quare ii:r:; 
'0 y: y g i vcrum cx proprietatc femicirculi 
^ ^ S A':; C B : B il fcu r: ^: :»: i ; unde «)' =3 r /; 
adcoque cric d:r::r.i:yei hoc eft radiusrad 
quadrantcm peripheria d , ut fparium A FpQ^ 
ftu omniaj' < ad quadratum in ^ ^ fcu omn. r < 
53 rr. Secundunii. II. Euclid. 

Coroll. VII. Rcfumti curvS f.to. c^p. i, 
Fig. xil. cactcrifqutf ut inibi fuppofitis , 
pimirun) rP~xP-=^yf prp acquationc curvx 
AEF^ f^aisfcilicct j^Oijif, QD-.yi xx\mlk. 
^f =;r'~''^ , pi^Q «quaiipnc curvz .^itf^ff, 
pujusappUcataQN:», prit,)uxtaf. jo. cap^i^ 

gL{eatsr'~f'~* — **; undc cognita figu- 
ri ^Qi?0 fcuomnibus^* cognofcctucfigur* 
^Oc?feaomnia»«, 
■ Sit ctiim pcimo ^ =3 / + * s «ic «quatio intac 



■jfZTcuV:'^-^* v^^^lp^ i. ' Cuhi_ ■juiitA 
(uxti jyrcif.'^, 'flPcSmtinuwrfS x V,"^ fioc cft 
(^ofito -Jt i feu^Vin j^J doncc defcripta fit cur- 
va> J r /■) Sgnt* jf J M 5 fen omnii > < rqua> 
nsfisura^^raJf^WVJ^^f&^oinnilJiB *» , quaeii 
quaritur orriiwJtW'i^^ V"quia cahdcinfigttraii» jiixv 
rti, I .T!t 2:'S6iuVii}>ii(Htnunf : ertmt & ohinia 
f"e=i'omii.»e.' imde"faftisomQibuit rr fcuom- 
nibus z. e=il>.,Sc omnibMS > r— c , etit (quia 
ilK^o !funt V^''=3jf:^.tjrtf-^~ ifr J quoc[uc 

TaS-.r ,;iAi;IW .-'bafM --^;:;,"; ,; 
<*<JOi t!n<)n,fio%_fignta,><P^()ad<itiadcaO'!. 

.tcjjicitcuijccit^^jj,. a(i^qq)iif,^t=;4j. 4c «» 
epi.inones rr_;£i ,:f j,;;3(y ;. ,3,'r >; »< fcij 
rr :r^ JF af ,< ri5 j- AU<:.aw«.oli,> ;•;•.,;' : . i . 
., ].uavi»il«Kntf-.qiui<fVtis ,cQ:<iHiuitJ>Ttlfl» 
chefi , fiat cutvz AGO api^Qa^a 4«^ A «^ttavifk 
j.'=tr^4Tfi«t-i=1 i,*^i;';%i,(p4«.** fcut 

a^, iT— i §j. eiifgi)sf^iS,omi>ibils-,if-'.^,. 

(juiilfeTrioclo in^t'*'art(nii-r!t' fcd oiniiia 'i e 
&-iai-ii'iAdi?'U''^^ *i"Tett'idr*:' "■ - '- 

■'^1: Ne ^aaSrii^^Pa^cllliniNist^nitrfitiifi -ihbwcliHiMf, ) 

finici^iieris iraosonirandi, 4lim 8c plurimoritin mciiliiMS. 
iiiireniendii «ifolopnccjenrrjl. icJilftiBi. 

w .,:;i;,;,, .:• ::;S ; iri T ,4. r^" ''-■■•''■ '-HrSk". 

i.„i--.. ■■.■Goo«^Il' 



Ijd Analyfu Inflittttrum: Ca».II. 

J7. Siteurvi, Fig. XXJC2X ABT , voaon 
turqiic ^ SiJ- A ^l^x, fobtangens Tgit , (an, 
gcnsrD:/, huicnornwlisD^;i, fubnoripilix 
£_R: i , cutya jfD:c .infinitcSmx DH:t, EH: /, 
HB:in jijngatprquj: fig. XL, • * « cjus natutx , 
Ut r ♦ pcr omni^^ciaae qoadtctiiatv!» AEF, fitr 
.qai; / . zqualis pattUutme infiniteCmx . zi £ rcu 
V , landem -. «i, 'ii i, .i. 6m apglicafx. Af- 
funianturque indctcrniinatse 44? » , ac ft»t qu«-i 
lil^eth)[pqthcli$i fitque 

I. *<= MiCtit applic^tl petpeiaib i iji ^ ad », 
iicc noniiin 1 Mtit^, juitta j; 4,omnia»< lca 
fpatium A^O «equilc onxHlni» M fct» fpalo<JJ=«', 

IT. fiat;&^=:^i<{ «tit, p(>ritieiirvay<z>£F 
indircftumiii '•« ,' ac feniper applicatl . / <eu 
«'ad A feu« , atca « • ^ feti ptnpia s» «qualis ■ 
arexj^JOfcno^nibasle. . ' 

III. Sic ac fafto i[,tshin erit ,eii<tente 
esntiMio»/:^ 4 , H IMist, ttitineum. i ^ 
squale trilineo ^S i^. . ' '' ^ ■ 

Undc paKt , <lat3 eocrc ..< t> £ ptopcietace , 
acfumtaipfaram x,Szh alterutti adarbitriutti, 
zcliquaiii feqper pcr Inlinitefimatum cationetn" 
dctctn)inaii j baiif aot^ .catfoiicm ei; cutvje 
.t<i}^natnt&dacipius quam cognicqmeft, eft. 
coimJ:f:;«:r. itcm/:^::i(:4.necnout:j>::i:^. ' 

CmroU: I. Hinc cutuslibet curvilinei transmu, 
tatioiies itifinite tefumta cniti^ prim| hypothelt 
(^ fl t= * * cum fit cx pf qptictatc cutvx cujuscun. " 

■ ■■ ■ ■ ' : ■ Goo^le 1"' , 



Cap.II. Jnaljfis lufi/^rtm. i^y. 

quc/ f — / 4 erit j ,?=»i urtdcfumptai&proar-' 
bittiOjVcrb: Cj: ad circuluni zs/zrx —x x, fi 
^ =i D^^iitad parabolaiB =5 /r V, prit* =3 1 X 

r ■ j quac mcdiafltp parabpl* xqqatloue 
r jf ^ jf« exprcfla ppry (cum hlc & ad /ifca ipfiUs' 
^ infimtefi rijam ; appUcai?! fupponatur) dabit' 

' »'V-X=^' ■;*'-:■■ ■ ' ■■ ■ .■; 

*— V "rT""; adcoc[uc relationcm cutvx 
OMJC, ciini autcm, retentp ipfias & valore <$ lo- 
co , poflit D 9ad infinitas furvas ftatul } St mo- 
do pracdiao cxlingul^s Crticrgar aUfts naturac cur- 
vitincuiji, quorumfingull nihijominus circulo 
/cu omnibus h e xquantiu* j patcc Aito ciiiliUet 
rpatiq infjnitji ^quatia hacmethodpexhlbeti pof- 
fc:quod in piPUis cafibus non «cigui eO: ufus. 

Sic &.c]t hyporhcrt fccundj h e ^Sxi»', mahcn- ■ 
tibusi& adcirculitn) Scj ad paEabolam,cam ^se 

' ■ th' ■' "' ' ■ ■■'■■'- ' ■ ■-'. 

=; tuycth T =: a;ttride s Sct «t Aaturf parabolaeiJ- 
j&cx natura citculicognitis^iipfa* magrtitiidine 
notaeft/ quxad«9 cnrvx ^^aeqttalemappU-. 
fataefikict^tiilincarti-.ipjcqaatcipfi; ASO.\ 

. CW/. //. Qopdfi* adquamcunqucciifi'am,^ 
fpatiom cognitum cohtinentem , ftatflatur ,_ad" 
triangtiilum , paraUctc^ranii^ium |' paraboltfb^r-' 
miuQi quahdam aut alius^cnctis quadrabilern ; 
crit fc jfe ad locum cogrtitumjcujus fpaiiutft mcn- 
fiyraDi patitiir}' unde mtitata rurfus tmvi ADlc 

'' Goojlc 



^iofii^ituip,, ^iijj^pit^ d?atui fpacj} n^oiirarabi., 

1m', j&XTilM/o i^uiS^jiiiwJuicViqMaUa; : . . 

,^Ex: G: mhyfoSx&fiimgkiiii^i fiCiAz, 



df Iw* iiHj Uh-fmta lAi^C^ T<#^^<»:: 
JfD.igiilfiquQi fi jroptiCBKCiniSstyaf AC S; 
inycnirc.qtfi^ vcUc (j:uip«j( ^ti cucvi: .:^£-i? 
etUm.w?* jjfaH.ftnj) fiS jf,5i,f ,«4 jj^(;pfli»c , 

rfci^tdtJ^r., 

ilhi^Vifb.Gf,'^ 
clifiiittfiliiifeli-.' 



C^^p.II. jitttdjijis Infiftit&nwi. 139^ 

iiiis cmer^ctcjf + f j&=5 r/jnri*lcalrcoa quoqac-r 
cx ipfis z. vcl A , prxtcr ipfam/, adhuc atbitriQ- 
rcHnquirur. ' 

iS. Hoc addarp , Hcec prxccdcntistanCHin 
(it cpnlcftarium, in hypothcfi prima he — x.4- 
fiat;2;=3 y cric j5»=s /; adeo4uc lei=iyM i^ & 
pmriia ie fcuT^aniim '^OJ ('cujtfe'appK(iata' 
^C fempcr squjHs cftfubiiprmalt tSfptGtiv» 
.gR) xquatur fOK fcn fcmiquadratoipfiu^ 
pv>. Cum cntm pcrpctpo fit I O =t I " crit 
J n ad tciangutuin ifofcclcs tum 3t cx j. I3 '' nq- 

,'.'.'. ■£/■'■ ■.■'■■,, 

tuni cffc omnia / < s^ 1 , 

CfiroliJ. Hinc opulcnta hiDfus meiifUrabilium' ■ 
fpatiorum copia f &exquivi$curva ^D£in-. 
finiti gcnctis i pofiti cnim qu^cunqucfubnbr- 
maU ^R in ^C, nafcctuc X*^j^^fp3>ti0m' 
n^cnfurc capax j cujus firutfus futHiermalis iii-. 
quiratur, aliud furfm fpatiutfi & ficfinc'finc,' 
cnafccntuccxunicSdcmque cxavi.ADS cur-' 
yiHnea magnimdinqm cogniram habencia , quod 
cx praeccdcnti fatis manifcftum eft, 

Coroii.U: Quin& haw, pnetcraHasBltthd- ' 
dos, curvartim gcncra|etn ajtfolvcrct quadra- ■ 
wram; fi folvipoffctproblcraa $.9* cap.V 
propofitim jhoccftfi, dati qoalibet J^C pcc 
jg 4 fcu X expccfla , inveniri poffct cacva 4DE , 
fmiis/abnormaU^^^ipfiXcpcrpctttoacrcf- . 

, Gboylc 



140 jfndyfis InfimtoruM. ' Cap.IL 
If^^ ^i^ ip^.^ perpetuo ac rcrpedivfe adxqiu- 
icturundcy AQ^^^Q.JC dati forct In tcrminis 
zquationis curvac ^Z>£proximi&, obtincretup 
intcntunl, juxtaCap.I, S.93, &feqq. Mpdiboc 
inquircodi vacii Cap.I. ps.&c. vidcrl poiTunr. 
- <^t>us hunc ad)ungo ; cum rcferat omnium 
fyibnprmalium ad curvas tqtn gcometricas , qux 
{wr^blas x Scy i tum & alias , qux pcr curvam 
t quocunque modo pfTcnintur^pcrtincntium tcc-! 
aiinos pcoximos. 

Eiat&+/+g+i+<i+A+*+«=3 0. 

Ac tenninortiin quorumlibet Aiaimat in quibut ^tib 
qiuburcunque lignti , iitventtui potcll» qnzlibei.ip* 
Mus X defignciur pcr :f , ipfius 3 pcr / , y>fius c per 
^i.tuin ipTaMro ?: ac-7 pcr i, iparum X « eperd, 
jofitumj & c pcr A, omDtumdenitjue xtcj & c per.^» 
detCTininattterintiii vocetitur m, ibm iitKnquamcunque 
tentiinoiumrericmin linculis te^iniiii» percxponenccsicC-. 
pe£tivo$ iplius x muhtpn.ciins dic^tui; A -, quzhocideiri 
iii omnibus ratione ipfius^ prxfhii , fit B ; quz raiione ipfius 
capp^ilieiurDiNBtHjutermiiKH-um&iies peTA,B,P,8rc, 
hoccftinHngulis tctininisjpef cju&lcpiindctcrminacc ex-. 
ponentes relpe&tvos mtiltiplicatas, agidivifas, inpolle- 
rum fithiangmnaliteT muitiplicaiasantdivirasappellabo. 

tSct^oiturl. omnescurvarunidcfienMasKQtiationes per 
tnodo propolttam expiimi ; - uti cuilibei puei ; cum omnis. 
gcncrts&tnuliimdinisierininosinvolvac. 

-i I. ■ H«pc iiim'«iul«m ■^^c . Cap, f.; irnflatam om- 
nium ciirvarumj .tumgcomeiticarutii , tiim c cominen-. 
liitm i fili>iiormales t , generali hac iquatitinc cxhiberc j ' 
itiiua deimiaii«nci6:i $. 96. ' Cap. I. adeoque /'^uabitur. 

{Al:,)-^(Ab)-^r{Ad)-^\Ak) in TJ^ 
" 'i Excm- 

D,<,n.=dn,G00<^lc 



Caf.U. ^bidyfu Itijmti^um. 141 

Excmpliim in tytonum gtuiim addam: fit 
F>;. XXXIX. cum ADS; cujus xqintio 
^rx~xxs.j<i + x)* r y + rr i Quziinit 
Sit fni'i «jusfulMionnalis. 

Jtofiti aquidone, utfupra, niliilozqoalri 
aitzrx — iix—jy—xy — rf — rrso, vii 
dcrecficlianc «quationannoningredit quare 
«dhancpertinenrtsquantitatcsg.ii,*,*, niliilo 
iiunt acqUaWsi fokque, & qoi: x, ftfucj, 
itiatxScj continet 1 tefervahdir t fietque per < 

divifioneinftltuti/ss— (B/i«-(a«). , unde 
ioco * fubftitttto irx-xji,\<Ko f fo- 
Bto ~ij—rj , tahdem pro tipfo — jrjr, fet. 
»atijinringuHj»dditUfignis, 6a,omntbiis)uiJ 
ta>,S &c. fubtangcntijlitermultiplicatis , ad 

ir;— i«,-j, 

divifitfetx^, fubnormaIis/s« »j+r+« . 

ScM. .Hocfolomac unicum rcflare vidcnic: t« ipra /, 
per rcrmi iios hofce tfrtleralci erplieata , m curf 15 geom ctr« 
iSspctlblam *polleteiretti, T»JU,c4ilon«p omiiibill Ciir. 
Tis convcnictuctn & nmvctralcm 1 unJc pnitio rere iiiimiu 
«pparerctin quitil>ci ctirVa, ntimiuXcaprafceiicntlsteno/ 
fcmpoflet ^iadtarii & an intcrvarias, qil« hinccnafte- 
tentiir, riUtionnm c»prcirif,iic5 aliqua rcpenrcwr, ^uc 
ci~>Bt«eufv«pioprictaticongtuerct, 

VidebanturhiecitittiirubnortiuHllmtnvemtollcsCiil.l. 
IraAatu fibt locilm vejldicare ; varitmr quoniam curyilvn 
iteonilti hinc arientium quadrauIrl.pniMrlo conrulerailT 
inc, mtluihaiicmctiitidumhuicptMluslocrt, uliqiumei, 
quodintcildimils,eiWTemcmiititn6iiifercie.Sedade6rioI- 
Uiiarefenor. ' ' , 

Cmll. 



I42 ^jfn^yfis infjmtorumi CAPjlt 
. CprolLjH. Hinc eadctii ^qux in $. 1 1 . coFolh 
« aln>;priiicipi6«fien(Uams.^ origin^iii ducuntj 
iaicmniqu? JMfa, ctxrv-tifiUisi .tiim.au^arum 
tuminultatarum:^gj-cg»ta & rcfdiis, hcfum^ 
quc pbtdtates quxlibcc iiidcbitistliacationeadi 
ipttdem maxima ctMiftitmuitur ; quse j. prscc-* 
dentis non nifi particuiarem cafum cfliciunt. 

ntAqnotlibcttetmkiprum.nmplieimi^x cond- 
iiemiumfi^p^, & curvx AB i" ap-t^tio pSs. *ji 
tjuiruntur omnia hP e -feu omnia z,e. Qua- 
profVffi^f » = »/'- Brf/j rftque /_:^C-i cU 
qijcfcmpcraequa,li5 curvi: ADB fubnotmalii 

•'■: s'. -■- - ■'■'■- - ■■'■i ■■'■•■:■■ , T --■,,; - :. i 

Qft ^ «it<cgd / 3 te: i ^. jtnitit Cap, \.;}. 97'^ 

'■'• ' '• ■ '■• ■' ■■-"-■-"'*;■- ■■ ■ • ■. '•■:-J'^Jf\^-"lV i 
CoroU.I.. aeqarftiocurvae j4DE\ Ap % * 

'■" ' Jy--'' /i5\= " 

led.oinnia /f^i.Tcjcpraeccdici^^t. AJ ovn^ 
sAa mtt = omni^ x. r qUx«i'i^t invf;menda.' 
"''UhdehjctTegnla-^-omniasf , (fcu fa£lo,in 
ciqnpluma =f j«'^y,)i'')brnnia rxe^xxe acJ 
quanmrifffvaxiubtangentialitcrpcr. A ^ivifac:; 
ft6e tft ftr^i dat* i. linidJ ipfiiis xdimenfionc 
Wi^ac ,, A; poftea^yn rmgiifis terrHinis pcr petcfti* 
ttini^hns' w divjfte =:it-kxt'h»\. fciric^ia. 
f6f&Sdf'm6;;iJli:'drrpcife:(V; .Peffc-^aiiwrn poic- 
^)hHe&lpfiD5>«- «- Hi t«a?iii,Qii'?pf3:m 2 eomjjtfritnti'' 
bus, huncperrtiimetosfifaaos nuncpcrhcgatL- 
^ ■ vos 

i. ,„■-.. ■■.■Goo«^lc 



Vds dcfignatl i-him&diJniMttls qiujHbetaggrei 
^ttitamlclrid^inn ;iii^inttt> aut m4iMf ruin;pcr 
fya&fXim i' effcrtl j^ Hbihif itt qiiahj'nt iuc 
MtcntliWrcatlil^.- " ''' - ' •; ■,■■ 



rc«f,wanio(p, ,. ,, .,, . ■ . ,- ^. , - , 

. Sit in fxf ijijiloin ftaujffis |, 0100,9 cuttomnt 

/y^b,oliiac,i'<i.i;-r,W/.).»Hf43-r.fj%'ona., 

tar i a^ , ;j-.f^a'ilCil!^aem)fti /irlr: -'jfV 
ciHhteJ-Fiilite iamt-iivTeirijiialnbi^rniitJ 

cffbaig;-Bf,S.-OW!irr;'a'-'Hiiita'i^ise,tii<r5 

finoifffiK ySi^iirftufpatrbii^iiratdCiffeid-all . 
f ttin iBiiitSSfflb",: ihiU (liBSWalclJWlum «w 
micirca^fri^#_^^^"-"il<:-''H ■""■^■^ ■■'3 

c»r./t-Pci(ict;r Aif p(int«Bail»if <in<*''i'«' >P- 
pUcuis;^4> +/+^tScwquit!|SUbet'fignij «iic&iSi 
.. ' ^ undo 

i:.,<„,.,iT,Cooglt: 



1^ j4ttdyfis Difhttloritm. .Cap; !!• 
iitKlcpofita.7acicutv;amdat:ain quamlibet^ cx- 
Jtetifquc, cxecjita iinif^» ^^ arbittib dctcrminatis^ 
jultinnaaefinitibpe fui patcfacict,curvx naturam , 
Cuiiis fpatitam cum rcliquarum omniuin areis 
nuncnmnldddits^ nunc.pro varia fignonim na- 
turd^femutuo fubdu£lis^ xquabit datumfp3'« 
tium ftu offinia jf r Vcrum j qtix hlcobtantani 
ipplicdtatdm cd^^m arbiirio rcliftam fe pah- 
ifuntj fbcculaia^oncsjyrieteribol ' 

idi nbd addo: n^ffllni^ fpaffa <)nadratu- 
fam admitRtnt* c^fti'^bii-cJt iispcradditio^ 
hem aut fubftraiitibnejit c6Mp6hithr j erir qua* 
dtabile": pofruiitqde hlc cn^Vllinea qtixlibier^ 
^Ox tticnfafatfi pati alfendir 'nbvimus-; ajdhi* 
bcri; horum autem xquationcs fi'a:d 'pariibo^ 
ioiduin hyperbbiiforminmqitt loca' tonfiftant , 
£mnt & oihncS Ipfios^ poteftatcfrcogmRk : qtioii 
lcvitcr ad prxccdentia attendenti ignotum cfle 
nequit. 

Corhll: i*bflcnt Mt. 6mnc$'itoteftatum', Sc 
^atiorum m^ufabjlium hiocoriundx div^fi*' 
tatcs in ocdinfui) redigi , a iimpliciofibus i^ j:^- 
giscomponta^rogtediepdOjActhcorcmaiaiiiix- 
damefFormari, quod prbvedioribus facife , in 
mj^wfi exerci,tatox,ujtH^ *iWW ^Pjjn^ 
g^rieralius paulo ipccimen fubivqio. . 




Caf.U. Jfiaiyjis Infimtorum, 1^5 

Ac Utterac, */,»,>;/,/,*,»,/, quantitamm 
prxpofitarutn potcftatem dcfignenc ; itcmr, 
verum h(ec binomii, Jincoli fupcrindufti no- 
tati , dignitatem gcncralcm fignificat j rcli- 
quz, £, gy f, c, hy h, fiint fingulx ad iocum quen- 
dam fpatio mcnfurabilem j qualia funt redangu» 
lum, triangultun , paraboloVdca quicunquc, 
aut hypcrboliformia j qux hoc in cxcmplo 
tantum confiderabimus. 

Dico , fi fiat/=3 1 , curvilineum, cujus applica- 
ta^ , quadracuram admittcre, confequcntix ratio 
cx 1. 1 1. cum anncxis corollariis manifcfta cft. 

Ex: Gr: faftis»=5 d, itcm j & / nihilo xqua- 
libu^, omnibufq. ad dignitatcm ^eveftis, ac 
tandcm in analogismum refolutis , fict y*: hi:: 

-3 5V f 

z * ft. ■ y- Unde pofito rurfum d=ii, emcr- 
ga hxccc , cum y fuppofica fit unius dimen- 
fionis , inter potcftatum cxponentcs xquatio 
t^y-^ =Si' fcu ft^k-^p-zin: i dcnique 
m k fimpUciflimis incipiamus , affumtis i — r, 
h^ *, »sr, J^Jf, oriturproportionova, 

qax,fado t=i 1 ,in fcqucmcm abibic r^: x'^: :r%x 
:ypf qux , figno ncgativo rctcnto, cftcucvi- 
linciaciar: .?/«/# mcnfurati. 

Sic & pro varii tum quantitatum . tum cxpo- 

(lentittm attomtionc varix continuo enafcunmc 

K cuc- 
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1^6 jfnaljifis Infinitorum. Cap.II, 
curvanun proprictatcs , qux omnes funt fpa- 
tio mcmurabileSjUt fadJs f d xS^h^i r ctit xK:rk: : 
? 

r + x :yp. 

Scho!. Quanta vero hinc theoremacum , ac menfunbi- 
Hiim curvilineorum copia enafcatur > nulli non nunifeftum 
efTepotcits qui ex aliis tum potcftatum, tum retiquaruin 
quaniitatum, Iiypotheftbus atias in infinitum oriricurvas; 
,tum & pro lingulisi in xquaiione geaerali, fraAionum ' 
numeratoribus , quotlibetterminorum, (implicitcr xcum 
determinatis coniincntium, aggreeata tuto afTumi pofTe . 
pcrfpeierit. modo hxc fequentia obferveniur i I. ne piures 
uno lerminosipfi fra£lionum dcnominaiores conttocant II. 
ne poteflas pert defignata, nili per nuifierum affirmati- 
viimautintegrumexplicetur} czteiisJ, tn, t, 8ec. fup- 
ponentis bene placito rcliais. 

Quod , fi fecus hzcfefe habeant , ac deveniaiur igitur ad 

' rr 

hancautlimil%mzquationem>s^yautji=,i/rr — xxi 
nulla zdhuc hic re^ula tradiia cfl (nifi forteinterfiibnor- 
maUs repert* ei §, 18. menfuram invenircnt) ^uaom- 
nium ye valorem abfolutnm indagare pofHmits j niliadhi- 
bitipriusreduftionc, {[aimperdivifiiineiMercaiar, petex- 
traSivmt inclytus Newnn ad optaiam meiam pcrduxerunt. 
utraquehxc, tumdiviiionisium e>:tra<£tionisopcratio jk>< 
teflatumin hinomiisdefignatione perficituri udmoxfub- 
neiftendo iheoremaie patebii. 

21. Ell autem thcorema huiufmodi : Htbi- 
nomium quodcunque z. +yevchcndum ad potc- 
flatemqaamcunqucdengnatam^: erit ^pofito 
termino hu^s poteftatis in ordinc primo ^ ix.? 
cujnsgcnituran; i ) hxc, quxfequitur, gcne- 
ralis pro tcrminorum reliquorum gcnituris con- 
gruxs 

D,<,n.=dnvC00«^lc • 



CkpAlt Jinatyfis Infimtiirum* 14^ 

gmls inrcnien£s rdgula. Afliimto quolibct tcr- 
mino , exportcns ipfius c muldplicctUr pCr geni- 
titfain ejufdcm tcrtnini ; ac produftum divida- 
tarpernUmcrumloci, qucm aiTumtus tcrminuS 
io Ordinepotcftatisobtinct j dchabcbiturgeni-* 
tma tcrmini fcquentis. 

Ex: Gr: a+/fit attoUendum adpoteftatcm 
qqiiadratam: crit i ;&''terminus/itum4pcr 1 
multiplicctur , ae ptodu£tum divifum pcr i.- 
{ cuffl tcrminus fir ordinc primus } erit fcquentis 
ternrini gcnitura =14.. adcoquc 4/* ' tcrmi- 
' nus //; hic denuo multiplicato 3 pct 4 fict pro- 
da^iiin' 12 , quod divifum pef z { cum terminu^ 
fit ordlnc fecundus ) dabit fcquCntis fcu tcttii gc- 
nihiram 6 , qui idcirco fict =3 6 //*« : & fic 
pcrgendo obtinebitur levi opCriibinomiicuiuS' 
cunque quxlibct p6teftas. Quarc fi j&+/clc- 
vuii^ fit addignltatcmj» , erit tcrmindrum han^ 
coait>oftcntium feries ca , quxleqmmr. £t 
Gmtttrttermim ' 

I;:.. X — ' — ' — • ri-^-inxi? 
\\ii„.f -^ i— -^ =iB..in/;5?"< 

iir...^in-^ — -^ mc..mffcfr* 

p— I f^t 

\'V...pia~T~in~f — szt-C.^in/'»?- J 

V.„^in ~a in 3 in 4 s£..in/*a''-*+ 
K a Et 

' i.„,--" ■■.■Goo«^Il' 



Et n<^pergendo, doneciagemtutaFuiii pro' 
grertione numerus ( ip|i^ cx fupppfifo xqji^ / 
ex ipfo^ fubducehdus ve^iat } ' ut^ ifUixc geni- 
tura,; cxterxc^. eam fubfequentes nihilp xqua* 
ks^adeut, adcoq: & ccUquiteroninicv^r- 
cenfc' ., ,_.,, ^ .. ,- . 

Poteft p in. numcri fta&i modiun ^ ut .n ^ 
proponi , ad extt/tSliDnesy-^itum per5ciendas ; 
tum 5c indar numeri negativi -f^^i^od divijimi-' 
bns infervit & hoc pa^o nova in his cafibus geni- 
turarum & terminotum i^buta cffbrmati. . 

2j. Hinc primo hyperbblicl fpatii afymtotii 
intcrjeai , tig; SXX. menfara per infinitam fe-' 
ricm expticatur : fa^dcaim A,^j:i ^p a , *■, & 

jam (pofitaffafymtotiinfinit^lanaj-opiniayr,' 
feu fpatium , rsUj^jrvErfni K|ntcirmihabite. ' 

Quarc. jozta d: 4^ereatorem rr diridef«btM- 
venitperr+x; fcu C<luodcxp6tcftatai»deno->' 
tatione cognimin eft '*'• cft multiplicandum in 
r^x ~ .'i cum mutatio figni exponentis.cx affiij- 
mativo in negativum , quantitatcm prKpofitam 
vertat ex diviforc in multiplicatorem & cpntra. > 
confulantur lcmmata 5 o, $ i ^ & feqq, 

Ut ergoV+jf cvehatur adpoteftatemv-*i',^ 
crit^ K ■— 1 , &; tcrminorum geniturse fuccclfiva 
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Cap. n, Andyps Infimtwuml 1 49 

=3 1— X + 1— I + 1 &c. adeoque fafto « a r , &/ 

«*■, ctir. 

•^* "i -» -3 , -4 
. 7V? -r — ifr +jfjer — xr &c.i> 
infnitum. Hinc , quantitatibns , qaataiii ex- 
poncntcs negativi funt, ad diviforcs tcdu&is, 
finguUfq: tcrminis pct rrmultipUcatiscmetger. 

^+7=3^= r— >r+ r ~rT+&c. 

. Adeoquc omniaj^r s? Seriei tcrminorum,quo- 

rum finguli in e d\iOt\ funrj ac pcr 512 omnia y e 

= r jf— * AT * — X Si. fic eontinuMndoferiem 

>» tttpnttuf». 

9. 23. Tum & eodem fonte rcaturit infinita 
fcrics, in FigurS XXXII, quamlibct quadrantis 
CitctUi ^O/^portioncmdeterminans. Sitenim 
radius AO: r ^ o^ x y ^J) : y, undc yy =: 

rr^xxy&y^/rr—xx ^ rr — xx, fcuca- 
dcmrr— X jf addignitatemicvecta, Mncde- 
fcribendocxcodem J. »1, Poteftatcm binomii 
rr—xx juxta cxponentem l , hoc cft fafto/ s= ; 
x,s:''r,Sc /3— *■ *j cnint^anentibus genituris, 
quilibct exponcnrcs , qui ipfi z. &/ adhxrcnr , 
pcc z multiplicandi, ( cum z &/pcrquantitates, 
qax numcrum binatium pro exponenti habent , 
K 3 ■ dcfig- 
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I ^o Andyfis Infimtorum, CapJI. 
dcfigncntur ) adeoque ptogFcdlo potcftatis 

%f xf—i. *?— ♦ *Pr*^ 

'4r—Sxxf +CJf*r ~T^x'r 

- &c. undc pofito p c: ; ac iplls J^ S, C, 

&cpcrnumctoscxplicau5fict,7 ^r^x^^-x* 

•^x *-5 jy '- &c. hoc cft fecundum f 1 1 omniajrr 

6r +0)'' iiir'' iifir'' 

ximi JT =: r , dabitur totius quadrantis citculi pcr 
iniinitam hanc fecicm dimciUIo. 

Schol. Quomodo vero i divifloae ac extraflione ho: 
mpdo inftiruti, fempcr feries invcniri po(Ii[,qu3e om- 
tawajt,ka curvilinei dad cujuTcuiique valorem ab- 
fplutum comprehendar , modo ipfltis^ viLorperquaniata- 
ces detenninatasac incerceptam x efferri pod^* (licetct^ui^ 
Tisgeneris afymmetriis fraftionibufquc iniplicitus, crudi- 
fima ia\ dilTcrMtione profecutus eft C/. D. Gr^iui : 
quo lefloretn curiofum remittimus. NeqQC aljud quid 
ad abfoIventUm per inliniras feries omntum curvilineq- 
rtim qnadraturam reitarc videtur , nili ut.ipfa applic«a 
y i^oad ftarim recenfiro pQfljc determinari'. Decre- 
vcramque huc f}>eAamia nonnulla hifcc aiinefleVe, hJli, 
felici omine ■ cum hxp prclo fubmittenda eflent, me 
honore prxfcntix fuz dignatus infignis Mathematicus 
f. Makjfl anglico idiomatc eeltbmimi Nemtvni coijiti- 
u circa ferierum propnetates in publicum emifl^ ef£ ^C- 
fcveraQet: quarc cum nihil nifi omnibusnumerisabfqlur 
tum e taiui viri lucubrationibus prodeat, meis edendis, 
uc Sc demonflrationi $. ai. addendz fuperfedi i & nullus. 
dubiuns, auin ibi loci pn)fai)dctra^ta.repeTianuir^ a^ 
aliameconiero. 
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Gap. II. jfnalyfts Infimtorim. 151 

HaAenus qnidemeaprzcipue curvilineorumrymtotna- 
ta> quz cx ordinari^ infiniieliniarum triga, e, a, a, fcu 
tmngnIoDiffi enaTci videbantur , difcullinuis , utitoro 
hujuscapiiisdecutfutum S. 17,18, &c. viJcreeft} quo- 
niam verononhxtaniijminfinguliscuivis, fc:d & inqui- 
buslibct przierea lincis fubtangentibus , tangemibus , nor- 
maUbusacfubnsrmalibus czterifqueinnuinerisrux confi- 
dcrari poETuni iniiniielimx 1 (qualcfpecimcnCap. I. i-^%t 
79, &c. exhibaimus) nova tiic fefe pandil, curvilinea 
tranfmutandi menfurandique methodusj acthcorematum 
.iipnexiguamultitHdo. * 

24. Sit Fig\. XLIL curvilincum JDEPyVo 
ccnturque ut fcmpcc .rf j^: jf , ^D-y, tangens 
TD: s, fubtangcns T^ f, notmalis D R:k, 
iubnormatis ^R:l, cwivzAD\Cj crcfcetxpcc 
rcfpcaivam ipfinitefimam 3P: e^y pcr E H\a-^c 
pcr DEiu\A Tfcu t~x =/ per BT: i; adeo- 
quc iTQ^ fcu / pec Q,P +5 3" fcu f +i , hinc 
& illinc i fic & Z> 3"= 9 C fctt s utrinque cref- 
dt pcr infinitefimas 9 £: » , & BC:^: fubnor- 
^malis Q^RJi crefcit pcr RV.o, d 
QP:f , undc Pr=/-<r + fl , BE: 
B P =i / + f + *. Sic Sa TC Ac X 
BE & EF rcfpcflivcnormales,' (\ 
Cimxi Sc DR crefcitpccinfinitenm,u. , .s.» 
& fic in CKtcris. 

Qax jamhincfucc ipro- 

pnetates uno dut altc 1. 

'' 25, . Sit P 2 curva ft cu- 

'jus'appUc?Lta H 2 cun ti ref- 

»^ t pc£ti- 

D,<,n.=dnvC00«^lc ■ 



1 5 a Jnttlyfis Infinitorum. C a?. II. 

pcaWae TQ^ftu f pcrpctim adsquatuc ) cnt 
£^aBPs/+r + i, adcoquc wv=g f+ij & 
fafti fubtangcnti H^-.h^ cft it': f.-.a-.e^i; un- 
dc t*=: he-i-hi, fcd nt:s ye, ctgoy e=t he , 
*hi, quarc ftftis Q^j a y 8 a HA, doncc 
enata fint curvilinea AZP & AfB^ ccit hoc 
n omnia j&i, illuds omnia he^ Sc utriufquc 
fumma xqualis curvilineo cxpoHto AEP fcu 
pmnibus ye^ undc hoc thcorcma : 

Si in qualibct curvi ^ I> £ ad appUcatam E P 
ordinctur curviUncum fubtangcntiale P z H, 
hujufque inquicatur fubtangcns B^; critcxpo- 
fitum curvilincum AEP fcmpcr xqualc dnp- 
tum cucvilincorum fuinmx AZP^ A F B^ quo- 
rum hxc efl: propriecas , ut appUcatarivn ^3 6c 
r 8 fingulx» utriquc fubtangentis tcfpeaivae T^ 
cxtrcmitati infiftcntcs , inventa curvx fubtan- 
gentialis fMbtaagcntl H * jugitcr adacqucntur, 

N. B. quomodo jam»curva ADE proprictatc 
cognjti , cxterarum relationes intcr applicatas 
intccccptalquc conftitutscinvemripoffint, cui- 
Ubct mcdiocriter in analyft vcrfato p lusquam 
cognitumeft, 

idcm cutvilincum APE^ 
: AiFBy quorum altc- 
^x, altcnvn ad f^btan- 
==/ — x=!y, prdittatum 
tefpcaivje appUcat» Q4 

i. ,„■-.. ■■.■Goo«^Il' 



Cap.II. Andyfis Infimtorum, 155 

& T% fcmpor zqualcs = A ; tandcm fobtangcns 
primi ^/ applkctur in T, 1 2 , ad fecundi intcr- 
ccptam^^T'; itcmfubtangcns fecundi TO ad 
ptimi interccptam A Q^in Q_5 , doncc cxorta fint 
duonovacutviiinea yf, ji,F,B,dcJTF. Dico 
hxc uttiina Hbi murao perpctini xquati. 

Vocatis cnim TO:»i & Q./:w; fiti^, C, 
s 1 3,F, =: i«i qux cft infinitcftma , quiibin uttoq 
curvilinco ccefcit : criti i»:lt::i:'*; tum:w:j&:: 
<:/*j undc cmcrgct mi =ine^ cftautemcxhy- 
potbcn area jtf,ii,F£ sOmn. i»i &fpatium 
jf Tf =: onin. ne\ undc conftat propofitum. 

27. Notaci poteft . fifiat^ =/ ~ TQ^fotc 
|>crpetu6jvr-f «==/>boc cnim cafu fictf-s^ + ij 
adcoq. »: r::i:*+*; mmw:/:;rr + f j uridc, 
cxplofis cx xquationum lcjgc infinitefimis j cf- 
fati vcritas eiuccfcct. 

iS, Sit idcm curvilineum .<#?£, itcm aliud 
ad condcm 9xem pofitum ^ AG P^ cujus hxe 
eft proprictas , ut Q^4 jugiter adacquctur prioti» 
fubnptmali ^R: 1 1 hujus indagemt fubtangens 
j5^/:ot; erit&, 14, =:ff-^*i adeoqucr»:/::^: 
&— /}Undc«* + /?=5 »ff, quarefafto4, 5»="»» 
erit<^5 =;»i+/jadcoqucquadrilineum><, zo,T. 
P , fijti omnia.w r + / f sequabuntur quadrilineo , 
30. i.Si 17»''» Cujus hffC cft natuta, ut ad fingu- 
ias nb^alis D iE ac axis AR intccfectioncs 
X & Vy-^c. clcvata perpcndicularis il , 16, 
K. i «quc* 
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154 -^ndyfis Infmontm. CAp.II. 
acquctur invcriti lUbtangcnti : Q,/ j quamo- 
brcm quadriiineum , 30,15,17,^=3 omnia 
m i demonftratio patct,curvarumquc omnium 
xclationes cx curva APE proprictatc cognita 
manifcftx funt. 

29. Quod iiic circa infiniterirnas BT", i,& 
R V, Oy praeftitum cft, codcm modo circa cxtcra , 
vcrhi gr: « &: ^' feu Z» JE & 5 C obtinet j faftisquc 
6,C,&7,9,=i&;critfpatiumJ^iV5, omnia = 
^; & tvx E B omnia huiit^ dc iiis in fpecie alibi 
latius; cumpundumiV,dctcrminatumper in- 
terfe^ltionem curvx AKN U tangentis B £, ip- 
lamtai^ntcm dirimatinduaspartes; quarum 
prior N E xquatur curvx AD E =3 e , unde 
^ B £. ; ~ rifufTcccrit hic modum indicafte, quo 
umumcti gencris curviiinca transmutantur. 

39. Quomodo vcro hinc multa curvilineo- 
tumfpatiaadnotam redigantur menfuram. ex 
.methodo i. 17. adhibitl innotcfcct fa^Hcnim 
qu|;libethypothefi hcn zif critfaiid Q_js/&, 
&T',:2,a i,fpatium-rfZPs; onmizhefScB F, 
i>»^=3 omnia^i: fumtaqiK ^adcurvilincom 
quadrabite, etit Sc ipfa z, ad curvilineum notum. 

Quopa^o autem exdatij&inveniatur£, fc- 
quoatiamanifcfiant. Cum hic iniinitelunx f & > 
&it adhibitx , notum cft cas conftitucre fubtaa- 
gentis T^Q^ incrcmcntum , quarc defcribatut 
aliacurva.rf4<7, inquafcmpcr Q^4e5 r(^«, 
' cric 
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crit C, 14= *+ijVOcataquchuiusfijbtangen- 

ti QJ^ », fi« »: ty- f. e *i, uqdc ■ ~~"S — 

S5i=; ^ adcoque £n «— » , hinc , datS curvi 
JDk, daturifcucutvilinei BJ'^ rclatio. 

31. Sic&affumtJs quibuslibet hypothefibus, 
per quaslibct infinitefinus defignatis , ultinna tO' 
detcrminatarum poft ccjef^as infinitcfimas(ca;cen 
rls ex arbitcio ad quasUbcr cucvas detc^minatis ) 
itinotefcet. 

Vcrb:Gr:fiat ^e^dos zi+g'', quomodo 
hinc infinitefimx cjiciantur, fcqucnti paradig' 
nutepatebit Ingeuerc. fi e in fiippofita xqua- 
tione rcperiatur , illa ad curvam; ADE pctti- 
ncns linca , qux per infinitefimam , quam ejicc- 
rc coiiamur , crcfcit , ad eundcm axcm A p ap- 
plicemr y cutvzquchinc cnatx fubtangcns rcpc- 
riamr, habcbimrque xquatio, qiia cxpbfitam in- 
finitcnmam toUerc poterimus. 

Sic I. ad ipfam tollendam , cum fubnor- 

malcm fpcftct , juxta J. 24I fiat curvilincum 

AGP talc , ut Q^ 4 acquctur ipfi Qj? , crit 

G 14, ^o—ei adeoque vocati fubtangcnti 

1 1 + i' t 

<^7— ^, cft y-. /:: e: e — e , undc o^ b 

II. ad i toUendam , cum fpc^t fubtangentenr 

/ , concipiatiir cadem Q__4 cffe s TX^. =! '', 

cjusquc fubtangcns Q^/ r3 », crit»:/;:f:* + /, 

undc 
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i^^ Undyfis tnfinitorum, Cap.II. 

** — nt 

III. Ad totlendam * , cum \ixc tangenMm 
fpeact,ritCi4=:/,Q^/=t«i,crit?»:j:;fj«+^, 
fcM mu^m>'^ sei fcd cxordinarUcurvatum 
proprietate c&tu^sf^ cujiu ope fublata « 

. ti t — mt t 
ex modo inventaacquatione, ctit*=» im . 
qui tandcm valorcs in ipforum « , i, a , locum 
rcpofiti, ac divifioncpcr ultimam * inftitut^, 
hancsequationemtcUquamfaciunt: • 

il^d b ■?» — \' gff^g"» 
i6+ b => ~n~~ + ■~^ 

Undc, tribuscxJ&, <(,&,;, proatbUiioaffttm« 
tis, ultimamanifcftatur. 

5cj&o/.,Npietur, cum adlingulas liheas, qiicprovzrio 
adcurvasrefpeflnacpofitioheinagnitirdinem varfant,' fio* 
gulr penineant infinitefimz, qaibus vjel ab miATteUbu- 
traquefui extrcmiiateaugentur aut minuuncuri ac nulla 
fitcurvai adquam infinitx, fahemprolubitu muItZi la- 
lesindetermioatxmuliismodiiirefciri non Valeanti ^ua< 
nun fingulz in cjua^ilibct infiniKCmam du^s; j 11 i^fifli^es 
fumantur,curvilineumaliquQdeflbrm^Hniihocipfoinet- 
liodus patet ac ratio, tranfmutxtioBes ac fpatioram qua- 
dratnras plurimisfflodistemandii qui haAenus» niiallf- 
mur, fermeintaAiMuhsmaticisrcmanferuat. Exonpla 
quilibet ac theoremata proprio martc, ad prxcedentium 
normam, fHbi cudet^ unicum hocaddamiBminusexetcii 
tatonim fratiam i otijateai infiniteliinarum cirrvilineo 
nimq:htncorti.m<luceotiamnumerumacvarieutemjfiYe-r' 
liiliust utfiTigulucurvisjivHo^aiite0erc.ei:i. 
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jl^. Rciwtitis Pig^ XXil.^ u Cap; I. J. 7 8 
fymboUsf ia axe ^ .g^pduao aflkmatur pun^ 
dt»n aliquo^ fixuni ff • unde a4 proloi^atas 
tangei>tes EB $, BTs t ducantur pCFpendicu- 
larcs if 3 , fTit appcUatifque AlV:. r, If s-*t 
cri( *f3^S3 r+jf •-■/jtmn&4,5 . critinfinite- 
iimaqux vocetur:r»^undc Wj t=*— /«a «'^» 
juxta !cn;ima 36i &ex hypoth. aQguUis Jf, i.W", 
e& re£tus , quare triangula WiB i dc£?B 
funt limUia , idcpqi !•+*■ — / — i: *—/*;; j + i» 
+ Ar j^+ <,undc r.A~rxx—tf.—ji--, ku — */*+ jt ji , 
quibusrc^angulisi tanquam cur^ilineorum in« 
dic^us , infinities fumtis^ juxta itifiaitefimanun 
/* & * multitudinem;hinc & indc nafcctur zquaUs 
curvilincoram fumtni ; ndc fchemata' ncc dC"* 
monftrationam addo , cum mox prafgrclTa intel- 
Ugenti haec obfcura cffenoqueant, Hoc adjungo , 
ptmda i & 's > cffc^d novam hinc gc^neratam 
CMCvam .6,3,, S. 7i c^jus rcl^tiq ad axcm *f ^,fi 
opus Ht , cx^pet) poteft , mcdfantenormaUitt)^ 
cundem dcMifla j rcdula 3,4,cftinfinitefima, 
& triai^la jif^ 3 , 4, &.£, 4, j , funt fimiUa , uode. 
aUadenuo pcopuUulah^ 
■ Sic tefUmtiS,Cap, I. J. i o i , ob mignani ilUd 
indctpcmioatamm , iwfinitefimardmqiie copiani, 
nulla fcrc ibijoci reperitur iquatio , qua vario- 
rum curvUincorum multifiriam aequaUtatcm 
aliaque fymtomata non infcrat : vcirum hxc fuf- 
ficiant.' 33. Quo 
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i §S Anatyjis Infimtorunt, CAp. !!> 
i j. Qu6nia'm vcro iatrapczk hon foluii1,fed 
tc plurimum in ttiangiita , idqueviritsmodis, 
qax mcnfuiranda prx manibus runt', polygona 
difpefcerc folent Geomctrzi CitFig. XLI. Curva 
AVEF, cjufq. tangcns TVE, cui notmalls 
cft ^ 5 i dividaturq. Curvitineum JD Efo 
(quod juxta Lem. 26 , & 27 cum polygono 
«oincidit)cx punfto ^ in triangula AT>E, AE P 
& iuniiia j ac cxtctis vocatis ; ut fzpius, dicatur 
AR:n, crit TA: AR:: DE\ EHi fcu t — x: 
»:^«:« ; qUarc /4 — *i(=3 »«j hoc.cftpofito 
y-* in /jl/, figura J'^oftnomnia<'j(— AT^ 
«qualis duplo bilinei ADEF, quod-conffaf 

'- ■:. -itu A9j*D. B' 

totidcm triangulis ADE fcu T hoc cft », . 
Coroil. fit , AD£ , paiaboloides » cujus 

acquatior ;!f ^^,.ctit * =:3. ^ •^adcoquc /rf-!. 

fxa—qxa 

xaii~' 9"~i funt autcm ohinia x d aequa- 
Jia complcmcnto parabolico SAF, quodvo- 

fJ -^lf 
cctor / , crgo ^ — «quale duplo bilinei 

ADE i quarc i . ^Tq" =1 r , feutnan- 
gulum JAi^ minus biliheo Adef xqualc 

trilinco sAd.F: undcrcdu£l43equationcj.+^ 
=/. utifuprajamaliquoticsinvcntum. . 

34- Sit 
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CAp. II- ^ndyfU Infiniterum. 159 
34. Sit eadcm rig. XLl. multangala fea 
cutvilinca ADEFO , ducatutque NE cut- 
vam in F tangcns ; ut fpatii A F magni-' , 
tudo indagetuf , dividaliit trilincom JV F ^^ A in 
ttiangula Z)Br, ac fimilia ; cu jus altemm la- 
tus Pr infinitcfims ED ia dirc^m Jaceat, 
altcrum B D fit in infinitcfim 5 ZD ptoduaS & fic 
inca:rcrisj vocatifquc BT infinitcfima /, ac 
Mf:y*ti , pofiti DQ. = J' , crit triangulum 

BDr=a t, adeoquc trilincum NV Z A x- 

qualcomn. T' fiat jam ^ f =3 z.^, fadoque 
Qia », ciitfpatium A^ofcuomnia z,e i- 
ij. 

qnalc duplo ttilinci W A F fcu omn. V i cum 
autcm hic fitj^: z.r. e.i & pofito TI — J), ac 
I MS t juxta i. 79- Cap. I. h:j~h::e:i , 

jy—'') 
crit z.=5 6 . 

Coroll. Undc pofita ^£F ad idcm cum 
pticcdenti paraboloidcs , crit juxta tangcntium 

methodum r / fcu i 3 , , quarc a =1 , j 

r)'—v 
&omnia ice fcu j^^O feu , . ad para-; 
boI6tdcfi jiV fcu omnia y e ut^— j ad j, 
fcdfpatium ^40 acqualc ex pricedcnti duplo 
tiilinco NAt , crgo duplum trilinei AHV 

ad 
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i 6q Aitalyfts InfimtQrum, Cap. II. 

ad parabolam jiFO tiiangulum JV¥o com- 
ptentem ut f — q ad q, unde rurfus paraboldi- 
de6n quadratura innotcfcit. . 

3S. Si vcro quis aliam curvilincorum in 
triangula divinoncm. cxpctac , afTumto tig. 
XLlilScXLir. inaxc AP pundo quolibct B , 
ducatur ex eo tangcnti D £ produQx noirmalis 
B j, qu3e vocctur », ac BT:j&, dcporcocx 
pundp B curvilinco B £ D A divifo in trian* 
gula BZ>£ 6cc. a:qnabant hxc trlanguta ip* 
fum curvilincum j 6c propter triangulorum 
TDQSz^TBR fimilitudincm TD-.DQy.BT: 
"BR-.-.D^-.EH y fen s:y.:h:z,:\u:d. umc »« 
^ h» y faaSquc AfB ipfi I> Q_ paraUcII , ac 
fumt^incSBCia Z>Q_=l y, &<7C=a£H=3 «, 
cuiin C normalitec infiftat CLthy idque to- 
tiei , doncc pcr extrcmitatcs ipforum h fcu 
punfta K", i.,ficc, defcribiqucatcurvaiSTiirZA, 
eritfpatium NM^A. xqualeomn. h*, quod 
aquaturtotidcmt«, fcu rc£i:angulis ex BA in 
DE^ jam BJI in X>£, cft duplum trianguli 
B £ Z> , pcr elcmcnca : quae triangula complcnc 
trilincum mixtum A D £ B , quod proindc 

=: omn-t ,quarconuuaA4fcufpatiumiVJ^BA 

zquatur duplo ttilinci ^ D £ B icH omn. »' 
unde varix dcnuo curvilineorum transmutatio- 
ncs, CtroU. 
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Cap. II. Analyfis InfimtorUm, i6i 

CoroU. Pofitiscnim, Fig.XLIIl^ 5j^:jc, 

QZ) : jr, fit zquatio cutva ^ 2> £ ad hypeiboldm 

/ 
t r ^jy 5= 7 * * i ^'■i' i"*t* tangcntium medio- 

dirai ^T fcuCi sA s=/y , qux xquatio «- 
prcfla perj-, cam Ct ad^feu CR ordincnir. 

■ <? 

erit*_ rt'/ i curvae N LA relationem defig. 



nans zquatio § eftq. hoc in cafii curvilincum 
^GK J xqualc ttillneo hyperbolico BeD A. 

3 6 . Spontc hinc nafccntcm obfervationis loco 
Conchdidum dimenfioncm adiicerc liccat. 

Sit Fig- XLV. Polo M , verticc A , normi 
Z)Q_, <Kfcripta Conchois j*BC; voccntur- 
quc AD =^B:r, VM:s , (7D:/. GB:x, 
critradio AD feurdefcriptoquadrantccircull 
AHJ , appellat^uc HG : y , conchoidis 

/t /» 

proprietas , j; =3 "/ *-jf i&, pofita / 3 « = <7 iV. 
ad curvam ANRy x,+y=i x. Undc trilincum 
>f <7 iV fcu omnia X f , unacumtrillnco AHG 
fcu omnib. ^ e xquatur omnib. xe feu fpatio con- 
choidali ACK 

Jam autcm , cum omma y e fint ad quadran- 

tcm circuli , invenicndum rcftat trtlineum AGN 

fcuomnia z,e., qucminfmemfumta N? Ccaf 

pro applicatil, Sc D P (ca i pro intcrccptS, 

L crit 
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Jy 
erit (cumflt / ss * , tc yy t^ fr-^ff) /a 

»777+^ acquatio curvs JNR rclationein ' ad 
axempi* manlfcftans, huicautem curvilinco 
ADPN per pracedens cotonarium , xqualc 
fuic invcntum trilineum hyperbolicum j qu2e 

uthinccafuiapproprientur,crat Aa ^iri^jj in 

CoroU. praemiffo^hic vero/s 71}^xk- *^** ^** 
terminorum comparatio , & coUatis denomina- 
toribus ctit /a r & ^ = / , cx numeratoribus 

1 rr . 

autcmemcrgit: 1 ^ ff ' qiiatc loco aqua- 

tionis hypcrbolicae rr+yys'^ xx , fi loco jf 
fnmatur i , orictur hoc in cafu hxc ^ qux fcqui- 

/r 

tur , //■+ a a =3 rT i * , hypcrbolam fpcAans , 

cujus latus transvcrfum =3 i r , reiium =5 "7 * 
ad cujus conftru£tioncm , quadrilinco Ad P N 
circa DP revoiuto in SDPT, larerc refto 

*r& tcanfverfo A S, fcu* zr, dcfcribarar hy- 

pcrbola modo invcnta S F , fecans produAam 

NP.mF, ericdaftircaa D/", mixtilincum 

ADNP 
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A1>NF fcu TtSTPy diiplom ttiUnci hypcr- 
bolici SDF. 

Ergofpatium AGN aequalc duplo trilinco 
SDF, dcmtoreaangulo GDPNi cuirpatio 
AGN jam invento fiaddaturfpatium jtNS, 
feuilliaequakfcgmentumcitcalarc AHG, cx 
modo datis emergit fpatlum conchoidale AGB 
aqualc duplo trilinco hypctbolico J" D F , una 
cum fegmcntocirculari AGH, dcmtoreaan- 
gulo GDPN. 

S. 37. Repctantutfymbola J. 24.aflumta, ac 
fchemaXLII. Oportctcurvilineum AZP de- 
fcribc;c , quod sequalc eft rc£i:iHrico cuicunquc 
inter quafiibetreftas, cutvam ADE fpcftan- 
tcs, cfForniato. 

Dicaturcuryilinci qusfiti applicata Q^ 3 : A, 
crit AZP =omnia ^^i jam quxritur <&, fi 
yy 

. I. Sint omnia he=i 1i fcu arca -rfj^3=; 
femiquadratoinCJp. Hxc & fequcntia cx 5 . i 3; 
folutioncm admitmnt.fiatenim he fcmper aequa- . 
lc terminorum infinitefimalium fummse cx rcc- 

yy 
tilineo dato , feu hoc in cafu cx Tot tum duccn- 
tium, crit he:zyjii adeoquejuxta J, ij.ira- 

dita, omnia A^somntj-tf = r,iampcr3Equa- 

tiones cxcurva ADE conquilitas elimincntur 

L 2 ia- 
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1 64 Mdyfis Infimtwm, Cap. II, 
infiniKfimx # , 6c £\ habebitarque , cum fic 
h c s. y *t Uye =: /< , amotis infimtefunis , 

II. Sint omnia he = ry=i rcftangulo ex r 
dctcrminata iri 2>Q_, crit rs tcrminus ii^- 
nitcfmialiscx ry oriundus, &fa^o hes r^, 
crit ry^z omnia he=i omnia rs, cxg. 13. a- 

ry. 
dcoquccumfit ^^=3 /rf, fiet h:s T* 

III. Sint omnia he s xy s roi^angulo cx 
^Q_in QJ>y crit juxta Jf^o/. $. 13. xa+ye 
tcrminorum infinitcfimalium cx xy nafccn- 
tiumfummaj hic fiat 3 A^, crit xy^ omn. 
Afs omn. x4-^ye cxS.ij. & cUfis infiinitcfi- 

mis pct acquationcm. : ye=: ta^ fict h^ » 

IV. Sint omnia A<r = /7 =! rcAangulo ex 
ClT in Qd. crunt , juxta $. 14. ipfius / , rc- 
fpcfltivK infinitcfimac = e + ii adcoquc tcrmini 
infinitcfimalcs pcr Schoi. S. 13. hinc prodeun- 
tcs^^+^i+/-« , quibusfaftiss he^ erit ty=s 
omn. he=i omn. ye+ji^taexS.13 ; unde ex 
hac acquationc he.=: ye-^yi-^tA hocqiodoc)!- 
ciantur infinitcfima:, primo, cfl: ta=iyey quarc 
he = zyeJryi-y lccundo, ut tollatut i , cum 
hKcpertineatadfubtangentcm T(^feu/, fiat 
AGP cutvihacumfubtangcnrialc, inquofcm- 

pcr, 
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Cap. U. jfhdyfis Infimtorum. 165 

per, Q,4=Q,7',,crit G, 1 4, = ' + ^> & vocati 
hu)us fubtangenti Q/=!»,cftw«r+»i?3 '', ex 

qua cum priori combinati emcrgit h ^ n ' 

V. Kurrumnntomniai&f -r/;=re£tangulo 
cxrdetenninatainQjr,eritjuxtamodomemo- ' 
lata he=s re + ri , tum nt+ni^ te, adco- 

quc A=: r* 

VI. Sint Omnu heziftzi rcftangulo ex 
TD in Q_t: cnint, juxta$. 24, »+*ipfiusy^ 
ac «+i ipfius t Lifinitefimae i adeoque infini- 
tefimalcs tcrmini cxft oriundi , juxta {. 13. , 
Schol. * « + / * +/> +y* j qui fi fiant =1 ^ f , cfunt 
omnia he^ omnia t» + tf^-¥fe+fi :? ?j ex 
5. 1 3 ... ; quomodo jam hinc infinitefimi tol- 
lcndx fint , ut ipfius h valor invcniatur , jam 
$. 31. in gcnerc oftcnfimi cft i & excmplis pri- 
cedcndbus citc imeUcais fatis iiquido apparet. 

f. 3S. Hocnotctur, neceflaxio non requiri , 
ut h fcu Q^3 pcrpcrao ad ji ^appUcetur; undc 
curviUneum JZP peromnia he cxplicatut, 
feu pcr h £c infinitcfimam e , qua .^ Q feu jk: 
crcfcit . vctum & ad aliasquafcunquc rc^as ip- 
fam h ordinari poflc. 

Sit cnim T , 9 ,=: h , erit curvilihcum 
SFA^ omnia hi^ fit hocxqualeipfi ^^ feu 
omiiibus xa+ye, adcoquccumfit xti+ye=s 

L 5 hi, 
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i66 Analyfis Inftnitorum. CAp. II. 
hi, tum tAsye^ & juxta $. prscc. Ex. IV. 
»tf+»*= te , ejeais infinitefimis fict h =s 

nxi +n t y 
(/ — tn 

Ncc ultcciori difcurfii adftrucre opus vidctur, 
poflc h ad quaflibet tcCtas quibustibct infinitc- 
fitnis crcfccntcs applicari j modo infinitcfima- 
xiim climinatio, juxta ea qux in $. prxc. timi 
& S. 31. tcadidimus , Icgitime adhibeacuc: fic 
enim tj^ potcrit fupponi sa omnia he incurviU- 
neo AZP i tum =3 omnia ha m curvilinco 
AP ^ , itcm =5 omnia h t in curvilineo JFBi 
necnons omn. A o in curvilinco 30, ij, 17, r« 
& fic infinitis modis. 

$. 39. Ncque- fempcr neccffarium cft , ut 
reailincum , cui alia figuca curvilinea aequalis 
quirimr , fit intcr rcftas ad curvam JDE fpcc- 
tantes conftitutum j qainimo gcneraliref folvi 
poteft problema , ac invcniri rclatio , quam 
. habct applicata Qj ad intcrceptam J Q_, fi 
curvilinci J Qj arca fcmpcr fit squalis rcftan- 
gulo quarumcunquc applicatacum Q4 & (^5. 
fadis enim Qj^ = /, & Q_5 = z. , Tubtangcn- 
tibufquc , Q_/=; hi Q^,_ 18 , =; i^, ac infinite- 
fimis, (7, I4,=:,«,&r,i9,= ^*: 

Cum ex hypothcA fint omnia he=i fz ; ccunt 
/f+zi tcrmini infinitefimalcsexrcftangulo/z; 
oriundi, qui fifiants he, crunt omnia Af=5 

6m- 
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CAp.IL Analyfis Infimtorum. 16 j 

cmma/f<4- omnia x,i-^ fz, ex %. '13. jam cx 

ll 
curvilineorum AGP, ATP naturdcft*s3 T 

itcm^s 7, undc fuffedis in scquatibnc he:z 
, /7 fK 
z, I +/11. invcntis valoribus crit * = a + j/ j 
quare fz- rcftangulo per x interceptam cxprcffo 
ctiam * per eandcm x cxprimctur. 

Ex, Gr. fit/£= t^rrxx-i-rx*, fiatque /;3 X, 
SC Zx /rr + rx] Crit ^ == Af , & d=S 2r+ZX i 

undc ablatl arymmettii cmcrget curviiinei 
A Z P rclationem dcfignans arquatio , 4 r ' + 
i2rrx + 9rxx ^ +rfoh+j^xhk. 

S. 40. Quod fi /& » , quolibet modo , 
hoc cft in relatione ad quaflibetlineastumrcc- 
tas , tum curvas , cxprimantur , tamcn h de-. 
terminabimr $ modo fubtangcntcs hScd cog^ 
nitxfint, utipater. 

§. 41. Animadverfii dignum vidctBf , ficur» 
vilineum quxfitum per omnia h e defignctur , . 
hoc cft fi <^3 fcu A ad ACl^ku x tanquam, 
intcrccptam cnrdinata fucrit , ipfius h valorcm 
jugitcr adaequari fubnormali QJ^ curvac A , 
23,, P; Gujushsc cft proprictas, utcxiftentc 
ipfius applicatd Q^, 22 , = ^ , fit pcrpctuo 

fz,is a , vocatS cniim hujus fubtaHgenti Q^, 

3 j, =! «», &fubnorm'ali ^f: j, cactcrisut 

L 4 fopra 
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fupta.mancniibus , erit juxta Cap. i, $. 35. 
«quatjo ad tangentcm/2.i w +/j; d m Tsgghei: 

quare h -^ d t=* u „ =: j cx propnetatc 
trianguli rcdanguli , 21, 22, v, 

Poflent hinc omnia cxcmpla J. 37. cxhibita 
deduci ; fi cnim fiat , /=5 r , & i =; ^ , crit 

i= », &i=; /, adcoquc J&z; "^ +j' = j , ut 
inexcmplotcctip. 

- Sc^. quod , fi ^is hiflc converfum meditetur; & « 
oaiaA ieu SKi velii inquircre curvilinci A^ magniiu- 
'fliniffi i patet ex prsccdenti loium hoc negot<um adprobl. 
S. 9y. Cap. I-propofeumreferri, nempc ad invennoneria 

. carva: 4 , 1» , p , cujui fiibnorifiaKs gK fit d«ta a 6 ; 

^de quo alibi latius aaum eft.. Imerioilicci S- 57. &Jft 
exhibita excmplavariosvideaniurinnueremodos, qmbus 

-idem, i pofteriori vcfti^iarelegendo, obiineripoflti! ex 

.S.4.r.tai»enlatiseftmaiiireftum, tot^mhanc, qnarprimv 
fcfe ofTcrre videnir , principiorum varict^tem in unicuiQ 
hoc, quodmodopropofuimus, defincre. 

Qnxtiametiamfiieoruin, quseS. ^8. tradidimaSr cum 
il)pdbrecen(itisdiirerentia,aanibitocaIculogen«ralionad 
njeihodum S.prKCcdencis, eluccfcet, 

Poflcnt SJhicreUuonescurvilineimeDfUFabilis Ajjs', 
naiurali quodam Qrdiac<U()ioni ; a ftmplicioribus arf magis 
compofiia progrcdiendo > plnrimorumq. adeocurviiinea- 
rummenfursEiradi, exvariisipfiusg feu ^ ii, ad ^JJ. 

-relationiRB hyphottieltltus oriuirdx t at quorfum > - cnm 

<npti nili i^eqier^iter foluto (3rp)ut inliauaio fiibnaiiiub- 
lium^rdblematc, deJideratumobtfDeriqueat. ' , 

%. ^2. Sit, /i|;. XXXIV. AQ^-ND: x ., 

i:,<,n..<iT.CoOJ^lL' 
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QB s3 TM: j , QT =: B M x /; <^P : ^, 
JST: *; critatcaj*£?=!omn: ^f jhujusqu»- 
ritur mcnluta. /, cumffitinfinitcfimaad ^Q^ 
fcu X rcfcrenda , hoc in ipfius locum rcpofito ha- 
bcbitur: jijf , cujus tctinini infinitcfimalcs^ e^x a\ 
&)axtaf. H,omnia)if+ornp. X-» =:^Ar;undc 
patet cognitis omnib. x a. , cognofci omrL jr e: cft 
autem x 4 ad dati fpatii complcmcntum KEA, 
utinotum. 

II. Cum infinitefima e fpe^ct fimul fubtan- 
gentem , T^ fcu / , cmcrgct , / ipfi e furro- 
gato ,7/5 cujus infinitcfimalcs je^yi^tit , 
(ca ije^jii &pcrS. I], omn. z^^+omn. 
yizs yt i undc invcntis omnibus y i , nota 
erunt omnia yei jam yi effe ad curvilincurh 
L vA nemo ignorat.Hxc autcm methodi gtatiS. 

Sdiol. ut vero paieai 1 nonlicmpcrunffeiKiuni invencio- 
nemaut rubnormalinmad menfuras curViIineorUm ncccflk- 
riam eflci venim & folam xquationis curvz ad infintccfi- 
inas.reda£Uonein fzpenumero levi opera pandere , <]uz, 
, non nifi incricatiori calculo^per tangcncium ttlethodum in- 
quiieremorised, fequeaciafubiungo. 

J. 4j. Sit , in Fig. XXXIX , J ^=i *, 
^Z>;7,infinitefimxI>H:/, £//:'«,&curvaE, 
scquatio ad quamhbet paraboUfotmem rf—lxl 
=i yP i crit h^c !cq\iatio ad infinitefimas rc- 
dafta, acinjf*- dwSt^iqrP — ^x9ye~fy^xA, 
qu3E pcr icquationcm datamdivifadabit qyc ^^ 
f X d i quociica juxta lemm 43, f. j:: om-<, 
* L 5 nia 

D,<,n.=dnvC00«^lc 
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nia x ' ad omn. y e , hoc cft ita complemcntum 
AF y zd. paroboloidcm AFO. Unde cadem , 
quz f. II. oftenfa funt , dcduci polTcnt abfq, 
tangcntium auxilio. 

i. 44- Sit Fig.XJII. N.x. cadcmqnc, qua; 
f . 3 1 . Cap. I. fyn)t>ola * adcoque ciflbidis AKG 
;eqiiatio jf je-= ^ s , fcu x* s r z. z — x t:> z> ; crit 
ca ad infuutcrutias r^&a , juxta Schoi f . 1 3 , 
3jrjrf=3 2rio — 2jf*fl — j&a#;quxdivifapcr 

K, ac loco '^pofitoj' juxta hypothefin , tum 
& / ipfi r— jf fubftituto abibit in hanc. 3yc=i 
2lo-~-z,e. 

Jam vocato .ciflbidali intcgro fpatio = k , 

fcmicirculo integro =3 f , cum omnia / fint 

rs omnia£>«, (fiutrumqueareamcifloidisinfinir 

tam defignct) erit ic=izk—isii fcuCiflbis 

■ femicircull tripla. 

Hocnotetur; fitnm omnia /0, tumomnia 
z; f , non ad infinitum cifl&idis fpatium , fed ad 
partes cjus rcfpedivas rcfcranmr , fore A K P 
= omnia x-e { hoc dicatur : /) tum AKMO 
= omnia / ( hoc appelletur : p +/", vocato fci- 
iicet reftangulo PKMO: f) acomniaj^^sa 
APE. (hoc fiat=: d^ quare cumfitexfupe- 
rioribus omn. 3 ^ # = omn. ilo — omn .z,e^ crit 
id^ zp+if—f, feu sd—fs tp^ hoceft 
triplum portionis cireularis AP E , dctra^i 

rcf- 

i:,<,n..<iT.GoO«^lc 
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rcfpcftivS Ciflbidali portionc jIICP , crit ac- . 
qualc bis fumto rcftangulo F KMO fcu A f 
m PE: eft cnim M natui4 Ciffoidis rz^—xg, 
zsxy. 

Tum & alia rationc cx aequationc invcnta 
3 d —/'3 2 p totius CiiToidis ad circulum ratio 
cogtiofcituc } cft cnim rcdangulum P KMfi 
npTirz. — xzi undc fafto x=r, fcu A^ 
si AOy pertincbit ipfa / ad intcgram Ciffoi- 
dcm , zc d id totum fcmicriculum , & ^ cva- 
det xqualis nihilo ; quarc 3 d — /" o , &/a 
3 d , fcu ciflbis ad fcraicirculum ut 3 ad i. 
fimilia hic poflcnt circaciSbidcmcxhypetboU 
gcnitam aliafquc curvas adjungi. 

i. 4s. SltConchSiS ABC Fig.XlV, ver- 
ticc A , norma D ^ ac polo M dcfcripta j 
vocenturq. AG\ Xj CB: z, GD:f, GM:ly 
AD:r, DM:py tum radio AD duao drcii-: 
li quadrantc ADI ,' appcllctur HG:y, tan- 
dcm dicantur infiniteffmse , (? 2 : f , 4, y. a » 

Notum cft «quationcm conchoidispropric- 
tatcm exprimentcm cffe Ijsfz,, haecrcdada 
ad tcrminos infinitcfimalcs dabit fo—x^=: 
l»—ye , qus , fi ducatur in /, ac loco ly 
ponatut /c, cxhibcbit flo~lliir=.l7:,e —fz, e; 
undc (cumfit /—/3 ^, ac cx namri conchoi- 
dis /: z,: :f:y. ) omnibus per / divifis fict/* — l* 

. I Godi^lc 



lyx Mdyfis Infimtorum. Cap. 11, 

??e Prye ry , - 

=" /=?/•■ : Jam vcro fi / feu tangcns A 7 
vocctur » , ipfiq. jugitcr xqualis aflbinatur C N^ 
doncc exoru fucrit cutva nova A iiR , etit 

fne 

fvTsl*^ T; & fumtis omnibus infinitics , om- 
nia /ff lcu fpat : AWVT> aquanturomnib. /4 
fcu fpatio 'ifZ M A, uriacumfpatio A^ 2, 8, 

f 
feu omnib n e dudo in ^. 

Undc tutfum conchoidis ad alius gcncris cur- 
vilinca ratio innotefcit. 

|. 46. Sit, Fig.XXXlX. radius AO-.rySc 
j* D arcus cifculi , ^(^:tr, Q^D:^, ^C portio 

.XX 

Ciflbidis cujus appUcata ^C: " a * i tum 

AB parscurvae,cujusapplicata^5; 7" =3 ;tj 
quaeritur Arcx A ffC^ratio ad fcmiarculum; feu 
omnium * ; ad omnia y e. aequatio fe^icircu- 
lic!i:2rx~xx=:yy, qttac rcdafta ad infihitc- 
fimas dabit, re—xe=3ya , & du^a in x ac 

TXe xxe 

divifapcr jf cxhibcbit. " 7" ss xa , fcu 

k,e ~~ z.esix a i & vocatisomnib. * e fcu 
A BXi^d, tamomnib.xiefca ..4 C Qt/i ac om- 
nib. xa feu coniplcmcnto portionis circularis 
ADXib, cft /^ d-b s 3e-~2p tx$. 44. 
(fa^o nimirum fegmcnto fcmicircuU ADQ:=c, 
& rec- 

i. ,„■-.. ■■.■Goo«^lc 
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+* — zpficcumGtk 4-ra^, tanaem ds; % e—f- 

Notetur, iiiitxs %r fotcps o , adcoquc 

dzi 2e f hoe eft tocum curvilincuin d, cujus 

applicata : 7"» squatur duplo totius femicir-- 
culi, feu 2e. 

Hu)us curviUnci aream S. i6. Coroll. III. alio 
modo in ratione ad circulum tangcntium ope 
dimenfi fomus. . 

J. 47. Quinimo^ & brcvius fic cflicitur , 
divifi .circuU xquationc zrx—xx^yy 

irxe *xe 

pcty^ duftifq. omnibus in ?, fict: "P — 'J' 
= /^i fcii ftimendo fymboli pricedchtis zd— 
f=i c ; & Ciim aequationem ad intcgra cucviU- 
nea dctemiinaiido fit juxla |. 44. /s j c , crit 
dts ze, utfupra. ' 

§. 48 . Stantibus iisdcm , quaeritur cutviUnei 

ABQ^, cuJusippUcata Q_B=;'7, ratioadcir- 
cu!um. 
^quatio femicircuU infinitenmaUs re — x» 

■ ■ r rg 

^ya, duifta in r, ac dlvifa per y^ dabit '7' 

r-x e ; ' . rre . . 

— "^nr*} fiantomnia^ 7feu A^Q^a q ^ 

r X e 

omnia "^fcu A Q,C=! d , omnia r« =j A JT 

10 

. i. ,„■-.. ...GoQi^lc 
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/0 =2 r^=: », crit q —H^ d:s ze—p, /uxta 
J. 46, adcoquc, ^=3 2f— ^ + ». 

Et aEquationem ad intcgra curvilinea cxtcni 
dendo , erit xs 2 r , & hinc tum p tum » ni* 
hilo scqualia 5 undc tandcm: qzz, if, ftu intc- 
^um hoc curvilineum cft fcmicircuU duplum ; 
quod J. 1 6. Coroll. III. tum & J. 1 5 , alio pafto 
per tangcntcs evictiim cft. 

j. 49. Qpomodo vcro hsc omnla in J. 10. 
modiun cutvis ad punQum (^ rclatfs applicari 
queant, Icvi opcra cxplicabo ; cum cnim fit Fig. 
XLVI. continuo TV-.s,!) Q,,;" 'DB, u -.E H: d , 
etit fcmpcr V* s^ «;undc radjis, DQ^Sc f^dqc- 
tis arcubus D I, £G ^ crit JG^ a i pofitaquc 
TD fcuf, in IM, erit Figura ^PK fcuom- 
tiiA sa «qualis FigurS j»«^^ feu omnibus 
^«, Fig. XLVII.inqualig. qf<p rcfta ^? fup- 
pofita cft icqualis curvsc cxpofir^ Qp EF, ita 
ut Z» i" fit iqualis A fcu « , ac applicatse /«j 
• K, funt xquales rc£Us Z)Q^, jEQ_feu^i 

Quoniam vero tot contincntur in ieS4 Q^J 
infinitcfima ut / C =s H E fcu *, quot in Cur- 
v4 QZ) £ F infinitefimx D £ ; vcl , quod co- 
dcin rcdit, quot inrc£la ^9 (quacnmcurvS 
^D F cadcm enh fupponitur ) infinitcfimx 
/i feu w , vocatis J'»; 2; , & IM: h , fafto- 
quc fempcr ha=izuy Figura ^F R fcu om- 
nia h a , aequalis ctit fpatio j ? * fcu toti- 
dcm z,u. Quatc 

D,<,n.=dnvC00gle 
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Quare pofitl £ vel h ad locum qnenilibec, 

iltcta A vcl £ innotefcet } namquia i&«s x^«» 

eft. « : «:: «: hr. y: s ^ undC i& / = « f , & 

' Cum vero qiiidcm xquemulta fint DH icu ^, 
quam HE feu i, ac DE feu » ; fcd iiifini- 
te(im£ D H tam conlmode in re&am projici 
nequcant , ac in Figuris ad axem telatis ; defcrip- 
t4 CurvS fccundi ^S NO id idem punAum 
Q^ rclata , produftisquc QD in X , &. Q^S 
in JN, fiat Q^J fcu Qiia z , &;arculus in- 
finitefimus R S dicatur i , ctit juxta i. 10 , fpa- 

tium QjSNO:s omnia T; fafto jam j&i^a 
j&it , ipfa / J^ dicatur A ^ ctitque fpatiutn 
j^iC i? fcu omnia h a xqualc duplo fpatii 

^SNO fcu omnium T, nam j& * a "^. 
quarc pofitS akecuita h ad locum qucmlibct 
innotefcit Jt, cum enimfit ^D * j»: DH, ^:: 
^S l zr. SR, i. ob arculos DH & J* Jl pa- 

ralleios, erit. e^ ^ s j , hinc ;j =3 i s 

7, qnare /ajc:: j&^j-. undc data. j(f nofcitur » 
& contra, 

Simili modo , pofito zi ^ h'u , faftaquc 
rc£ta j9 aequali curvx ^DEF , ac A =s 

DE, 

i. ,„■-.. ■■.■Guo«^lc 
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PE, a « , item »t,zs h , eiit fpatium q<p9 

fcu omnia h u xqualc duplo fpatio QjS O i 

tll 
fcu 1 } quare z. vel A pro arbitrio pofitS , quae 

reftat hoc modo dcterminatur , cft enim , 

TVyf:. Z)£,»:: Q^r, ^: 7)W,#. undc tf a 

tu 1 i t^u hu 

T =3 "r , quare rj - ' =i "T » & tandcm 
tz.x.:=shyi unde patct propofitum. 
: CoroUA.Hoc in cxcmplumifit F. XLVIIL (pi- 
ralisDf S/^Pad Circulum APX pertincns, cujus 
ladius, r, periphctia, ^, SZ> : £, Df :/ rcfta FStan- 
gat fpiralcm in S , infinitcfimaE, S /: ^, HJiaj fit- 
que juxta quemvis tum inradiotumincircum- 
fcrenria motum, vocato arcu P -* ad lineam S U 
rclativo : € , aequatio fpiralis ,r^: tl'::rK:ct, 
CTir juxta $. 67 Cap. I. de tangcht- D ¥ fcu r = 

*r, & pcr curvae aequationcm ipfo c amoto 

~j7J7~ ' - z , qu« «quatio eit ad pa- 

rabolarum unam; du£^o enim adfpiralisprin- 
cipium P radiO-ZiP,faft4quc .D\/W= DS = », 
icDLsVHi erit XiW= HSa 4, pdfit4q. 
Z> F fcu / in M N, donec per omnia N duci 
foflit Curva DNORi crit f appUcata , 6cDM 

fcu e intcrccpta , ac J? P = 7 , & rcftan- 
■ gulum 

I..,,,-... ■.■Goo^Il' 
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gulutn PO^Rx t I fcd}uxu f. II. Cor.I. 

critparaboldides DRP kti^ ^ omnU t s^ 

a T a dupluni arez fpiralis ex f . ic ; quare 

ipatium fpiralc xquatur ^4-1 rj quodcftadCir- 
cuiumfeu ^i^r, ut i ad it-vzf} hxcquoque, 
fcd alio modo, demonftrata dcdit dodiflunus 
Siufius in mifcellancisi 

Cofol. 11. Quod ri fpiralis ejus Ht na:turx * 
«t circuli radios f i> ad cundemfemperangu- 
iumfccet,erunttriangula SH/ pcrpctuofimi- 
Ua , an^us enim I reAuscft,& // exfuppoft- 
to in omiiibus codlanter xqualis. Sit ergo la- 
tcnun Sl: e ad U\: a ratio pcrmanciis ut f 
ady, ccit ^*3 jr,adcoqHC qzc=s^x.ai & 
pcr }. 1;. convccfum fpatium fpirate iniinitum 

SVT> fcuomn. "^ s ^j fcu cum fit f. j:: 
CD^nt FX>,rf (poOti GP fpiialcm in P tan- 
gcnti,ac GD ipfi Z)p normali) eruntomnU 
K' "?? ■ ' 

1 =s ^r y ""(^c cal(;ulurfl ad tomm fpiralc fp4- 
tiufti PSFD aptando,erit«=: r, adcoq. hoc 

nr 

fpatium infinitum =3 "^ a femitri^ngulo PDO, 

Noiari potcft, Ci jiB vocetur: «, forc est 

M «^ 

D,<,l',.=dnvC00gle 
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5," t? • f 

'r m ^ , undehxcpro^rtio: ^ : p::&:di faoi 

pofita conftantw^uaji , hoccft PBf f Ay 

Ccc , ■ in progrcfTionc arithmcticS, , habebit i, 

ad tf radonem fonpcr eandem) mjcoquc om- 

nia * crunt in progreiTionc gcomctricS ; cum 

<inantitatibus, qux diflfercntiis fuis proponio- 

iiales funt, hoc cfTe praptium cx elemcntis no- 

tum fit, 

5 o. Forfitan &: hinc ortum trahentcs mvplmtM^ 
r/tm { -quas vocaht ) &c ev^lMtirutH figiwjo^um 
proprictates addidtfle opcrx fucrit prctium. 

Sit Fig. L. fpatium ASHG intrapeziain- 
^nitefuiia CEFD pracccdentium moce divi- 
^um j concipiahmrq. curvae partCs C D ea- 
'jrumq. Haas C L filoruni ih modum ilcxiles', 
potcrum igitnr maneatibus -appUcatis, ^B, 
S C y F D , G H y ri^dis , fingula tr^zia 
CEFD mutari in trilinea «yJ' iwFig.Ll. fi 
pun&a ninartiiii E Sc F coincidant; quod fi 
"fiat m fingulis Fig: L. trapeziis , * & omnia divi- 
fiannm axis piinfta fupponaniur in (7c6irc, 
^orietur Fi^. IL. •y " , & punftum • referet om- 
.niuni punciorum AEFG coalitum.; dicitur- 
"quc Figura" '"^srFiguri A B H G ittv$luU , 
.& ha^c ilUus,^/^^ ,. quarum lcqucntes obvisc 
funt proprictatcs. . , , 

.. 1*. Cum reaangulum C L F E cogatur in 

cir- 

i. ,„■-.. ■■.■Goo«^lc, 



X^A^. n. . Jaaijjfs hfimtorum» .':.. lyi^ 

circuU ^^Aotemiafinitclitnum y.A*i hqicciVdt- 
ioidiam fui j ob ajigulos \nv &:.a teftos , . a£ 
'lincarum va & CL , itcm v» & £C tequa- 
li^temt quod li idcm fiat In omnibus , ctmtt 
omnia rc^angula CEFL^ku Figura A B HV, 
dupla omnium triangulorum "y* fcu Jigurae 
involutac «jSi, 

:*■; Qii;i cx hj^pothcfi CX=»a^ &CZ>"y3i 
£iunt,, : •c>b anguLos iti Z & a rcdps, ,trlangU' 
Ja jCip &**^ fimilia & «qaalia ; quatepo- 
fito angulo T»v rcfto , quia '•'«rs £C, crunt 
*& ttifce fimilia triangula ^*v Sc TB c fin^iA 
Sc-arqualiainte^/c. 

3'. Sic & arcum fir radio »^ "dcfcriptum 
axc ^O minoFcni , aWi4mvcro/*f radib *i* 
dcfcriptum ;codcm axe maj^^em elTc ex pra- 
Riiflis fponte flult. 

'Du6 vero Mcquentia problemata fundamcntl 
ioco cxferi^ huc ' fpcdtantibus fubficmi po£> 
funt. , . 

$■ 5t. ■Q"brum jprimum fit-j ex data. in- 
Voiuta »■>''" c)8s cvfilutam A S liiG_ imO' 
nirc; ' 

Ad cujus problcmatis folutioncm , ( cnmden- 
tur »»c:,C;if., »'- .pp. , .»y.n.£C ex inyo- 
luta natura) reqnirimr £<f ^xis rqhgimdom 
rcfpc£iu ad datam applicatam £ C feu «v ; qux 
h6cmcidoiodagatur.,.fitv»a3'£: /,*;^=5 ^^'f, 
M 2 ■ ' V 
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TC:s. quia»'t: «rirvAiAJ', fcu /:^:; ^ : < , crit 

* =3 r") *^ oninU y s oranU *= omnia MF 
= axis ^£7. 

»' f* 
Quiavcro/cftindcfCrminata, fiat 7^7 
r# 
— tf, erit/=: 7. quas fempcr pofita in *• 
cric ttapezium ,"E - y^, & fpatium i*f)«=i 
omnia /^ , qu« riguca divifa pcr r dabit onl- 
' /■' 

nia 7 feuomnia e inter » 5c v, hoc cft axem 
££?, adqueminpun^ £ applicanda *■'" feu 

*. =3 jEC. . - 

Habcturq* adeo pun£tum C incvoIutS, ad 

quem modum cxtera inVGniuntur j divi0enim 
vcrb.Gr. Figura integri f + *»» pcr r oritur JG 
fcuintegci;cvoIut*axts, aiifi ..^f:^ >^ appli' 

•cemrin A hal>etur dcnuo pun£tum 3 in cva- 
lutS, & ficincaeteris. 

■ ' Coroll. I. Kc(amti Fig. Jrxr///.,accidem 
cimi fymbolis fpirali , qus §. 49. Cor. I. difcuf- 

fafuit; cumfitzif = ta, adeoque e:s f*, fic 

f" 
hoc =3 7 ; crit hoc in cafii , faO» MJ^~f 
aequatio Curvac 1>N0: r/=:/i j cjCftSquc , 

t per vak>rem f . ^7. de taus. Inventum feu. fr , 

re- 
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rcduftSque xquationc ad indcterminatas f tx. & 
otitur y A' sk^ s' rif fcu paraboUformis j 
undc fpatium VMN fcu omnia/4', juxta 

f. II. Cor. I, «quatur ^_4., , & omnia 7 a 

;t^r+/r =5 omnia e feu longitudo axis ^ P in 
iT/g. JCLIX. ubi £ C=3 D Js s , & £ ^ = f , 
vocctuF autem hxc AEih^ feuomnia e, otei- 

j/< , 
turq. curvac JDft aquatio ■^r+rr =5 « , qux 
redada pet fupctiora ad indeterminatas h Sz & , 
fcu AE & C £ , dabit xquationem rurfus pa- 

raboliformcm : k + s r h z: k d x^ 
curvam ACH rcfpicientcm j adeoqu? cum 
maxima * fit ff H f?u r , & maxima h fc« 
id - Ur 

AG ^\ti;^r,ci\tK(k^npi\um A^Ht:^ k + n 
& juxta J. 1 1 . Coroll. I. curvilineum ADHG 

kdf 
^ 4+ari eft autem hoc fpatium fpiralis fpatii 
evolutum juxtaprsccdentcm,ergojuxtaj. jo, 
hujus duplum, undc fpatium fpiralc aequamr 

ii£r 

k.-¥%t, uti in J.49. CorolLI. malui amcm iif- 
dem exemplis innftcre , ut principiorum con? 
fcnfus dilucidius ob oculos ponatur. 

i. 52. Idcm & alio modo ptoblcma folvi- 

tuti fiquidcm, Fig.LT.rv; v^iitk: v^.kn 

M j^ i;»::^ 
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t u bfi 

s:u::t:ei uridc 7 =; r* fithocs 7 erit rts . 
s h : quare in Figurd Llt. pofitd curvi involutS. 
^y^» in direftum, ut y>in utraque fitiEquaUs 
B3 « » applicetur & in y linca y A-=iht crit A"* tB 
zihtf, & ^Pi^s opinia ^«; quod fpatiuin 

hu 

divifunt per r dabit omnia 7 =: omnia e , fcu. 
■ longitudincm axis AF in Fig. L. faSa ninri-r 
rum FC in FigL. aquali «y. cftque , uripa- 
tct, fpat. ABHG ini^ig. Z.. ipatU «'*' irt/'/^. 
Ll. cvolutum. 

J. 53- Quin &hinc nafcitur allis jam eucul- 
ta cX involutS evolutamdcfcribendimcthodus.. 
.Radioquolibct«i*fcu r defcribaturlFijj. LI.' 
arcus PO i cujus infinitcfima , inter • v & ■ '. 
produftas Intcrccpta ^R fit : * , crit , ob ra- 
dios atcubus proportionales , kv: va:: >i; : 

J« 
K^ {euy:e::r:o, undc 7 s e. pofito crgo 
arcui^OjR^P in dircflum, Ftg. Llll.app^: 
cetur. in pun^o' R linca RIzz «vaj , ctit 
IR^K^jf», Sc O^KB~ omnizyoiquod 

J" 
^atium divifijm pcr r dabitomnia 7 =; omnia 
e^ A£ in cvoluta ^ig. L. ubi £Cs «vs R / 
s ^ , & curva ^ I> s curvae B J'. 
, Cpr*//. /. Sit F/^.XLVIII, eadem fpiralis $.49. 
^ji, in.CproU. traftata DVSp^ faaacir- 
. . cuU 

D,<,n.=dnvC00«^lc 



cuU infinitenniji ^J a #. .(quia P J eft sax) 
crit s«=:r*. &pofita.circumfcccnUi circiili 
in direflumin ^£ F G,Fyg. XUX;. ut£ Ffit =i. 
^ ^S^o , & EC huicapplicata= D^ri x, crit 
£-tf= c ; & curvx ACJ> H squario cadem 
cumfpirali /:it=! r':i:%qu3f adFiguramXUX 
yclata<ft paraboliformjs. , , ,, 

Undc, %. II. Cor.I. ^£C fpatium cft a 
^*'^- .' , ^ 

^ + i =5 omnia £« feu omnia £CD F j ergo 

otnnja V =3 <7T77" = ofnnia r i fi^t autenv. 

omnia ^= A, &inF/g. /.. ei xqualis ftataatur 

Jrf!^ j" cui appHcCTur EC fcu z. , crit hujus 

■ ' ■ ' " ■ ' ^"^ ■ ■' '•' ' 

CBrvir«cruatio \r^fr = Aj & per acquationcm 

fpiralis eurvee aMato ^ , ac xquatione inter c 5c ^ 

"■'■■ tf k^' . ' «. + ' ' 

conflituta , ci:it d k'- z.' si + ^r h i 

eft iutefli iii Fj^fiiri. L. fpatium jiBGH fpi- 
faHsevolutnm , adcoquc hu)us duplum , & jux- 

ta f . 1 1 . Cor. I. aequalc >;. + i x , unde fpiralc 

^+ir, ut fupra jam fEpius inventum. 

$. 5 3- Alterum, quodconfiderationcmhic 
merctur ,, problema cft , ex datS cvolutS inve- 
nifc mvolutam. 

. M 4 Sit 
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I §4 Analyfis Infimtorum, Cap. 111. 
Sit ^ig- L. data evohita ASHG i eufus ut 
invcniatuf involuta »*«, Fig. H. dctermincf 
turq. ideo in hxc punftum yrcfpondcns evolurx 
pundo C, patct quidcm Uncam «y fcu -• xqua- 
Xi Hnex EC , fcd 3c pneterea ad delimendam 
punftum y rcquiri ai^^uli v, , determinatio- 
siemt feu arcus y«aut PS.: quodutfiat, rc- 

re 

fumto $. prxced. tfat y9s:re % adcoque 7 

'h* rr 

*! *, nthoc=3 7 1 etit 7 s Aj qu* appliar 
turin SN ecit ^£FX feu he duplumfcAo- 

tiscircuU «.fi^t ^^^" ^ i adeoq. omnia £ r 
fcufpat iV£<7/i: duplum fcaoris xRF; hoc 
autcm fpatium divifum per r dabit omnia #, 
ieuarcum itJ>, quo dato »igulum R<tp darl 
notum cft ; unde H in radio » iE fumatur li- 
nea * r ipH £ C squalis , habetur in involuti 
pundum y refpondcns cvolutac pun£tojp , quo 
invento &cxtcra codcm modo inycftigarl pofr 
<unt 
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CAp.III. Mdyfis Infimtorum. 185 

C A P U T III, 

©tf Corporum ex Curvilineis orto^ 
rum Jimenjtonibus. 

I. 1. T? ^ fupcrioribus F/g. L/r; fpatium 
Xj jIDEVo polygonam cft , quia' 
turvfl ADE'? rc&ulis D £ & fimiiibus coq- 
ftat; in quo ipatio, tanquambifi, nedgatur 
corpus colurtinarc in altitudiac A» ^ feu Q *■ 
conftabit hoc infinitis columnulis , quatum ba- 
ics funt trapcziola D^PE, altitudincs ^», 
fw, quodcx gcomctristvulgatispraccptisno- 
tumeft . . 

5. 2. Cujus columnulae valoralgcbraicpsut 
invcniamr , fiat ut fupra D ^j , ^P = D #: c, 
£H:4y DE:it, altimdo A»:r. crit quaefita 
columnula ry e , hoc cft xqualis bali in attlm- 
dinem duftx j adeoquc intcgra columna ri 
omn. rjti fcu , juxta prxccdcntcm omnibus 
parallclopipcdis in bafi rcftanguld D ^ H , 
cum prifma trlangulo VHE infillcns pb ipfius 
ttianguli nuIUtatcm nihilo fit aequalc \ eft cnim 

at 

tiiangitlum DIiB=i X t & prifma ci infiAcns 

r »t 

R ~» quodcxlcmin.ionullamclt. 

M ) Quod 

i. ,„■-.. ■■.■Goo«^lc 



i86 Andyfis Infiintorum. CApAlh 

QuodhiC) Ucet jam ad luufcimfereinculcatum) mo- 
nemus, ne poflca de fe^ione columiiari a^hiri illtid repe- 
lere neceffc babeamus. Cum omnia corpora > tumpyra- 
inidalia, mm cyliudrica&c. bafin nihilo xqualem haben- 
lia eiiam nihilo xqnivaUanc , adeoq. in cakuioprKcermitti 
debeant. 

. J. 3.- Hinc-patet, fi fiicrinE duac columxw , 
quarum bafcs iunt in cadcm latitudinc ^ d , &" 
applicata pcimx bafeos ; y , fccundae : i , tum. 
altitudo prims columnx : r, fe;<;und;e ;; j., f», 
infinitcHma e (ibi pcrpetuo conitans £c xqaalls 
alTumatnr , forc primam columnam icu onlnia 
rjfradfccundamfcuomnia s^e., utomnia.rjr^, 
adomnia f /, ho,c eft , utfumma.refltangulo- 
rum Sj^^V cx applicatis fmgulis in altitiidi- 
nem duftis in prima coIupin<l : ad totjdcm «f- 
pondcntia reftangula in fccunda. 

' Plura hihc qiiilibct ad J. 6, 7, 1, 9, &c. Cap. 
praec normam facilc deducct. ,,\ 

5.4.Quodfi J^. ir. N\ I, c6luiima.h3EC.pIa* 
nopcrlineam CB ipU.^Oxquidiftantemtran- 
fcuntc , quodq. plano pcr utriuiquc bafcos axcm 
To inccdcnti nprmale eft , oblique fccctur, 
ortum hinc duccnt duo columnx fcgmcnu ,. 
fupcrius & infcrius , ii§dcm corpusculorum 
gcneribus invcrie coDftantia}.quqc./7WffmnSm:no-; 
ihinc vocant Gcpmctrx. 

Hos conHderanti imiotefcit ttahcttih mfcrio-- 
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CA^.IHi Jnalyfis lnfim6rum. 187 

TemGeaftarerinfmicuCoFpurculis, quorum,ba« 
ics funt trapcria D ^P E ^ altitudines ab nni 
partc PG, ^I, ab alter^ £itf, DK; quac 
litc^kulockpliccntur, csetcris, utfupra, ap- 
peltatis , didifq. j^i: / , & KD : Sy crunt 
pr^o omnia baft triangulari I>H~£ dircdc 
iniUlentia ob ipfius triatiguli nullintcm cx 
lemm. lorcjicieniia-i ande t^ntum ptocaLcrulo 
tcftat rcAafigulo P ^D H inliftcns ptifaia 

ne^ij* - ■ 
P ^I GLkdH^ % , aequilc parti 
bifinitcnnije ttunci infefiorb a plano rcfcdi j 
quarc faftis CT.l^, TS.h, ^C:d, crit Q/ 

icu /s X, 5c iCP fCQ7a T + * i undc 

h- 
hoc in cafu conftabit truncus omnlbus , 7 in 
d+',jfinye; &fuppofito A=: i, boccftangit- 
lo RBV fomiredo , , componetur truncus om- 

■-■ -•'- . ■' '\£iilii' ■ " 

nibus , d^\y inyey Cca i ; itcrumq. fi 
£at:CD tcti.d+j=s z.:, conftabit idcra truncus 

omnibus ^ 

f . S . . Undc cxpoifttoiiliocylindrico , ( cuiiis 
bafis ejufdcni latitudinis cum ^ ) obliquc 
fc6to , [faftaq. drviftone pcr e , crit trQocms in- 
fcrior prinii cyUrtdrici ad ttuncuminfcriorcm io- 
cundi , ucomtiia trapi^ia OQDi^ in primo 

ad 

D,<,n.=dnvC00«^lc 



t88 Jmfyjts Infiniterum. Cap.IIL' 

ad omnla trapezia correspondcntia in rectindo; 

Hoc notctur , cum hac trapczia I QJD K fmt 

continuos J " a a j ftu xqualia. 
difFerentlis quadratorum in CD & q Q^ con- 
ftitutorum, truncorum tationcmpcrhasdifTc- 
rcntias cxpriml poffc. 

J. 6. Quod fi planiun fecans non tranfoat pcr 
5 C , fcd pcr bafis axcm A , erit QC feu 
d=so: quiquc hlnc rcfultabit truncus , ungul^t 

hjje 

nominealiasdi^s, conftabit infinitis it reu 
prifmatibus /» H L ^ D Q. 

Erirquc io rationc ad aUam ungulam , ubi e 
fibi fcmpcr xqualis divKione cxcidit , ut omnia 

V> fcu triangula J^QP, adtotidemttiangula 
infecundSunguU. 

$.y. Sivero riatj&s^.&angulusideoquopla- 
num fecans lineam AO tranfit fcmirc^us , cric 
yy ■ ^ ■ 

^ hujas ungulx , qux hac de caufa fcmiqua- 
drantalis vocari folct , pars infinitcfima } atquc 

3J 

triangulum JfQl>, hocincafus T,. 

hty bjje 

J. )l. Siautemnon TjJ #, fcd i, , propar- 
tc Corporis infinircnmd afiTumatur, aliudfoli- 
di 'gcnns cfibrmabjtur , duplutn ungulx : fa<^4 

«i- 

i. ,„■-.. ■■.■Goo«^Il' 



C A p. ni. jfnaijifis Hfimtorum^ 1 8 ^ 
nimiium Fi^. Lr/. linea D Q^ ot fupra =^> 

- h 

fiardonttnuo,.ut.^ ad k ita^ad T,.qtixfifla4 
tuatur \a MQ^, normalis Figarae ^OF, erit 

hs 
coraplctum paraltogrammum <XM\i> =3 % 
quodnducaturininfinite0mam Q^P feu/, ori- 
tui parallctopipeduin folidi tiujus infinitenmum; 
cum cKt^a cxtra tioc parallelopipedum extantia 
corpufcula juxta lcm: i o cx catculo evanefcant, 
Hoc autcm pcrpctuis tiis parallclopipcdoruih 
^ggrcgaiis conflatum folidum j^OFCJI ejuseft 
proprietatis , ut quiHbct feftio , rcdangulo 
^OFC paiallcla , faciat parallclogrammuni 

M QZ> I feu T ■ qUod monuiffc fulHciat , cum 
& hoc principii loco pro Curvinneorum mcnfu- 
ris ftatui.poiTit; quoniam vcro ungUIae fimpli- 
ciores forfan vifjc fuerunt , iiS potius infiftere 
voluiife gcomctras vcro cft fimilc. 

j. 9. Cum autem Vig.hFII. trunci ungulas 
vc bafis JO^Sy iuxta fupcriora , non tantnm 
rcfpeftu JO in ttapezia D Q_P E , verum & 
tcfpiiau OF intrapezia DGlE dividipoteft, 
(ionftabit , tioc fuppofito , ungula ttuncufvc 
.AOpy folidis trapczio DGlE infiftentibus, 
quatecft DOlEMSKl.. 

Qubd nt /Calcttto cxprimatut i fwt IL;/, 
El-.x^ 

i:,<,n..<iT.GoO«^lc 



$^Q JrtalyJis.lH/imt6rt0n... CApiIIL 
^/:>r , infinirtOmx <;z (ca XT:t, LT: ifi 
erit KG feu IT:s — ti jam vcfo cum ttiangu- 
U rrL-, MKN y bHs , snR , ]uxn 
lemm. i6, nthilexquivakant/Tirftabicfolunt 
parallclopipcdum G ITKNRE}i: = sx e—i x e 
=: sxe^ ( cx eodeni lemni. ib ) profdlldi hujos 
Infinifefima; adeoque ungula five trunctis qtio- 
■vis mbdo pcr ^O rcfcftus iri ratidnc ad aliiHA 
cli0 utriuq. e, utomnia,;^* fcu bmma rc&ati» 
■gnIa.<^L/jE. 

Undc fi folidum fit ungula fcmiquadifantalis 
pcr ;^ Orcfcfta , crit L/ feu i- OI fcu^, ad- 
coquc sXTi yx^ rcftangulum MLIE- rcc- 
tangulum Olfi'; quare hoc in cafu ungula fc- 
jniquadrantalis J.O F V algebtaicc pcr omnia 
yx cficretur.. 

J. lo. Sit 0C:4, & 5C ipfi y*p parallcla, 
txixcl-.d^y fcu CO + OI,fcccturq cylindri- 
cus ipfi ^oF infifiens plano fcmiuormaliter 
j>cr ic tranfcuntci, criTqrunciipfcriorisinfini- 
«fima s dx e^xyej, & ratio trunci adaJium 
•cjufdcm latirudinis calculo dcfignabimr pcr 
omnia^*+x^, fcu rcftangulaex C\ va. \E. 

J. II. Quod fi pcrpctuo fucrit Cl ad IL 
ut ^ ad j& , crit trunci inferioris cyliiidtici, in an- 
gulo , qucm data ratio ipGus h- sd h dflcccmi- 
liat , pcr .? C rdedi infinitcfima ablbliHa = 
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Cap. lit. .Analyfis Infimtorum. \^x 

ht 
dx^yx\a.b^ refpe£tiva vero ad aliuniejiir- 
dcfn kdtudinis truncum =; rcftanguium dx-^yjr 

inT. 

i. II. Hoc notctur, Fig. Lr. Ttf*. i. trun- 
cum cujuslibct . cyltndrici infetiorem zquad 
fummx cylindrici in cidem bafi conftituti in a1* 
timdinc i* (? , & ungulae ejufdem cylindrici baifi 
fuperiori infiilentis , codemplano, per I<7 ad 
eundcmangulumtcanfeunte, refe^x. 

Dcmonftratio ex appofiti Figutx infpeaionc 
patet. Tiun& calculuscandcmftatimprodit, 

■ ■ • dbje yjhf 

fit cuim "T" + lA infinitcfima t^nci jux- 

dhye , _, _ 

ta J. 5. eft '~J~ cx S. 2. adcylindricum, & 

yyhr -■■■■■.■- 

TV per f . 6. ad ungulam. ft vcro trunci infiai- 

" t t. 

tcfima, juxtaf. II, ponatur. T^x#+7jr/^, 
idem «vetiietj confequcntix ratiq ex $.9. clu- 

<CfCK. 

CorollarU cafts paniculares coBcemeirtia hlc non ad- 
jungo, cLim in fequcntibus abuii3eciicaroUJacxrotatio. 
'nibasgeniia lefe ingeltuta Aiii. 

%. 13. Ncquc tantum ad curviUnca , qux 
axcm ac bafin rcftillncaiii lubeiit , uiodo de- 
■ ■ ' " duOa 
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192 ^nalyfis Ir^mttrum, Cap.III. 
iuCti extendunrar ; vcram &. Fig. "LV. N'. z. 
dd tlguras quibuslibct peripheriis terminatas, 
applictri poflunt j cum enim triangula DHE 
ac Q/Q, exlcmmatcio, niliilo aequivalcant, 
crunt & folida ils iuperftru^a nihilo xqualia : 
ddcoque.& hoc in cafu, trund ungutaequpfct 
fcadcm , quse modo Cx caiculo invcnta fuiit ^ ptif- 
nuta defignabuntur. 

2?ff Corporihus ex CurtfiHneorurri rota* 

time genitis, 

j. 14. "D tetAz\^\\mAsEf,Fi^.x.rm, 

XV. conftatinfinitisreftanguhsQi*£f, 
JIQFT', &:c. feu (vocatis P E: A, Q_P iii- 
finitefimd : e ) omnib. b e, qux rcAangula 
C^PEV , &c. fi circa refpcaivos axcs i*Q_, 
Q_JI. 5cc. rotari concipiamur , ciBcicnt infiniti 
hi cylindriili intcgtum cylindram^ex ><P£B 
circa JPi cxiguorumq. Horam cyllndrorum 
valor algcbraicus , juxta cylindri mcnfuram ia 

bhce 

clcmcntis traditam , crit TT. ( pofitft nitiiiram 
tationc radii ad circumfcrcntlam ut r ad f , 
quod Sx. in fcqucntlbus fcmpcr obtinebit) adeoq. 

totu5hic]cylindruscxpUcabilurpcromma TTi 

qusie 
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C A p . ilT, jindyfis Infimtorum. 195 
qu3e (appellati AP:dt xquivalebunc tctmi* 

bbcd 

noabfoluto Tj~. 

J. 15. Huicrc^ngulo APES inraiptum 
fit triangulum A P E ^ vocatifquc A R: x, 
R'it:yt Sk infinitcfima: e, crit trianguli pro- 
primtem exprimens xquatio hxzs dy, con- 
ftabitquc hbc triangulum juxtaCap. prsEC-S. 4. 

omnib.^^s; omnib. ~d lioccftinfinitisre3:an- 
guUs S^X Z i hxc autem omnia rcAangula 
fcu triangulum A PE y Ci circa axcs fuos J R 
convcrtantur , gcnerabunt conum AEM innu- 
mcris cylindrulis hifce conftantcm ; quorum 
Cylindrulorum valor analyticus ex $. prxc. cft 3 

' t y y e e bb x x e 

% r' a % rdT' i undc conus J EM xqui- 

ebbxxe 

valct omuibus ^T^TT , fcu ( (uxta Cap. II.' 

cjbx* 

J.13.) abfolnti: quantitati 6rdd . quat , po- 
fita X maxima =3 J = -^ ^ , tranfit iii hanc 

cbbd 

UndcpatctconHin ^ f vW ?flc ad cylindrum 

cbbd cbbd 

circumfcriptum 3EN My ut ~~6T ad ir 
adcoqucut i adj. 

Maliii hoc in afu ; methoJi gratii , Figuras drcam- 
^ fcripcas 

I GtHK^Ii: 



ig^ Analyps InfimtQrum, CAp.lIL 

fcripias t4t)il>crc i rationemq. codUiI cylindruin , utpote, 
ex Cap. II. §. 15. immedUtc profiucntem , eodem cum 
cztens principio deinonflrare i cumconus, ucittcx^gU' 
rd re^ilinea feu criangulo orcum ducens , routionis umen 
' oemiaecurvilineissnaumerjmdusvideMur. ' 

J. 16. Hocnotemr,caminfcqucntibusfcni* 
pcc fubintelUgcndum veniat , eadcm hxc omaia 
in converCone partiali locum haberc. Sienun 
reftangulum AP EB circa axcm AP ^t ar- 
cum lE tahtum convcrtatur, crit (arcunmi- 
li in radio r poiito =a f) pars cylindri convcc- 

btft 
fionc ifthic impctfc£ta gcniti 3 TT". 

PofTunt ex eodem> q^o S- if.utirumuSj fundamentoj 
feu curvilineorum in ref^angula' divifione , generaliafoJi^ . 
dorum f^piomaia dcduci , cum veroeorum in trapezia 
diltin£tio tum hanc , quam iniendimus , folidorum dif- 
ciilfionem, tum Sc fuperficierum condidalium naturam ma- 
gisdire^efpedetj oancviameligemus. 

J. 17. Ex pr«c:i^/^. X/jr, fiatium ^ O F 
conftat infiDitis ttapcziis D ^P E , EPOF ^ 
Scc i qux fi fingulx rotentur circa fuos axcs , 
^P, PO, efHcicnt rotidcm conostruncatos, 

vcrticcs habcntcs in T Sc f^ , -ubi tangcntcs 
feu Ctimc coincidcntes D E, F E , produftac 
axem k- fecant ; omnesquc hi cp;u truncati 
cx trapcziis D ^P E circa axes ^P volu- 
tis confictcnt foUdum cx . intcgrd Figuri mix- 
tillined 
i. ,„■-.. ■■.■Goo«^Il' 



(jMeo in. jfn.4lfis Irfimtorum. 1 9 ^ 
tilih^iiC^i^^O.^circaraxeinfuuni .^ O ro- 

tati^ O V. r J'.r ■-<.■:: "i:; '■ ■ . V . 

'' tSlfi Ut (cr^clusaiodl cpnitruncui valor 
indajg^nir-^ iKOimt^ij qua^iupta iymbolis , Sf 
xddoneUdH-ididrcuinfcrentiam polita , utrad 
c , erif circulus radio ^D fcu ;« dcfcriptus a 
ir-y». ~ j.ff o, ■ , ■■ 
T7"i qui duftus in -, ^T feu -j / , dabit 

llj^f' :• ,-^ ■-"?'i;v; . .. ;,: ■. 

a r pro folidifate coni ipinoris cx triangulo 
jj^iTfl&itWQai !^3ofVo,kiti. "■jai»,vero cir^lus 

-.,.., I :.-: .■ -■■ -•''-''. t :.^ 'i'* ^ ^ . f .," ^ 

fadip . ^-^"^ d<;fccipfus cft . ^r '■ , 

q^l tnWfjplicatus pet '-^^P T\ ictt ~ t ^ \ e, 
dabit^T , -^^^^iK ^pFSi-le^raa .,10. , rcjicictKiis, , . 

i.\:im-*'-~.yjir,-- ■- ■'!; "'^rCDntento conici 
«iiao^«iti?iP iE-iidrca' rPjicircumaao ; cx 
quo« fi dettfahas !<:aiium liiinprsm . modo inTcn» 

tum^' i*j-'' 'i 'riiteibtr ioni Mtnc^icx ttapczio' 
I)j^P,£jl circ4 ^^^tQtati.qnaefitus valor :, 

'- :. ,*!;■ iivAh "^ » ?^^ TT .(cft 
enipri, ^ ^yf ,cx $„. 1 1 . Cap, ptaec ) jam vcco 

^etta^iqudlccyKndfo e^^rbaangulo ^D i> H 
circa ^P , & pacs conOidiS quxtiti infini- 
tcflmar^ '■ . f ''^ . ■ ' 

'■ '^ N a I. i9.Hinc 



1^6 Andyfis Infimtorum, Cap.IU. 
• S. 19. Hincfifuctintj^ig.ZJr.duocurvilmca, 
yf F & AGO ad ctindem axem A coai 
itituta, fintq. appUcatxinpcimo j^z: 2>Q^, in 
fccupdo .i a Ji ci_, erit, ^t Conoidescr prtmb 
AVo circa AO r<»:atoadcoaoidcscxfeauido 

c 

AGO circacandem AO^ icaomnia Tt.tyf 
adomnia 7r ex,x,% &divifispcrf, ut omnix 

c . ,c . ' ■ ■ ' 

Tx yy adomnia T^r »«. hoccfttttomnesdfc 
culi cx applicatis,tanquam radiis,dcfcripci in pri- 
mi ad omn<;| circulos corccfpondentes in fepun- 

c 

d4 Figurij tandcmquc,rurfttsdivifi(mcp.er' tV 

faftS, ut omnia yy ad omnia £ £ . ieu ut omnia 
a|>plicatanim quadrata in pcimi Figursi iadond* 
nia -applicatatum quadcata ia fecubdi-j poceft 

e c 

^hocaddi, omnla Xr- eyy efle ^d omnia Tt 

y^' . >-!;<,. 
*z;5;, ut omnia - ^ adomnia 1 j hoceftco- 
npides cx AfO cicca AO id conoidcs cx 
AGO circacandem ^O, ut ungula femiqua-' 
drantalls cylindrici in bafi A70 per AO' rc- 
fcAi , ad ungulam fcmiquadrantalcm in bafi 
AGOi (uxta^hujus. 
5. 20. Rurius, cum Fig. LX. conOidcs ex 
VFO 
/ i. ,„■-■.. ■■.■Goo«^Il' 



Cap.III . jindjjls Infmtorum, i 97 

A F O circa ^ O fit zqualc omnibds "77" 
J^coixdidescx AGO clrca candcm ^ O gequa- 

lc omnibus TT' , crit folidum fecundqm dcm- 
to folido primo, fcufolidumcavumcx AGF 

« = . ^'^^ "^^ 
circa A O aqualc omnibus "rr irr: 

qu4dc caufa , n alix dtix curvx A lOSc A KM 

ad eimdcm aut xqualcm axem applicenmr , (it- 

quc^/:A, & ^Kik, eritfolidumcavumcx 

AOM drci 'AO xquale omnibus T? . 

Undc. folidum cx A G F circa ^^ O ad 
foliduin cx.''Jt M O circa AO ^ ut omnia 

Tr ad omnia ir & divi- 

fispcr « utomoia %t adomn. ir 
l<eu ' ut' .omncs difiercntix circulorum in radiis 
^ ^ & D ^ ad totidem diffcrentias circulo- 
nlfQ ,io radiis ^K & ^/ ; aut potius ut om- 
nesannmGcexomn. Jt2> circa ^ O ad totidem 
atmiilasexomnibus/iT circa AO; turfumq. 

c . • 

divifioncpcr Tr- inftituti , ut omnia x,z,—jy 
ad om^a k kvp hh , hoc eft ut diffcremix qua- 
dratoruih Jt Q. & />A, ad diffcrentias quadra- 
torumin Q_1C & <ij', undefaftisa— j^s/:: 
N 3 RD 
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ip8 ^ Antdyfts Infimtorum^ CApAlh 
JtT> , ac k~h= g =: ^ K i erunt folida intcr 
fe, ut ^fy^ff^^-^gh^gp '■'■ \ f ■' ' 

Coroll. I. Hoe (i6fctur,C6rp<5ra caVa fcu atinu-' 
laria , cx armillis compofua pcr quadratorum ia 
appUcatis coniUtutorum diffctentiam exprim j. ;' \ 

CordU. II, ncG opus eft addi ; cam omriu 
eKK^—jJJJ ■ -'^■ifcg — S-^^' , 

~ Tt fintadomnia ., 2,^ ^ ut^om* 

i{^e---jyt . ' ' '.' ' ^if-^^h. .. ■', .,. -, - 

nia i '" ad omni4 ' " ■ i j .c^flfcro- 

lidum annulare ex AGV circa ytfO, adfoli- 
'dumex AMO axc^ -40,iwt5WW9inf(Crit¥t. 
Cylindrici bafi ^(?F. infillcptfs,^jP^]: -f,p/e- 
minorTnalitcr re^dl, ad dfunCjunfiinferioj^^ li^ 
bafi ^O^ pcr eandon A O rcfeiai-; :juKta 
i 4. hujus. ' ;; 

S. zi. Sit }am r ad / Tatio immutabilis : ac 
fcmpcr r: s::z.z.zyy; critconoWes 6x^At^0i 
circa Ap , ad con&idesf cx >l F Oj i drca? ;ji ©y 
utradj, juxtalcmma^Ki '^' >■ ■ y- ^^: /■'■■ 

Ac fi firfrit petpetMd riti^jcs.—yyyhh^ ettp 

folidum anriulare eK-^'(?F circa .4t>'«d«5M 

noidcs cx i^iFO Circa jf O , ut y^ad rfj iflt 

iiuljrc illud xquale 

Dfa^Udrdrf/', hoC 

iim-lnmaAtur 5 'Idi-' 

faturumcft, hinc 

patc- 
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CAP.ill. Analyfis hifinitorum. ip^ 

patcfacmm iri. ponci cnim AQiXy^iiz, adpa- 
rabblam AGO, utfit 2r*=:£*j &jc ad 
triahgulum ifofcclcs ^FO, 'undc^=:*-i ccit 
fufFc^s in locum z, dc y valofUni» , zrx~xx 
z: hh, unde Q / fcu h ad fcmicirculum AHO, 
cujus centrum W. quare fi parabola latcrc rcc- 
to 2r dcfcripta ^ il Q_ cicca aixcm -rfQ^rotc- 
tuti & triangulum ^ z? Q^ circa eandem ^Q, 
Volvaturj erit difFcrcntia , qu4 conoidcspara- 
bolicnm feu omnia i r :i fupccac conum fcU 
omnia xx , xqualis portioni fphacricae cx feg- 
mcnto femicirculi A Q/ circa candcm A (^ 
rcvohito genicsc. 

CoroU. II. Si veco pdctionis hujiis fph^ticx 
non ratio ad alia foUda , verum abfolutus valoc 
quieratufi cft fegmcnmm fphacricum cx A Q/ 

h h c c 
circa AQ_ rotatum = omnia xr a omnia 

%r e X e — cx xe 

" tp" , CK modo dcmonftratis : fed 

tx Cap. II . 1. 1 2. Sunt omnia ircxezzrcxx, 
tum bmnia cxxe^\cx\ adcoquc omnia 

hhce , c^ 

~rrfcuportiofphxrica =srxx~\x^ in ^T 
S3 cono , cujus bafis circulus radio Q^/ dcfcrip- 

^rx — xx g.0 + ^ Q 

tUfi^altitodo ~ xr — x~ fcu j^o irt Q^A. 
Si veto ^uasratur intcgca fph«ra,fiat jf =3 2 r,ccic- 

N 4 q"c 
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Qoo ^italjjis Infinitorum. Cap. III. 

quc rxx — jx'ia ^strrfj adeoqtie h«c 
fphxra ad cyUndrum circmnfctiptutn rrc , ut 2 
ad 3. 

$. 12. Potuiflet & inJF/^, iX affumtSFig. 
quartd AmO, cujus appUcata Q^i = k , fieci 
pctpetuo kk — hh ^rr—yy hoc cil foUdivn 
^,ghnulatc cavum tx KMO citca A O aequa- 
' Ic fupponi foUdo annulari modo difto cx A F G 
circa eandem A O , unde locis trium ex hifcc 
cognitis cognofcetur fcmpct locus quarti. 

$. 23. Neq. poft Ukc inteUeaa diftu opus 
autumo , fi axis rotationis il C fit extra if igurac 
cuiusUbct , ut ^ A C , ambitum , omtiia fi- 
niiUtcr obtinerc. Faftocnim Sc:z>, & C L:jt 
foUdum annularc ex Figura A^K G circa CB 
rotata in tatione adaliudfolidumxqucaltunt, 
cxpUcabitur pcr omnia £ z. — ^^ , aut pofitS L S 
fea x.—ysf: ^romniz- lyf-irff. 

S. . 24. Cum autem non tantum trapcziis 
V C^P E planum mixriUneum A O F F/g. LXI- 
conftet , vcrum & trapcziis DIGE i qusc fi 
rotenmr circa axcm ji , facicnt fingula trapc- 
zia fingulos tubos feu folida tubulata; quse fitnul 
fumta inttgrum conftitucnt condidcs cx Figurd 
JFO circa ^IO rotat5. 

i. 2i. Pro finguIorumcrgovalorcitivcDien- 
do , rctcntis fupcrioribus fymboUs , fit pr«K- 

rei 



Cap.III. Andyfis Infinitonm. iot 

ica Q_0 ifcu 7>t: x, BE fcu G /-. a infini- 
tcnma} unde , quia Ol:y, crit OCzy^dt 
Sc GE: x — e i jam autem juxta $. 1 8. crat conuS 

cejj 

trancatusex 2)'Q^P£circa Q_P= T7~5 cui 
adde cylindrum cx rcAangulp pOge circa 

ejjx -i-iacjx — cejy 

P-O =3 ~T^r~' n '■ . orictur 

iblidum ex pcntagono Q,Z> ECO circa QO =5 

' ir ' » cx quo fi dcmatur cyUndrusc» 

CJJ X 

rc^angulo Qp I O circa Q^O fcu a r orlc- 
tur tubus quxfitus cx trapezio DIGE circa 

Q^O =3 r ^ fcii, utcxcalculopatet,tubus 
ex refiangiilo DIGS circa QO , qux co-,. 
noidi&lioc niodo confideratiinfinitenma cfi. 

Coroll. I. Quod fi P F =. JM fics^, 
& ^O = .W/' = iicrit cylindri cx rcftangulo 
hjac 

j1 MFO axczAO infinitcfima 3 ~T - 

$. 26. ' Sint jam Fig. LX. duae Figurae ^* ff O 
& ^ F O ad cundcm axcm A O pofitae ; vo-^ 
catifq. RQ\z, , D Q^y , infinitcfima Q/: ^, 
intcrccpta ,4 Q: jf , crit ex prxccdcntl folldum 
tx AGO circa ^ ^ "■ , qux pcc vcrtlccm appli- 

catisparallekcft, «qualcomnibus ""1^ j & 
N 5 foIU 
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ao3 Andyfts Infimtorum. Cap.IH. 

folidum.ex AFO drca .catulcin ^A** ifcquate 

y X e c 

omnibus ~r~. 

^ X e t 

UndeiUudfolidumadhoc, utomnia ;: 

J xec 

ad omnia ~~T~ j & divifionc feaa pcr * , ut 

^x-c JXC 

omnia '~7~ ad omnia ~~r , fcu ut omQes fui 
perHcics <ylindrtcx aut tubulatx cx applicatis 
J?Q_, in diftantia fua AC^& pontione ful ad 
A<^ normali, drca fiK* lotatis, adtotidem 
fupcrficics cylindricas cx omnibus D Q_ in ca- 

dcm diftantii AQ circa candem fiK^ volu- 

/ ■■. ^ ■ ^ . 

tis ; & fafti n^rfqm divifionc pcr T , erit foU- 
dum primum adfccundum, utomnia 2.jf ad 
<)mnia y x ; hoc eft ut fumma rcftangulorum 
cx lincis R Q_ axi rotationis ^ A «■ patallclis in 
rcfpcftivas ab eodcm axc dlftantias duftis fafto- 
him, in primi Figuri, ad fummam rcflangu- 
lorum refpondcntium in fecunda Bgura , ma- 
uentc eddcm ab axcdiftantia AQj hocadda- 

' - K x-ee jxec ■ 

tur, cum r~ fempcr fit ad "^f" utz^x-^ad 
yxe i forc folidum ptimum ad fecundum ut 
truncus cylindrid ungulavc iri bafi A <? O fcmi- 
normalitcr pcr -^A* rcfefti'*, ad fimilcm un- 
gilam in bafi AFO j confcqucntix ratio cx 
9 'itijus manifefta cft. Scholl. 

D,<,n.=dnvC00«^lc 



CAptffl. . Jndyfis L^nitorum. po^ 

Schol. Hoc notctur Fig, UU^ & ftp Fea 01 lit ^; & 
ftp jTifu J>1 fn .■ x:}. fSi^ i IG: 4 , fore rpaK^Mot 
fipDJ.feu x'y cxponens rarionis lol^di ex fpatio ^OF 
tum circa A6., tiim cicca QT' rqtato , juxw prxceden-* 
fcm j neantenVfeic eTMfTiibrepatj fi IbHAim ilelignetur 
I^^c^iigilla ar/i, Doieuirrei)?pcp|Allli4atlii)finJ(euma^ 

■■"-'■■■■■ . ■ . l' :■ , 'y'"- ; 

^ veltfieducenduniefr^i CDmomnia r, confliruanc 

, xy 4c 
(blidum^ .d^F.cir^ jQF, &,Qmnia- .,^_ , ,|fomp(V 
pant (olidum ex ^dem yK)F cirfji' JO roUtk > ut in- 
quirentipiitcbit: f > h * i.i ^ -• • ■ 

J. i7, rurfus^ fint fi^. XJf//, dua figuraa 
lt'JF,Sc' GOQ^, ad «qnalcs yncis 'r F ■ & 
G'6 -pofit^j-ita ut ititcrccptae^ JI Q^ & 'M.Gi 
ac infinitc;fimx . QN ■& M jg^JtontSflHO arqtia- 
ics fint , adcoquc Eigurx ad cundpjn axcm or- 
itinari pofle intdliganmt ; qux -cautcLa in hiTce 
ubique QCcefTaria. .. Vocatifque .RQ_= GE:x, 
Cy^/sji^^ii.r , J*Q:7, .Dp: z., ac B R: by 
Iji. ,ic{'.. 4 \ utifaqiic dc.tcrmlhata } fitq.^'i? J? 
ipfii^ yr^tationis , crjlt,, juxja praecedentcs duas ; 
foiidum cx RAJ' circa H B aequalc oraiiibus 
^je-c^.xyte 
~ '~^^ , illudqucex"j^(?pcircacandcm 

fft' EEqualebin^y?! '. F ~ undc foli- 

■'■'■i'-- -■ ■■ i. ■ . . ,.■■.■■.' ■■' L-ifcc+.xyft 

diiiiiiirhiiumadfccandttm,utonttua 7 : 

Jh '^^ 



304 Analyfis Infimtoritm, . Ca^.IIL 
ad omma r ; &divifisperconftanA 

ty c^-xy e ". d:{c •ir x^e 

tcm *,ut omnia ; ad omnia r ' ' ; 
hoc eft ut omncs mbi cylindrict cx P Qcirca HB 
ad totidcm tubos fcu fupcrficics cylindricas cx 
D£ circa candcm HSi ac, rurfum inftimtl 

dlvifionc pcr 7", utomnia hy+xy adomnia 
/2&+XC , ut omnia rc£iangula cx applicatis 
P Q_ 5c DE in rcfpcdivas ab axe totationis 
diftamias SQ^&. B£ duais. 

Ctroil. I. Undc hoc notctur folida cava j 
fcu^annulada, Cx mbis compofita.cxprlnupcr 
modorccchfitarcAangula. ' 

iytcArxyt& 

Ceroll. 11. Cum autcm fcmper fit V 

«i^ec + x^ec 

ad r '^}xtbye^xyezAdx.e^xx,ei 

crit , juxta 5. 10. folidum primumad;fccun-i 
dutn ut truncus cylindricus in Figur^ primi pcr 
^xcmrotationisfeminormalitcrrefe^sad tnm« 
cum fimilem in fecundd FigurS. 

CoroU. III. Nec opus eft addi ipfum foU- 
dum cx RA^E rotationc gcnitum , fcu omnia 

byec^xy ec 

' — "7 ; , aequari trunco cylindrid uiferloA 

ri.bafi RAY infiftentis, acper HB rcfcftiad 

angulum , qucm rauo radii circuU ad circum- 

ferciw 
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Cap.III.' Mdyfis Infimdruin. 305 
firrenfiam determiiuti ^um patcat hocexprae-i 
greff^ f . 1 1.. Idcmq. circa f . zo. dnimadvcrti pof- 
fet in folidis armillaribus. " 
■ Corotl. IV. Notcturhinc, fi folidum quod 
iibct annularc feu tu,bulatum in aequalem tnin. 
eum poffitcommutari, rationem radii ad cir. 
cumftrentiam circuli co^itam cflc. 

Cvroll. V. C»tcra hinc ftcile eliciuntur, ut 
&: ca , qux Jblick ex F^ris clrca axiautbaiCi 
paralklas rdtatis gcnita ipedant , cum HS \xt 
talis'connderMppmt. Itcm Bc circafolida 
armillaria:- {■ 23. 

5^. z8i' Pro fpecialibus foHdorum Atenfuris 
prxccdentisCapitis $. li Coroil. Y, VI, VII, 
VIII. li^ 8cf. 12. &13. dilucidc fatis funda^ 
mcnta tcadunt..he tamen nihil dixifle vidcar , fo- 
lidorum dx poribolis genitorum cohtcmplatio- ' 
nem primo ex prxcedentium more a^redteinur. 

I. Sit parabola AFO , Vig. tXI. in qui 
jiQj X , Q;D : y , aquatio r/— ? x^ = yP. 
quxiiturratiofolidicxc4demcirca AO rotati 

r. ■ ■ ■ '■ ■■ *^~ii 

gcniti, f^uonjpiuin.j'^ =5 omnium r ' p 

»•7 - ' . .. 
X y Ad omnia h b, feii cylindrum cx reftangulo 
AOFM circa A O^eritq.cx J. ii.CoroU. V. 
Cap. ptxced, ut p ad j/^i^, cum ycro omnU 
jy 

t' fiht^iixtaj. 7. adungulamfcmiquadranta- 

lcm 
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ioi JndyfislnfimtitrMMK QKiMXi 
kuii io l>afi! {WsWici pcr A O «(eflam j ■ MiE 

H hxcatlomma "J fcuila^cmungularowSiifi 
i;cfta(iguli A^i^o pereandeg» A.O refea^ 
incademratipnc,- ' ' . ; , , .j, (-'. . . , • 
II. Si patabola circa bafia O.f ;rotctut ,i 
faai AO:c, crit (ip'.e — x, ^c ratjo folidi, 
hw rationCj getiiti.a4,.cylm<itumc»., «jparcft 
omriiuoi yc-fx ({...j^. j .,ad,pmniii|>/ -p.kxi. 
qus & ung(ilanimfcmlquad|sii)tj^i)Htn.J[i«|ipj? 
rffcaarum in rcfpcaivis.bafibiis. A.f ,0»i)5!; 
KmfO {S. io. i exponcntcs.fltnti:figwon».: . 
nia yc-^y.x ad omnia if — ii,,. Mt omnii 

T—.f! ,2 .:.,.P-14lif]Mvir,.,:);;in-.i...,i .-. 

hoc^eft. pcc }, jt,, Capi(is ■H..,iuD. j./i^ ai 
•s^^ + j/j-Vyj.itaungulaaiJiwgiihunjiant; 

fpUdumadcylipdtum. , ,„:.„; j , 

HI. Si circa- AAf bafiiniarticcparaltelam 
rcvplvatur, eritfoliidumadcyUndramciraliii* 
fCriptqm ^ , aut luigula. fcmlquadrantalis rcfcaa, 
pcr eandem Km in bafi paraboIic4 ad,Iimilem 
ungulam in bafi rtftan^la' A J^J^O '('fUitti' 
$. z6. & 9. ) ut omnia ^ .V ad omnia bx,{cn 

r — 1 P.+ 1 

ut6mnia> ~y^ x j, .adtotidem hx, hoc 
cftut 2^ ad'i^-1-j. ■' ' ' - 

If. Sicirca Mf axiparallclam ^ftrqta- 
tio, 

i..,i,-... ■.■Goo«^lc - 



CAp.in* ^ndyfis Infiniterum. ao/ 
tio , erit foUdom hoc modo produa^ii;i.in ratio* 
pc ad cylindrum,ut omn^ dijffcrcffltix quadrate- 
nim ift Q.^ ,&©*:, fcio omnia z hy —yy 
p — ^ 1 
adQmnia^^, hoccftutomnia lir f x^p 

— r f X f ad omnia ii,adcoquc 

ut p+^ — f-¥if ad I. conTcqucntia cxloco 
dtato huilo ncgotio coUigitur. 

$, 29. Ethxcdcparaboliss quxH q litma-r 
jor quam p ad carum complcmcnta Ai M 
rcferti pouunt ^ fin autem ^ figno negativo 
afficiatut , crit, curva: xquatio ad afymtotos hy- 
perbola^ ; qu?rum,f6lic]a ijmili mo4ogcnita&: 
hinC;dimenfionem > 'dctermina.tipncm faltcm , 
accipiunt 

f. 30. SitJig. Xir.|polo^,norm4 D^ 
vcrticc A , defcripta conchois Asc i itcm 
radioj A;Z? fcu r dcfcciptus circuli quadrans 
AD/ voccnturque DM.:s, CDi &, GS: Xj 
HGiy^ cxix. fuxtaCap. prxc.$. 36. conchoidis 
proprititas sy\-x,y=z x z,.' 

Adcoq. juxKi j. 27. folidum cx quadrantc 
circuH' AZ)/ circa 2"^! (quxnorms xquU 
diftat ) rbtiato , feu omnia /zi+s^ squalc 
folido jhfinibo cx fpatio conchoidali circa nor* 
mam '2> j^ ih infinitiim prodaaam rotatofcu 
omiii&ns jc«. ■ ■ 

Tum 
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2o8 jfmlyfis Infinitorum. ■ Gap; III. 

Tum &, (uxta J.io.crittruncusmferiorcy-' 
Jindriciquadranti ADl infiftcntis,acper^,^ 
fcminormalitcr rcfcfti ( fcu oxarAz sy^iy , 
xqualis ungulx in bafi infinitS conchoidali pcr 
infiniram J> ^ fcminormalitcr rcfcftse fcu om- 
nibus xz>, ■ 

t. 31. Sit {Fig:Xni.N\ i.) fcmicicculus 
!ado , cujus diametcr J O: r , Qui: x , 
Qj):l fcu r— jiT, PQ:^i itcm hunc ipcftansf 
ciffois AXiKGy cujus applicata QN: ^ i crit, 
juxca calculum S. 3 1. Cap. de tangentibus,«qiia- 
tio curvae ciffoidis lz.zi xy j undc ex f. j6. 
folidum cx ciflbidali fpatio circa infinitam 
afymtoton O R voluto , ftu omnia lz,\ ae- 
quantur folido ex femicirculo circa A F afym^ 
tato R parallciam rotato feu ohinibus yxi 
aut juxta S- 9. ungula femiquadrantalis in bafi 
ciflbidali pcr OR infiniiam rcfeaae , fcu om^ 
mz Izy xqualisnmitiangulxihfemicirculoper 
A F refeftx , fcu omnia y x. 

$. 32. Quomodo autem hinc folidoruai 
tranfmutationcs plurimx lcvi opcr4 obtineantur, 
facile quivis animadvcrtit. R.efumtd enim Fig. 
XXXIX. fymbolisquc $. 17. Cap. praeccd. fupr 
pofitis , cum fit pcrpeiuo ye~i.tfi^ hoc cft, 
pofito rQ,in IM , fpatium AOF xqualc 
fpatio F iir O , crit & fi utrumquc in y ducatur . 

yye 
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Cap. IIT. Amdjlfis Infimtorum* 309 

yyt^tjAi unideomnia % feu iingala cylin* 
drid in bafi AFO ^ AO fcminormalitec 
rcfc^ ($• 7- ) ad *y*t feu truncum inferio- 
rem cylindrid in bali FKO per eandem AO 

yy 
fenunormaliter refe£U ( f ■ 9. ) ut omn. » 
adomn. "ty* fcu omn. yye hoc cft ut i ad z.' 
, ■ • yyf: 

' ' Tum ctiam omn. it feu pcr {. 17. foli- 
t*j't 
dum cx A P circa A rotato ad "~?~ 
;um f, 25. foiidum ex i^ ^O circa candem 

>f O revoluto, ut oma tr ad omii. r fcu 

omn. r hoceftnt i.ada. 

Si veto I M voccmr h , Hatque fcmpcr 

taje hhao 

ty^ bhy eniBtomnia ;~ a omnia T" 
. yyte . bhac yjte 

= r~s&omnia ~rv"= omnia ~ir~ , hoc 
eft folidum cx FKO circa F xqualc folido 
cx AFO circa /<0, fccundum $.17; quod 
ungubs fupcriort modo appUcati potcft, Qiiin & 
aflrumt^ Fig. XL. fi reaa • *• P rcfpondcat ciirvae 
Fig. XXX IX. ADEF^ fiatquc « > = Q^D fcu 
♦,ac JMsi TD fcu s , crat ^#= sa, quarc 

yyu=isy* hoccft "TT = TT"» fcufolidum 
O cx 

i. ,„■-.. ■■.■Go6«^Il' 



a I o jfmljfis Infinitorm. Cap* Ifl: 
ex «•* citca ** ( J. 17) «qualc femifolido 
ex /'OjT circa OJ routoi quod&ui^ulis, 
liplacucrit, applicctur. 

f. 33. Sit i^-i^. LXin. BK^SP^ & SA 
fcmper xqualis BC (ax x interceptae , angu- 
\[]& KSF rcftus, applicata jifij», UCV.x^ 
fiatque folidum ex FDB circa /^5, feuom- 

nia TT $. 19. aequale foUdo ex SKL circa 

BNy fcuomnibus ~7~$.-i6. crit xquatione 

conflituta 1 =3 jr Jtr , hoc eft juxta $. 7. & 9. nn- 
gula fcmlquadrantalis cylindrici in bafi FD B 
pcr F £ refcfli xqualis ui^Is Cylindrici in ba- 
fi K 5 i pcr S N feminormaliter refeOi j 
undc pofito^ adlocumquemlibetjCUjusappU- 
cata X > innotefcet £ , & contra. 

I. 34. Sint ( F/^. LXir. ) f K , J? jI/ , 
J* iV , normales ipfi F N ; vocenturq. FC &. 
NP-.r, CN:b ^ intcrccpta N S 6c hBic fcm- 
pcr xqualis B C: x , S A: y^ E Sz z,^ unde 
EC: 2£ , conftitutique xquatione quaUbet , 
)uxta $. ^^-- 7- & 9« vecbi gratia. yx::^ zb&^ 
erit juxta $.9- yx ad ungulam femiquadranta- 
leminbafi PKC, pcr C^refcftaj. & i^a, 
ad cylindricum in bafi HNL y cujus altitodo 
C 7/ fcu b , eft enim z^j&s^in 221, undc 
illa ungula huic «quamr cylindrico. 

$. 35. 



CAp.in.. Andrfis It^mtwiim, aii 
*• '5- Q.'«'<' & jx ponatur ailfolidumro> 

tundum, &fiat T" a ~T~; erit folidum 
ex J^Kccirca^^rotatnm xqualecylindrico, 
cujos baiis HHL feu omnia 22;, & altitudo 

T , feu drcumferentiacirculiradio C H det 

cripti. 

CcyoU. I. Pofito liinc ^ ad locum quemliljet, 

nofcitiir locus ad i; , & vicif&m 5 verbi gra- 

ri^ » iit ^ ad femicirculum , ut fit , y y ss 

irx—xx, erit, fafto 2i=r, Iiocincafu 

3 ♦ 
. Irx — *■ 

p z -. ~P7~ s adeoq. juxta 5. 3*. ungul» 
inicmicirculopct CM feminotmalitcr rcfc^, 
fcuomnia jx, xqualis cylindrico in bafi PNL^ 
cujus altimdo r. NoteturunguIaminbafiP^Z 
pcr NP fcminormalitcc refcftam, feu omnia 

i * 
g 3[ » r » ; — y 

"^ 53 ■ — ~ cubari poirc , jtixta Corcll, 
Vn. I. II. Capptaec. 
Cmll. II. Cum vcto Cit yxzs >i!c , erit 

jf * 

•7 =3 22;, undepofito^ ad qucmlibet locum, 

cujus intcrcepta x , duaaque curvi PTC, 

1' 
Cujusapplicata ST fit 7 , eritfpatium iTC 

O 2 fcu 

D ..dniCoogle 



3X2 Andyfts tnfimtornm. Cap.III. 

yx 
fcuomnia 7 xqaale pUno curvilineo HliL^ 
ieuomnibus i.z,. 

f. 36. Similia plura tranrmutationum TpC' 
cimnia fibi quilit>ctproarbitriocudet; retentis 
cnim linearum nominibus , fiat ^bx,7iyy fcu 
yy 

"7 szBz; adeoquecylindricusinbafi ^A^Xy 
cu}us altitudo h , xqualis ungulx femiqua- 
drantali in bafi FjCC per FC refeftx; qnod 
yye % b^e 

fafl:is Tr' = ~~r ad folida rottinda referri 'm. 
modum prxcedenduih poteft. 

Coroll. I. Ponatur y ad fcmicirculum , crit 
yyn zrx—xx^ ^hxii & iocus ipfius x, ad 
curvam, cujus fpatiiim Juxta Cor. IV. $.11 Cap. 
Frxccftquadrabile, nam, fa^o ^h sr^ erit 

XX 

%x— T=3 «; adeoq. cylindricus in bafi i?Jtfi 
cubationem admittit , qui aequalis eft nngulx 
cylindrici in bafi femicirculari pcr diametrum 
feminormalitcr refedx , undc & hxc ungula 
cubari poteft. 

f. 37. AiEnis hifce e(t methodus , quafol- 
vimr hoc *problema , datis Fig. LXV. duobus 
fpatiis, A^O & AOMy invenire duofolida 
in ratione harum Figurarum. 

Fadis D^.y» & ^J: z., erit fpatium 
«fi?a adfpatium ^OJ/, utomnia/ adom- 

nia 



CUp.III. Andyfis Infimtomm, 315 
dU £ } & aflumti b determinati , nt omnia 
by adomnia biL^ Cx jam cxpetanmt folida €&• 
noidica , reducantuc by ic hx. zii circulos , 

Kkc bbe 

acfiat by^ xr , Sc bx.a ir > erit.fepcnti 

ratione r» , appUcata T^ fcu jt a /ij», & 
^JV <eu h =3 ^T^i &folidumcx AGO cir« 

ca j< O feu omoia "77 ad folidum cx AOL 

■ ■ ■ ' hhe 

circaeandem JO feuomnia T7 , utfpatium 
AFO feu omnia 7 ad fpatium AMO feuom- 
nia£;tuideponto A ^.x ^Scyy=izrx — xx, 
ttit k*s zbbrx — bSx xi&,datolocoipGm 
x.f intiotefcet curvx ANL proprietas , cum 
fithh:zbz.. 

' Si quis attttm maBt folida tubulata feu annu-' 
laria : detur drca axem aO Figura AGLy 
01)05 applicatx ^ itf =; 3" ^ = r ; itcm alia 
A^SMy cu|us appUcatx ^JsDj^s^, erit 
¥igura prima ad fecundam ut omnia x. ad omnta 
y , fcu afTumt^ b deternunat^ , Sc r pro nu-^ 
mero, utomnia rbx, adomnia rby^ quorum 
utrumque (i reducatur ad armiUas feu quadrato- 
rom d^crentias pro acqiiirendis foUdis annula- 
'yUius |uxu S. ao. fiatq. ri«= kk^hh , & 
r b ys ff-»Uy crie hh=: kk — rba ^ Sc 
UMaff-^rty. Cttmautcm,tum^^, tum «« 

. o 3 , fmt 



ai4 Andyfis Infimtorum. Cat.UI. 
fint quadrata rationalia , opottet quoquc ixt 
ipronim valofcs kk — rhx. Sc ff— r hy tatio- 
nali radicc gaudeant ; quate aioiimtd quadrati 

rb :(^ttdd 

ik—rhx' radicc k — ti crit i= m i 
ac fuppofito quadratum ff-^rhy provcnirc a. 

ladicc f—fe, emcrgct /3 %,c ■ j qiio 
vcrotum JE- tum/d.fradionibusUbctcatur,fac- 
tis rs 4, itcm ja ra 1 , ac ^ s es i> cva- 
dctjtsa+i, &/=j' + ^; undenncr^l A=i 
ft— i, ;iut b~&, necnon ttziy — h aut h-ry* 
DuAa igitur ^H ipfi I^M parallei} vqcc^ 
^, complctoquc AOKH rc^ngulo , cHt 
fcmpcrdudaquavisipd FK flcquid^aiui Ee£]ta 
Dlzzh^y ic IS=ih—y, undefempcratctul- 
laex DS circa HKy fesqtiadratwumtii pl 
ic SI ditferentia xqualitur 4^^/^foUd(isi 
«X fpatio A F M drca H K rotato a om&ia 
4 £j> : eodcm modo inveaietur foUduQi ex ACIi 
circa candem HK s omnia ^hx-i Adcoquc 
patet tiic ab aliis , aliotamenmododcmoioftra* 
tus canon. 

Si circaaxem AO duoqu3ecuoqucconftiti»f 
antur fpatia AVm 6c AG L , fiai^qiK dn^ 
AH ipfi MO parallclS quodliJlK:t rcftat^-i 
lum AOKHi etit, utptiouEiguri&adfccan- 
4am» feuutomnia jr adomnia «, itafoUdum 

i. ,„■-.. ■■.■Goo«^lc 



CA'p.in.' Amlyfis Infimtorum, 2 1 5 
ex Fignraprunacir^a ^K rota(^, adfolidum 
cx.Figura fecunda circa eandcm hK. 

CeroU. J. Quod fi AGL fitfpQtium mcn- 
furabile , Sc A¥M redangulum ipO AG L 
circumfctiptum ; crit- tubus cx hoc re^angulo 
circa HK rotato ad folidum ex AGL circa 
candem ,. in tatione re£tanguli circumfcripti ad 
Q>atiutn AGL% cujus ideo folidi datur tatio ad 
cylindhitn , cum fpatii AG L z^ rcdangulum 
cirounfcriptum ratio fit nota cx hypotheH. 

Conll. II. Cumautem, juxtaCor. I. $. iS. 
Cap. prsec. exqollibetcurvainfuutacurvilinea 
^ogoita inagnitudiiiis ortum ducant , per hanc 
ii^i^ta ccgQ fo^da quprum ratio ad cylindtum 
nota erit , cx fii^lisoirvis , juxta prxc Coroll^ 
cxhjb^potcruat. 

. S' |:t' ^fcioanoperxfitpretiumhicapeti.^ 
re^f^cs, qui Mathematicotumlibtosimmen- 
& theorematum ferie jam olim inundaverunt ; 
<j^q)i<;^Uibet per praec^dentia fatis jnnotefcantln 
t^nrQn^ni tamen gtat^ipuntunautalterum fpe- 
cimcn addo* 

- -Datum {'Sig.Lxri.) ifsxim SDC (cu- 
ius applicata f E:y) rotctur circa rectara 
TASt ipfi F£ tiormakmivoctturq. AEid^ 
foliduaieacQtatiooe^ii^jaxta {. 20. expli- 
cabit^ per omniuin quadratorum in 'E A Sc 
S A eonffitutoinm ^ercntias , feu oiAitia 

O 4 l(JjC 

D,<,n.=dnvC00gle 



o 1 6 ^ndyfu In/imtorml C ap. HI. 

Tr ,'fi vcro in ba/i BC25 cl(;vctut 

cylindticus , cujus altitudo IJC vocemr h , 
& qui fecetur plaiio HA pec TAS tranfeun- 
ti,itaut AG fit: ^«truncustnfetioralgcbrai- 
ce exponetur juxta s. 5. pec omnia trapezia 

PPf^feuomnia ^ ~ j qul tnihcns 

crgo ecit ad folidum rotationc genitum , ut pm- 

i.dy b+jjh %dye +yye 

nia TS adomnia ' J7 ; , hoC 

*c ■ ■ ■ 

cft, ut )& feualtitudo cylindrici ad T reu cir- 
cumfcrentiam in radio GA fcu ( : vel pofito 
^ = £ , aut angulo HAG fcmirefto,utr ad *, 
ieu ut radius dccuti ad peripheciam. 

-J. J9. Hinc aflUmto , in riguraiLXVU/ 
fpatio aitero DBCi cxterifqne, quxtumto- 
tationemtumtruncife^onemfpe^hmt, fi€ds', 
ut in pcaccedcnti j voccnmc AE: z, , "EEix, 
altimdo VK:Sy O A:gi ecit juxta pneocdentCm 
truncus inferior ad foHdum tubulatunj ut ^miiia 

i :(x t ^xxt %3ixe-i-x xe ' 

' Vg ^ adomnia " T7 ', fcdut 

j ad 7 i undc, vocatotrunco in F*^. LXVli 
/, in Ffg. hJfyil: f, iblido ronmdoin Fijg. 

Xmri: /, mFig. Lxril: / , faaoquc , 7 b f 

I..,,,-... ■,Goo«^lc 



Cap. in, Andyfis Infimtomtn. a ry 

r a », crit jum f. j8. /:/:: b: q, Sc qaoqne 
f.lv.sini undc foUdotom quorumvis annuU- 

. ^. i! VI it^i 
tiumrauo//:: 7: 7" T: T 5 trunco- 

hf Is hf It 

rumautemratio /:^::'7: 7:: T: ^jquac 
fiifius demonftrata apud alios vidcantur. 
*^ f. 40. Rcaflimito rchcmate XLII. ac fym- 
bolis, mm f.2+- mmf. 37.Gap.II. adhibitis, 
oportct folidimi romhdum vetb. gr. ex curvfli- 
nco AZP drca A P rotato genimm cfTor- 
mare , - quod xqoalc cft , foUdo ciiicunque ro- 
mndo per quamUbet cx^rellioncm analyticam 



CsJuSf' nhi foUdum dattim Mcdiantibus rec' 
tis,, adcurvUineumcognitum jiPE pertmen' 
tibus , cxpUcamr. Sit ergo defcribendum » 
polito J^i =t h , f<^idcuu ex A P Z circa 

cbbt 

A.P routo ( fcu, juxta f. is. oipiM TT") 
9qualc,copo, ex triai^ilo TD ^ drca TP 10- 

tato, fcu tf r^ i crit cx f . 1 3. Cap. II. omnia 

thht cjj eJ^ajji^xcty» 

Vr aomnib. ' Zl ~ fcu tcr- 

ffiiiusipl»GS T7~ inf^ittIJu9iaUbu5 , ,ade(>que, 
iflivifioiicf^^apeE r?crit ihhe =s yjt^yy^ 

i. ,„■-.. ■■.■Goo«^Il' 



ai8 jinalyfis InfimMmm, Cap.III. 
A^ztjfdi cx qua xquatione ejc^ , mcthodo 
f. Si.Cap.IIwtradit^'» in&iittfimis, i[^a:J&pcc 
lineas cognitas defignat)itur , calCulu^ hic bmit' 
to , cum poft Cap. II. $,31. & 57, titc intellec- 
tas fpontc fcquatur. 

. $. 41; Ncque fcmpcr requiritur, utcurvi- 
lincum quxficum ad ^ P applicetur 1 vcrom 
& ad quaifcunquc re^his curvam AD £ fpe£^- 
tesordinaiipoteft. , , ; 

Quzratur , cxempli gratii-, cqrviluieuin 
Jt^EB ad tangentis abfciflam A B applif^r 
tum, quodrotationefuicircacandcm. ^B e£- 

, - , -OTif 

nciat folidum xqualeconb modo expofito ., ,»r i 
pofiti Tiszhf ac 3r=j «, crit.hpc iolidum 

chhr . ■ . ■ . 

ss omn. xr y iuxta$. i8,adebquefumciido4pM 

JiusTT^pMtesinfinitefimas^acdivifiDdppec »r 
inftituta,erit shhi = jfyc-^jyf*-2tj4i undc 
admodum Cap. H. i. Vi. &3S. - elif^iu»tis iiifi. 
riitefimis , applicata' h innotcfcet j qtHc-oriK-' 
narii .methcKlo ad. intcr<;cpti^m. vf rrpduft»,» 
curvilinei AiFB acquationem cxhibcBit. 

Simile in Fignris planis cxcmplom Cap. II. 
S. 3S.fuppeditat. 

■f. 4». <^rt & isadim , quam iri ^igQtl» 

planis Cap. II. $. 39- dcmonftravimus , «iam 

in folidii gcflmlismethodus iDbtlnct, 'iittcntjs; 

cnim 

D,<,n.=dnvC0"0«^lc 



CAp. III. AntAyJis Infimtorm^ 219 
ttmn imbUflumtisfyroboUsquaeraturfoUdum, 
tx APZ circa AP touto xqualc cylindro , 
cujus bafis cft drculus radio ^\ fcu / dcf- 
criptus, acaltitudo ^5 feu x,ciimtomnia 

hhee cff:( 

"rr aequaUaTTi undcjuxtaCap.il. f. 13. dU 

vifisomnibuspcr w crit A^^s// ^ + 2/*'i 

/< rj 

jamctunjuxtaibitradita^t, *= *? ficif^a T 

,, £^« .*//<' ,, (B ^^f^ 

caxhhe^ j ■*• * & *»a (i +~r"i 
Undc , / & z. pcr quamUbet cxprcflioncm 
analyticam defignatis , etiam h pcr candem rcf- 
pcaivbcxprimetur. *.. 

Coroll. Hinc cidem opcri conftat ratio , 
dato cuiUbet foUdo //* ungulam truncumquc 
sequalcm confl:itucndi j tum & , e convcrfo , 
innumera folida rotunda ad cylindtos,& truncos 
ungulafquc ad cubos rcducendi methodus. 

f. 43, Quomodo jam , qu* $. 17. & 50. 
Cap. IL circa plana demonftravimus , etiam 
folidis accommodariqueant, poft lcvcm attcn- 
tionem in^aperto cft j ^umta fiquidcm quaUbet 

ebhe "Sil "Lil. HA^ 

hypOthcfi , ir — arS tr =5 ir 

&c.habcbuntur, poft ejcftas fccundum f. 31. 
Cap. il. infinitcfimas , duo foUda fibi mutuo 
zquolia. 

^ Nec 



flio Jndyfis Infimtorum, CAp.III. 

' Necbreriuti conralentesintetruminlingtilisbifcecal- 
culutn a)liun^ereopera;'cluiitnuspretiuin, principiairtdi- 
difle coctentii nec quQtnodo hxc ad folidaannukrialeu 
t^bulata, & tnincos ungulafquereferriqueanti ulteriori 
hic difcurfuprofcquoncum modo prxgrella $. 4.1. generali- 
ter hcc omniacomprehendat. HincenimdaiScutusltbet 
fblidi de^gnationc in terminis quibuscunque algebraicls> 
folidumtutn roiundum, tumadungulastruncofqucperti- 
nens exhibcri poteft , cujus magniiudo pcr expofitam ex' 
pteffionem analyticain eft determinabihs i quin & non 
unomodoidem effict pofleexS.^f .manifeftiuneft, cum 

Rrovariit , quibus ipla h appUcatur , infifaitefimis con- 
ruClio variafit. Quod, licet fpiilb iatis volumini opa- 
lentam maieriam exoibeat, numetiam abaliit, quiutis 
proUxe alioquiB folidonnn exCurvtlineis ortonun pK^rie- 
ate$defcripferunt, amDuidverfum£c, nefdo> 






CAp. IV. Amlyps Injtmtortm, a 3 1 
C A P U T IV. 

^e fiperfideyum ^ iineisCumsinJiJlentittm:^ 



f. I. TN cxpofito Curvilinco ApBOA, 
J. J%. XXr///.\fi crigaturCyiindricus, 
cajas aldtuoo -rf»:f, vocenturque, ut ip fii*- 
pcrioribus , ^Pie « T>E:u \ conftabit fuper- 
iicies curva cylindrici curvx ADEO normali- 
ter innHens, proptcr banninfinitepplygonam, 
innumctisrcaangulis D£'£ ieuomnibur rtt. 
ca vcro, qux infiftit rc£t£ AOy omnibusfe^ 
totidcm re-y quatc intcgca, (icmtis bafibus, 
cylindrici fupeciicies zquatur omnibus ru^re. 
f. z.. Quod fi cylindricus hic, Fig. LXIX, 
plano per CB tranfeumc ini duos fcccturtrun- 
cos i ita ut CJ' fit: ^, ac TS:hi cpnftabit 
inferioris trunci fupec6cies, qud partc tcGtx 
A O fupcrftat , innumcris rcftangulis QlGF i 
hoc cft (cum appcllato ^C: dy ^jPy ^, fic 

dh ' dhe 

^I: T) omnibus 7 j qud vcro-partc fu- 
pccfidcs cucvx A V E O inliftit , conftabit 
oranibus , trapeziis D KNE , hoc cft ( cun? 
Tocatis ^D:y , HE:* , D E:u , PS^y^a^ 

fic 



231 jfnaljfis Ittfinitorm. .Ca?*IV. 
fit Z) JCa ~ — ScENsi — T ) om- 

%dbu^iyhu+»bu 

nibus . » * ^ , hoceft,jtu[talem> 

dhu-^yhu 

iiia 10. omnibm T^ , adcoq propter trian- 

guli N K M nulUtatem omnibus re^tangulis 
MEDK. 

f. j. Quodfifiat As ^, &angulus TCS 
ideo femire^ns , xquabitnr trunci fuperfides 
curvsE ADEO infiftens omnibus du-^y». 

t. 4. Sin autem non per £ C , ied pcr AO 
planum fecans tranfear , erit ungulc plano 
ADEOA infiftentis fuperficies xqualis omni- 
feus 7»; h6c cnim cafu ^C feu d cx hypo- 
thefievancfcit. 

Coroll. I. SitJ)|f.L^Xfcmicirculu5 AEO 
ccntro r dcfcriptus, acradio Bi);rj critfu- 
pcrficics ungolx cylindrici pcr diametrum fe- 
minormaliter refcAi , retentisiisdcm fymbbUs, 
juxta prxcedentcm xqualis omnibus^»} cum 
autcm fit D F: D ^:: DExDH, feu r.y.: m e. 
erunr oninia ^«a omnia r*, hoccft, fafto 
A^Lz: PF=: r, crlt ungulae fupcrficies acqualis 
redangufo ALMO-j adeoq. quadrabiiis , tum 
integra , tum fccundum partcs proportionales , 
quod & in parabola obtinct,confulatur Cor. UL 
l.ii.icq. 

S. 5. No- 

D,<,n.=dnvG0(l<^li: 



CAp. IV. .Andyfis h^tmm' a a 5 
f. $. Notetur , non requiri ut linea AO 
necefiirio llt re^ , &&i5 enim, 'iig. hXXI. 
QC":», & CD-.y, ST: h, TC: i, infinitefi- 
mcs 1>E: u, QP: i j planitm fecans pcr S C 
Sc C B tranfeat; erit fup^cicstrudcicurvx 

ADeO inHftieqs zqualis <»nnibus i , illa 
.ycro i qmc curvam AQPO pro bafi habct, 

■ ■ ■ 6?* . 

sequatiir onmibus ~T , }uxtaJ.».huius,adco- 
quc tota trunci fupcrficics toticurvac AdeO 

PQ_A fupcrftansxquabiturommbus J . 
S. 6, Fatethihc, pofit^jr curvz cujuslibet 
applicatS , ipnufque turvx infinttcflmi s «, 
ac i, h\ Tt dy lineis quibufctinquc detcrmi- 
natis j curvx innftentem fuperficiem cylin- 
dricam in alcitudinc r dcfignari peromnia 'rus 
fupcrficiem ungulx femiquadrantaUs pcr omnta 
y u i fupcrfidem ungulx cylindrici , ad angu> 
lum , quem ratio h ad h dcterminac , refcAi 

hy tt 

per omnia 'T » trunci fupcrficiem per omnia 

%d u+hy tt 

i aut du^yu ^ prout angulus plani 

fecantis vel femircftus vcl' alterius magnitudi- 
nis eft, &,fic in cstcris , quou modotraditis 
tite imcllectis fatis manifcftum eft. 

i »' 

i. ,„■-.. ■■.■Goo«^Il' 



234 ^ndyfis Infimtorm, Cap.IV. 

Tte fiiperfiaehus rotatme Gedus. 

f. 7- "O Eaangalum AB£J» Pig. LrUl. 
XV.(liagonaU KE divifom, flrotctnr 
circaaxem AP, cfficietiinca i^ £ hac circum- 
volutioneruperficiemcylindricam "REINMi 
'& linca A £. fupcrilcicm conicam EIMK. 
Cujus uttiufquc valor Analyticusutindagetur, 
circuli EIM utriufqnc bafin conftituentis pcrif- 
heria vocetur e j qux fi dividattir in partes infini- 
tcfimaSjUt (7/ , quxappcllcntur », conftabic 
fuperficics cylindrica infinitis rc^angnlis LO/&, 
fcu ( vocata Aj* a O/; d) innumeris d»i 
idcoquc totius cylii^ifuperficics , jiuuCap. IL 
$ ij.xquabitur dc. 

i. 8. Conica autem fupcrficies componetnr 
infimtis triangulis ifofcelibus GAI, qpibram 
fingula (vocatS,nimirum AEs A/s Ag:1) - 

lu 

crunta t , cum juxta lcmnijj. fint reAan- 
gula obbafin GI infiniteparvam, undefuper- 

ficics modo diAaxquabituromnibus t -y erit 
que juxta Cap. 11. %. 13. abfolutus ipfius valor 

le 

= T I f^ triangulo reftangnlo , cujus imum 
latus cft latus trianguli pcr axcm coni , alterum 
circUmfcrentia circuli bafin conftitucntis. 

19. Vc. 

i. ,„■-.. ■■.■Goo«^lc 



CAp-iV. .^ialyfts Infmtorm, 225 
'- i.9: VenunacalhiscyluKbicxfuperftcieiTa:- 
ior hocpadx>'inreftigatur,aon coritomncndi Mfiis 
in hoc cakuli gcncrc. Cylindras, Vig. LXXIl. cx 
ite£t!angulo ^ F 5 circa A O rotato conAat 
mfinitis cylirtdrlilis e]l Q^P ^ 2) cirCa Q^P, 
nnd6 fupcriicies cyllndri mafOris exinfinitbfu- 
perfi^etuli^ cylind^ids ex D E tirca Q^P ro-^ 
tata gcnitis : talis autem fupcrficiecula , fa^ 
P£:/, & DE:e infinitcfiiriarcaaefi^feu ^O, 

sequabitur r 9 pc^td radii ad circumferen« 
tianirationeut if ad ;$ undctotacylindrifupcr- 

ftc 

ficicscritxqualisomnibus ^ , tamfccundum 
GOHvcrfionem integcam , quam pardatem 

f. 10. Conoidcsfit^. /./Jr.cxFigura JFO 
circa A O rotata , juxta 1 7. Gap. prxc: , uifi* 
lutis conftat conis truncatis , ex trapeziis QpPE 
circa Q^P volutis j quoruin fingulorum fuper-' 
ficicculac cfficiuntur refpeftivis reAulis D E 
circa catidem QP rotatis ; unde patet omncs 
has conorum truncatotum fupcrficieculas fimul 
fumtas' «quare fuperficicm conoidicam ex 6m- 
nibus rcftulis AD^ DE, EF &c hdc cft cx| 
intcgraCurvi AttAt ctrca AO rotatl ' ' 

f, II. Ut vero inven^tur ejus modi fuper- 

ficieculx valor , faftis D Q: y, TD: s '^ c\xi 

titngenti fit ^iormalis DR: 1 1 tum EH: * , 

P . DE: u, 
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%i6 jfHolyfis Infimtcim»^ CAP.I\r. 
BiX} M , &, ntioht radii ad cStcumferaatUm 
Sf rad^i eritciFcumfetaitia radio C^D 4e£i 

er - ■: i-tf ■: . 

cc^s^ T,quaeduaain \TD dat, %r . pra 
faporficie coni cx TD Q^ circa T Q^ rotat^t f 
uti ec pcscgrcffo 1. 8. notwnclt Eandcau pb 
rationcm fuperii^^ies .com ic?c tciangalq..j:;£ 

cifca t*P convcrfo sequabitoi; r~ in ■^~, 
ibu ( elimiiiatis pec lemma, lo. ceje£taneis ) 

OJS-^-CJ U -f C4f CJJ 

' ' ' '\r ; undc fi detrahas i r ,rcma- 

nctconitruncatifuperficicsex DE drca P<^ 

c s a + c y u 

=6- '■ ■ ir- ■ V ■-"-;■:.■■" 

Cum vcro ob tangentem T D fic perpetua 
yiis;.f'(=:<(^f, crit ik^lanmi fupecficicciila- 

,■!■ ^ ■ ... c j u c t a cj^e 

riiip valors V" a l^ a ~7~ j quacc tpjta 
fij|>ocfig,cs.cx, .^FO, circa AO rota^sa ©i»- 

-, ,.cj «■ 1 1 a e Sie" 

riU ~r* :? omnia "T" =: omnia ~7",. , 

CW/. /. Sit AEO Fig. XJrx femicirai- 
It^ centro F defcci|)tus , qui volvatur circa 
diametrum AO , . qujcricar hinc orta fphaerx 
(lipecficics ; yocatoq. radio 'DF:r,,S<. OQ:/, 

afquabitur juxta modo-infinuataomtlibds ^i~ 

=i oninibus ~ z^ omnUiusrtf; eft enim 
' ■ /« 
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fnm rtyit.^AilGxi-i' M tmaii ci eflhnne 
te98og»l«W!»«*aW-0, inqik>,\,!(6cxiftaitt 

riphcrix j cft"autem hoc rcaangulum a »rt* 

, ^f»'.,.-: ,;.: :^-,:i : . i : , ' ' ' ■ 

=! s s quadruplumma]otiscirculiinfphxrSi 
cxpofita. 

-'«Wiimw.iiOiuftauKiriilltiiciqurtffpartifius 
aHig8^''6Ete«i4«! i ilipiiryicies « fcgmento 
.rf'»'^'cW<<ii'.* Q^totato , faOo >Q: x. 
^quaUtat j ipfi tx , fcu rcftangulo cx AQ^ 
ih- circuinfe^tiam inKgrimmaximicifcuIiia 

^hzt*:!- -■'''- •' -.■.■•' 

QuckI fi dcfidetcntutcirdulus'huicfapctfitici' 

iqu^'Vj/;{^jli^i)S^, critcitpuluSjTT =i 
cx t adeoquieyjrxa AD a s a radjus 
cttciiliqugtfiti. . I 

CcrM. ^ll,_ . Rptetut , Fig. iXXIII. linca 
parabolica APE citca;:axcm ,-<^'f. , yoven* 
turq. y(,Q: Jf , QI>:7 , p F, tangcnti oorma- 
lis: ;?,' erit 'jehlfl liinc fupcrfii^ei fxptajCa' 

c uj 'e\ii' 
omnia T~ =3 T"; quod fi kiai"i>'T ap' 
plitetui iid XJ_p, fctt *, adtoqucad ^Q^feu 
jrj'etlt;*M>*i='ittiadcoquecurva SLCM 
ctlt «adcm patabola 5e S A±',ri nndeoinifli 
iir'jf6ufpatjun» /<X^/' cognitum oft>, '* 
'- ' '• P 1 a:qualc 

D ,=dn,Cooglc: 



^aS . Anatyfis InfinitmiM. Cap.IV,- 
vopsaht fiipcrfidci uiigulae c^^liAdricl Ift ^flft 
arB pcr AP fcminDrAiaUtofr tefeai'; vobfti 
HK hoc », cric idco fupeificia;eoliOv^pftra^ 

*- -, ; . . cn :':...'"■ i " ■ .' .■ 

bolici a T » cui xquatur drculus radio / £ » 
defcriptus» 

. Canti. iy, £o4em niodo,^in'^tiptis(^r- 
vis per^tuc ^ H ADE G.t. hypcxboila : ( cnjus 
xquatio zrM^xx=i'yy) erit^^ jidii^ypcrbole 
altctius"i*cgmcntuiri ^ X jW i» ; cujus «piatio 
7r+4rx + axx= jfrifr j Hr hoc fegmcntum=:. 
m crit/z0, radius circulixqualisfupqcficici 
ccmoidishypecbolici. ', fi ; , 

$. i2.Quodfirot3tionisaxis Z J^.J"*^. XXST. 
fit cxtra Figurs A I> t anibimm'$ faaS 
^N: d , dcterminati j SJ>: y , & VEiUy 
conftabic fuperficics cx curva AVEO circa 

£M conv^a , omnibu^, ' ' r" ■ " ; qu6d 

coincidcntcm Df ultra 7^ produceiidor do- 
nec cum LM concuccat,aceodemcuni$. ii. 
«alculopatcficti 

f. I}. $i veroinquiratur, i'j(^.Zjrj'/. , fu- 

perficics cx integr4 Figtarx A D £ Q P ^A pe- 

riphcci4 cicca B c rotati , fmt infinitcfiina= 

A£: #, ^P: i, rcft* CZ?:/, ^€":fi *:cc,it 

cadcna 
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CapiIV. Attatyfis. Infinttorum. 229 

iV.A :■: ., ? we-frT/c 

«id<^??flM9lisqpinibus T~~', conl^qucn- 
,tiaB,ratjp-^ r»:pius inc^l^ta cft, 

J. 14. Plurima hinc inmodumf..38-&39. 
<bq)ripaccj dcduci pbficnt ; cmn , juxta $. x. 
hujm, fuperficies. trnnci infctlctfiscylindriciin 
altitudinc ^T fcu A, pcrplanum BC (itaut 
, ■. ',-^' ;:, ;' . „ jHfe-br»» 

XC ^txh). i;cfc/U conftct omhibus f 
.ifi^^f§(^f:x|>qrinicpr9 j^DEQPQjivit^ 
■v- '..■■. --/l-r^.,."- ■ "/ "- yt^^-^K*" 
CA ^C totata ; flt xquaiis ombibus. r 
petptxccd; erit llia.fupccficies trunci a^hanc 

otbmnia' '* '^if"'''{ 'a^bmma '*' ' , '" fcu 
.1,!:-:. , .6ie-. . . .'.\y.-. <■- -^ .:■.-. -i' -'■-'■ '- 
,«taji-T.'i''v ■■ \. y, ■■■-■:■: -. 

Unde in tnmcorum ac roUdorum rotationc gc- 

nitoTum fupetiidebus ideiki obtinet ac in corum 

fpiidi^ ConfcraniuxhxccUmS.jSi jg. Cap. 

ptxccdcnt. 

' ' J. tii Ctefera&ve¥b,quxordiriatibcitcumfc- 

'CtNibrfKrbpofidondSi, £)dii-hfncncgotioci:uuiT- 

tur. Rcfumti? cnim fchcmatibus XXXIX & XX, 
■ aC ^iiilbblis J. i7.Cap.IJ.'cumfuperficiesconbi- 
"dalisWcutva i<I»£?"cirC^ 4:0 convcrfofit, 

'fiixtaf.''ii.Huftis,aqualis'omflibus T"=: om- 

-^■jq tv:iov O A I- .yj^;.^ ^ .' . . . , . r . 1, . ■ 

■Jnifc.! V^.=f bm»fly.-"r^'i 6r.it Pc/^.ut r adc 

-■^•^ P 3 ,-. fcu 



.S^o . Jiudjfis It^imimlm, .C&fjlV. 
feu radius id ciccumferentiam ita omnia ay feu 
fuperficics curva tihgntx cylihdrld pUitb 'AKi 
infiltcncis ac per XO femiilbi!rtialite^')ieleaf', 

.■ • ;• ' . ■.-. i '. .<*ji' -lii.'! .;.. .. 
jnxra^liuv^, «domnia iri ftil>fafai|iiqiedi 
conoidalemex ./<JDS.;:drca^ .^O. I. . .:■ 
Stcuada , ]>olii4 Ap,EF in diieftmn , ut 
Ct DQ^= '"=7» ^^=^"», pianum •<>• 
xqualeomnibus «)'$ flt^pofirii ZJ.Tfcn ^ (;xia- 
linuo iri /i# ,' wit BJrO^isEtjuaiBs^faiiiiibfB 
J4i necripn, Dii; conftitui;J,feippffl[in JtiC 
Figura..^.JO aequabitur ppinibusjtV. Unde 
genccalicer: ut r ad ; , feu.radiiis ad peiiphe- 
jiam, ita-quqdlibet:^ pknis^Ti^Vj-J^Q 
ASO fcuomnia»;, mtfn, iaaM,e, adfa. 
periiciem conoidalem ex ADEt- &ai- jlO, 

■ ■ ;- : ■otiji.:' 1 e* *!"'-J.:;toft[*i: :.'■■■ .i 

hocciiomnia "7" &a T~ foi "T"- 
f. 16. Hoc addam ; ffi Con&idalis fuperit- 

. «..c .■!. ■•.,.. •: 

.ciespcrppmij T^ explicewtj lcfigarsi A^O 
ciccuin fccibatucK^iwiguliHn. Arf 0> laxSat 

KV=f% fore oipflia r fcu fnpen\oiem cy- 
lindcicam reaangiji.A»*'^ O .ciccaiA.p ro- 

' K'' ■ ■. ' 

tationcgenitamad.pjnfi^ ~,.^\ fnpeFW?"?» 
'conoidalcm'ex AF6"citca' AO 'voluti pro- 
<li#an) , «t omoia ft, actcnu)ta~iir, feuw 

I.,,.-.. .Goo«^lc 



.CaivIW ^tdyft Infinimm. «51 

i«Au%iilvini., ATFO »i plaDiun A J O. 
•.i'l-! :JI7- Qup v«ro,i»9» iame^ik propoBfifir 
num mdlis hinc colligamr , lioc excmplo ty- 
Wflibuisaperiteliceat. AetcMiif:ri^olis>>vocen- 
tur .A ^^ cui xquaiis D X: x , & ><.0.- f 4 
fiarque jbcta fxpiusjam iiiculcata t:s::e:u:: 
/:*,, mdc zezspit. Fafto .crgo eonfiailtcr 
jg^C' !s j&' ,; ctit planuin' ASO 72.. oraniji £ f j 
i!'ailte^^ &> in analogiiinoiint quantitatirsper'- 
m4dfcritS'ac|Min^tabiTe<,j^'uti fuit ut ^: «;::<: »; 
EritiK"/i:';z<::; i; «j &., duaisconfequttiti- 

'' ' c X ' \e X c - X uc 

busin 7, ut/e:.'~7^ :: f, ~, hoccftut 
xeaangulum AVFO fcu omnia ^r, ad.foli- 
datji' ei . 4 i f> iAa. r G routo' fca Oninia 

^,«,«* :! i.v ,.,,:;;:.■:;:.:: ... ;':... ' l.; ;..':; ^.r 

-"T . .(*■ 2*. Cap. III.) ita omnii «feu rcaa Ao 

ad Qiiui. ~iea ihpeiiioiem conOidalem e;!;u^.Ej; 
dtc» ya i)Otaii,Mi..i;i. linins.^QjodfiiiotflCCi 

^tesiflidem: 7r .liw^iW^"'; ."■ '■ '~ -= 

e X e. X u c ^ . . 

ir: -7^vh6<fiftjutcylindttlsei Ar^I^tlca- 

p cx c 

ea r(?i fcoomnia ""5^,-93 foMuntexjf.fO 
«lJc»«aijdem tf ^;, lcueintia, rTT ,; iaom- 

Xtc 5,« . ^ 

ai»T7t,fest,iiT.'y (.<¥iia,<5tniMi»>J!ai!)jJi> 
; ,» ' P 4 ■ feu 

i:.i<,ii,.<i~ CoOglL' 



4 5* ^ndyfis Infirk&rum, Cap.TV. 

feu cjfculus in radio A O fcu ^ ad fitpern- 
cicraconoidalcmcx Jef cicca TG ftu-dm- 

nia.T"» quod iblati p« divifioncm rafionc 
' * , ' ■ j ■ ■■ 

"7" ad uiigulatum trunconmi<iue fupctfidcs 
Edhaecomitto. 
tur , juxta , j. j 7. CorolL II. 
um niuncro folidocum racio 
i fit , pcr hanc prxccd^tem 
n numero.fupcrficierum cOf 

noidicarum ad circutuin ratio ihnoiefcet , fi ex 

data.cucTa Acs invcniri po^t ^iquatio «urvs 

aavx AEF. 

fubnotmalis ^S: l j erit circulus radio V ^ 

. ■ yye , !,.■ ■■■'..:.■ /'"■." 

defcciptus =: ^ r » cui oportet fuperfidcm co- 
nOidicamxqualemeKcucTie AiVs: circaeun- 
dem alcem Af rotationc genitam ,■ aflignare. 
Sit eum in finem ^iV:/, tangcns i\r.i:jt, fub- 
tangens Z Qj A , curvx ndrmalis NS:n, in- 
finitefimaiVX^^tfjCcitjuxta j.ii. di<la fuperficies 

/•o ■■■■' "" ' "'' ' 

K omnia "7" j qu« «quanda.eft drculo 

yae 

s onmia ~7~ tx.$. n. Cap. 11.; ade<^u« 

e 

vifisQiiBilbaspbc ;? ,' fiet jr9ii,y£i ^cd, quia 

i. ,„■-.. ■,Goo«^lc 






^Xi^IV. Analyfis InfiUtw-tim, 635 

h:k:ie:o, eft.ba T'^ ;riim etiaixicft ydsUi 

fi'. , . A ... 

.^ Uindeiiic confequitur canon : Si duarum 
cntvarum ADE & -rfJVX', adcundcmaxcra 
A P ordinatarum , ca Cit rclatio , ut illius fut>r 
normaiis ^ J hUjos normali JV J pcrpcmo 
adxqnctur , ctit fdpctficic? ex hujus ciirvafi 
i/^itfX: rotatipnccircaaxcm^^i' gcnita, fem-^ 
pcc xqualis oirculo , qui applicat^ /) ^ altc- 
riuscurya:,. tqnquamradio, dcfcribitur, 

CoroU. /. Sic ^N ad circulum, cujus 
aquatio'Er*— **=j;/yi Sc \^t> adparabo- 
lam , cu|us x ars fupcr- 

iicici fphxric; , quiap- 

piicat^pacabc ^, tan- 

quamradio, s «>: ; 

undc pofito :rficies =3 

2rc=3quadni jhsra.cu- 

iuscadius r, circulum 

hunc & paral )tincat 

CoroU. II. Patct hinc , data methodo fubnor- 
malium invcrfa , dari omniumfupcrficicrum 
coooidicarum ad circulos redudioncm. 

'CtKlII. Poffct & hoc principio fubnormalcm 

if S pci: X exprclTam in fericm rcfolvendo non 

P 5 pau- 
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354 •^jfa Ififootorm, . .Cf^rJV* 

paucanun fuperficienim ntio adciiculum (ia 
[ixaxiiatisacciiriti)idctenniQaEi. .t '- 

Scbol. Licet autem de planis &foUdi£ trs3antei,9KxbQr 
dum cradideritnus, duo cuilibec planofolidoqueperanai- 
Ijrticim quamcunqoe oqirefflonetn ddigaat&, dumunaiifij 

ftcies non xque feliciter rolvitur,' Mc quidem de c^(3> 
quodmetbodimMioraialininfen , q«dd eodem recidit i tan- 
gentinp.iiivec£tai rcqwntt j;potuiiret4ie'fiiperfiGietiiai'> 
i^ux corpora.conica decen&iaant, tra^tio i^terius-lqdg^ 
cxtendi ; cum modis variis , prxter jam recenCios , fQroiari * 
adeoque'meo(iiratioDis Ihx diverualmodbtittdltis|>rincp- 
pia aomittaie poffint : cum tamet) en eodeiD cam przeeden- 
ubusfundamentooriginemducant, justaqaodcurnlinea 
tanquam infinttoiutii Ittenim poljrgotia cdtiSdeiaittur > 
^cialem mans borum inqutfitjoDera curioromii Ihtdio 
xelinqitimas. filegansexemplumCiiI¥^ttt&tettt.~Bfr»* 
VHLeA.XII'i!|>peDdicuUl|' , 
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CAp.V. .4iiiiyfa bfimmm. 935 

;■ ■ ;,'c.^¥^px V. ■ ■■ ,, 

■ Tle Curvarum,4iw>fjvnti»f' , 

J.l T? 'Xiemmut 16. eari» j4J)E P rig. 
-' ' ■ Jct XXXIX. conftit reauUs infiniiis , 
!PC,< C'I>i'&<i; fitnalfuinci», ieii^mnibasoi 
quorimi Talotucreperiatuc, manencibus f. 17. 
Cap. II. fyipbolis ,, noii func , Dtopceccangcn. 
tein''7'6 , elque liorinalcni' o Ji , feqiiences 

anilpgtfnu i qui exhibenc » a '7 == T a 

«»4<if» .;t i!t,d, ■■ :.i^d -> k^^j^: 

t f =3 ."7 = T a . i .' 
<f, 2, Iflniergocutvsi .tSfJ^iiettpjnnU 
■ '■ •.■ k' 

Vgfzquancur omnibus y , amilt j-.hir.in 
«ndc;, £ura t fibi femper xqualii inpponipoA 
■pofiic; 'if jc jr calisfotec, eflecucoqama y a4 
«nuii9 '>, ica^^dmiUa « ad airvam feuoiniiia«. 
hcc -aucem immucabilicacis conditio cum in de- 
nomifutote y defidetetut, fad^ r detetminati, 

T i • iS ' 

fiac "? s '-y undc r = « , jam pofita a ui 
.^e adcurvam Aess, ctit.&di .dGs r, 
.ucomjiiar ffSurfAangQlui^ J-G.4P .A^oaaasL 
z. fcu fpatium lASO, ita omnia e fcu axis A o 
«Ibmnia s feucorvam AV£f. Nsfcitwan- 

tct» 
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23< Andyfts tnfimtmm. CAp.V; 
tem locusipfius KotCurvsc ADfV rcUtio- 
nccognita& r dctcmiiinti. Qiiarc dato fpa. 
jiBso fcu omnibus z; d^tur curvx AO £i 
latioadaxcmlijum 40. 

Notaripotcft, quia ais ru, fore 7 s«, 
hoc cft , curvam fp u omnia » , zquari fpa- 
tio A S o fet .0 dctcrniinVitpi diyifo . fca 

aimiiiut jt , ' " 

r • , .,■-.. T ' 

Cm[(. 1. Qiioverohacmethodoindigctqt, 
nnm paraboliibrinium quzdam ad mcnfuralh 
poflit rcvocari , fit cutyae AVEf iquatio 
rt—ixi=jf, crit cx «angcntiam mcthodo 

r^fcafat , Mnde 4^« fcu >3,' j4* 
ti fcuquadratum B.X = >>+y^ : .Jani 
vcro, cum fit kk: yy:: z,i,: rr, crit, pofito 
pro ** i)j vcntoYalore, acclifo^^ pctiquai- 
tioncmcurvac, hxccccuiv* ^sq proptictas 

Az—rr mj^r — ;»: ' » 

undcfidimcniionesipfiusjsCnt 7, erit cut. 
yilineum Aso cx Cap. II. J. n. Coroa 

' ■»i' •—»?;■■■ I ■ 
fcmpermcnfurabilci fiatcrgo "' ' f . '"a./,, 

ctlt 

D ,=dn,C00«^lc 



Cap. Vi • Mdyfis Infimtorum, a 37 

«/,. $B4 ^t I4imcn^impara4numctum 
m^ minocemi Obfervetuc, cum ^ hicmajoc 
fiti|^^t femper r adhxfusain ipC j* ; fcdhsc 
nihHNhcntdjificul^t^., .. ^. : , 

CartU>ll. Sit^fg.ixxiyiC^Q\^i% (cujusdi^ 
tnfn(ionpm hi(cc>;(^atamhiaadijDngo) ptima- 
ria^A2>£ff, cu}usaxis AF;zr,, AcFicmi-t 
circHlus genitor , vocenturq. AQ;*, QC^j-, 
C/.V^ i P J?: i , gux cydoidi normalis ell , 

* . .i> <J^/»: .i> £; » . .i> :«: < I ctit cx $. 60. £ap. I. 
'-y^iA^J'!!*:^::»:»* j, W"^ Ofni^*. ^**^ Pinma 
«r; p(^ut^r£^-QS, doncc ^cfcripta fit curva 
LSii cujusutnofcaturrclatio, fuit h\yv.z.:r^ 
::Ac.* AQ, fcu irx: x *:: *;&: rr, undc 
%f\ ss zAx. .Quarc curv4 ISL cx hypcr- 
6olirormibus una eft Sc ftiitta Cap, II. S. 11.' 
Cproll. ' i,' curifUBieiiin ' JC A FX, I fcrf omnta 
t,i -acqVialc 4.'rr''j' ijHcoquc' brnni^ .«'»' feu 
««m,* l{i ' .-'■-■ ■■;''' ■ ■...., 

7^' ,' fcncurtacydoldis^s 4r , hbccftdu-' 
plo diamctri clrculi gchitoris, Obfcrvetur hic » 
cum KK^ (feu 'ijuacllbet pars fpatii hyper- 
botSiiiut^^itaift, txlTtki ^T> fcu quamlibct' 
curi^a.pattem'htJcipf6o<JE'iuicffc, ", 

. i:- "3. Addarn'«'hoc apltiribus animadvci'- 
fiinr, cumabfqutf lciiirtiatum auxUio immedia- 

tc 
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2j8 jndyfis Infimtmm. Ca?'V> 

tiexhoccalcalotiroflaat., SitFt^ftXXr. cur- 
Vi Abe F , udeiiiqbl; ,' qux in J. fi lin^ 
ttt«Tyi*bola , ' tei*>:;f::y: *(!*;»>, H»i4e.'i;» 
a »'«, qusetitut jam (fi a |>onatarin ^C ad 
ipatiiuti tutvx BCJV<7 txhyjtbrtKii-tjnadrai 
biic) cutvx j<D£F,c[iMeidcifdo'j 'ejf f. i.*ia 
teSam eft mdtabilii \ ptoptietaji xik ap^Scitz 
TJ^fcuyad A^ftiL X tclatio s ciflii il*i 
qucfit j: i-.T h z, ,'«tit etjy: kt-^jyf.- r^fl 
az — rr, &, fzCto z.z,—rrsff, trit^iJo-' 
fiacy:l::r:f::e:a, -uttdc/tfs r*-5-pbikisdi^(* 
/iii (y ,& rin/A/,cftcufvilii«umi4#XO 
=: olflniay"» ,' ifcniaangUlnA DSX 0'=' bWi 
nia 1*4', quse xquantut<tc^)langiiI6dlct6 r)'} 

quate ■ D Q^ fcu yW ■ — r~ a '• i ' "' ■ 
•Undc ffatim appatct fcquens thcoteraa : data 
Figuta quadoliili .4 JS Cf q , cu jus ^piici(U Qc 
feu £ , . ad, eund^m axeni appi^tur ^cunda ^i- 
guta AXXb, cujus applicata QX feu A iti 
tamcn,, nlr (jtpetpetuo^a-rrrps//'; fidcin- 
deairumatuttettiaFiguia j 
(a D Cl_'fcu ji, cjus natura 
liata r ,in. applicatam quam 
cbntinuo reflt^ngulum ry 
linco adjacenti. AXXQ^I 
cutva AD El jri tcaan 

xqua- - 

I..,,,. Goo^Il' 



aqoiis^iuiftpiimbiaiBuiiM jfSffOiSirifoipct 

CnrM. I. Sit ABGO tniKzinBI potabolii- 
euni , & ««3'T+i'jr , cot ffxrx , & 
A X:X O ' par^la , . qux ^ juxta Cap. 11. {.. 1 1. 

Cor.l ,eft rtienfiHabil!i^4c*qUalis! •'r*' =omi 
iiia/ir. Cumauliin Init oinnia ftisrj, ctit 
f •)'i«n',aiP)r, «c.JjVsirj^/.i^aeeftxqua- 
tio euti% Al>J5 E., , . ; 

CeiW/. jf/. He« potetor , oum Ct r«>s e« 
ia qnavis ciiryi ^ daiik^nimuiq cutviliqepi;un> 
4^adiatitra,vetl>.>gir.pinniiuiV{!^«,d^omniujn 
cucvatumlpsgimJtKsfcHf^mnia fi. 
, 'f . < 4: J}uBC: uii. modum i , alTunil^p 'quolibct 
oiiiliium<ai raUaet proccdiriuj ci.gr. fit «3' 

T i fiaquc,;i(i ffeu Cj^S yig. XibOX, fit 

"4liaiiitaiVnutabais,"'.7' = 7 V'erimt oftmii 

,■ ■;' ■ ^Kd" ■ ■ ■'■ ' ■■■ • 

» a omnia '■T, hoc eft ; pofito * vontitmo 
in IM, fpatium fpatium iOK fcu omnia 
»'4 '■divifiiiii'p6t determlfettaM-r, xqilalcom- 
vSnmitfetaatvi hW.. ■-,,.:]:■ 

QOiniS: cum fit'&<= r» ciit fpatium HO.JC 
x^(nate!r«a»)gula «(«•r, fig- Xi. cuiiuai- 
teru^tatu» »9 cnrvv, altetum 9» dctemKttt- 
tx'y xquatur. 

Qiiod 
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^40 ^ndyfis Jtnfimtomk^ Cap, Vi 

Tccenfios quivis juxta rupetiorum nocmamac 
commodabit.' ■ ■■'■ ■ i o V) ~ \ . . -■ .\ 
'■' $. ;: QuoveromodolircmediodusaurTis^ 
tum~ ^crfus axcm: concavis ap^licari queat'; 
wnj & quppafto,, fi curvanohadaxem,. fcd 
ad punfliura f cfccatur , li^c traftanda fint ;.prae- 
cedentia inteliigenti fatis manifcftum eft. 
" lDexem[Aam, rtpetamf J)w'.xcr///:fitque 
VFSP eadcm fpiralis , qaam Cap. 11. prop, 
Xt.IX.Cor. j.difcuffimus, talisnirtiirum.qux 
circuli radios SJ) '■ ad eandem femper angulmn 
fecafj ftatqufe JW a «, tum vocfttis .T^i/^ 
SD: z , Hl-.a , cUtv4 DFS: c , faaSquc 
conftantiratione if^tis » ad <c' e^ux ell ^ ad j', 
erit perpctuo ^»=3 i&«; quvadterininosabfo. 
ImosperCap.II.f. 13. redu£^adabunt^(=^2^; 
fed h:q::s:z, , er^o qs^ h.r= qe , adcoquc 
/= r, quodfi e cxtendatur ad in^tam fpiraf 
lcm, erit G P=i s ^ unde infini«a h«c fpiralis 
Ipfi (7 r fpkatcm inpun^ / tangcatiads- 
^aatur; ^ 

j. 6. ShJFig.LXXri. curva ^^JfD^coftftans 
infinitis rcdulis £ P , I> Jt^ X 2:, &c £»j totidem 
IV,' qiiam contingat ce£ta ^D in £; jppOtAa.* 
tem curvam conftitucntes infikiitcnmx produo 
teeaxcm f^ interfcceminpunftes T^MtNyS^ 
£cc. aftiittuturquc £ Q 3 £> £ ; item TO =3 

P/=3 
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CkF.V) Andyfisb^^oiiimy 241 
tSAOWMck^iM^feiAbcld,' <tdn<<can(ktnii)tiina 

vs> fam>M>=^h ti\iiz''gpsi% i»,-,.^!!!, 4; 

fc/ll#'4;"KR)iWliltriSKga6»B-?VVdud4'!cr, 
«Mf e-fk-VEH- te/rtliitriangu(<>' rBiW <luc- 
t* Af ', iiVfi" Z> V^iJ, =1 c^-j fit te m 
triangiilo 'a?*JV'atfaa W;- 14;' fiat Xj-u, 
e!SJf.r-S^i<hfe*!«4-.oNTkria«W'faa8 £C 

nA^-miqifis^idiin^oiifiiiiiilSr nliaWcc^flatnm* 
ma , (71= 15, 8i !i3'id;'9^'i:^ i7;,''id'£ i'ii. 
■Vi'c«irq.,«r,,'rjW-,'A?W,''ftrapfc:ii'; & 
%-(f,^'«;'#'-'4*'J'!ft'&''J»/-',''iV,''|irpetim>i 
/c<ia'«it&'R^j)irid<i<fif*SjM<a»t«.^ ' • '- '■• '• • 
" '^E'-Rirefe S?''*<ffl3bll»«fJv*n>i)^£:.ihm 
tifist':^'^^;»»'»^»!»^;^'^"'^')»'*;'^'^ &ci 
'cotttiiiuo e)c hyi^Wtfj i^qiienAii' , 5? ex partium 
acqualrtaft^iiot^utii^xqli&litaslegiffiiiejriferatur, 
■ijiiicl & ««a ^T^^^rifa^nMiiB^u» '«>Teii ciii*- 
■ira-^JlVgJ ,»,'■ ''"=' ,'-oii-nimA!f:.i, .; 
-'■'Hf «ciM'1i".»'J'»5c<M"»Wjl'#»'.MJ« 
&'t.=fiiiiBBitur"6iH«SBS'<;'="" " '^- ^ "'""''• ' ' 

III. rtefta »l"nfenftira61illirfferomii!a >. 

^.''Adcbqnc^Sillcg^a^^^tari^ns S E ffqualis 
'cril onim6us'i"»^-*'j'*%fc ^iiia-<5h>niai« *quan- 
tur curvce ^D£, critreaa B^ '«qualis cur- 
va; j**i;«'olife!Ws'»<ea*cff* 8'a ■' ' 
■ 'V.' Cmri 'ai^mliiie()l3e'../if,''u.; ii,iOiiO, 
- Q. • »1 9i 

D ..dn,GoogIe 



»4» Atuhfalttfieka^'. CXp.V; 
»5 »«'■«1 «.li Pj»iwtiint«49i«^iin!C aigiMos 
pcfyttuoin J,<),io,iij„%^iMc?, fflOW»?t 
easpipnesinlu[ieuiTia;i;van); v^/ (^neFc^qn^ 
in c^qitein.piiteinaciiWf i^ It^^Ac^cncav^dt ; 
cuiuTqiie lucc eft pi;ppi;i^fas; ut:,(i9aeU^ce^ 
;b/, />,8, ^,9, &C. cutyaoi ^i# D £ cgotinr 
gensliuicfitadai^uIosniAos. &ei>naf>- ,. i 
■ Coni^ninicjiIiFpotMt j?ai>:i^^/>,j!,/f>nc 
z^uales, &;t,a, infiAitefisiii , qtunt ^z If in^ 
maw J3. .fiigifo i>iS,j, ,^,,.p,9,s, ,fe^i 
undeconrcquitut pcopofitum, < .. 

Vi. Quodetiam JfC, NF, K^, ZSSic 
cuijvz; ntit>nodOidii£Uni liabentes rcL^tiQnem^ad 
curvam y<&^, eodcmoiodpdcinpnftca^ . 
, *. 7- Mnde. hpj: j(af|(icBi pcitKf thf^ptenji fi 
.ah codem jttci^cipio Jt, dj^zi^cdiaiEiturl^ucyae 
yf / & J^ , in candem partcm coqcavz , ita 
ad rcinyiccnirelftiC, '.ut,..qu3cintetiotem AE 
t((ngit teaa,,yetb.,|>,>, iitcxt^ripp jllkm- 
pec ad angulos reftos , ccit />, ft , pac$ tangcn- 
-.ns intei;, duas-,cf}rvft^in;tcf^epta-pcrpcn>pa^ua- 
lis cucvx ..^ X z> intec pup^m cpnongcntiac jy, 
&pcincipiumcoipgiune j intecjeai. 

Eft cnim i^ p I> i , tum XZ=: $, i , ac 
Z,^s 3r7t ^«v cx modo.aftiimtis^.i^ndcU- 
quctintentUm. ■,.:.,-;',..,. 

f. t. Hpc potetiic, .^qupd intecpcxcedcn- 

tia jan attigimus ) fi cutva AB £ Itt vecrus 

. axcm 

I,,,,,,, vGoQi^lc 
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fis Infimbrum. •Cap, v , 

\A , & cucyilincum MlEs 
autchifitexKypbthefi, 11^«:: 
fv.N0\6'C, crit OC haju^ 
dctcrminans aecjaaUs ipfi QC 
I, Figur^ , feu /, 5c B C:k ^i 

1 :^Z)5,,crit fUbtangCns in 
^iv 1, "ac MS:^ atama. » = 
: fe^Afr: om&ia A; undc , fi 
latio cCirvae \M_NI ad axcm 
■iW£ , cx aata applicatd iV.Os'^, A fubtaii- 
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jnj^K» pccMcipiqs ad iatcrccptan^ 3i.Q juxu^ 
applicatam JVO relativos rcdi/catiu;, , 
.^.^fhei. li.: Datav^rocurv^incorumquiKlra- 
tur4 . quo pafto irictho^us tangcntium invcrfa 
iiitcc cognie^trcdigbp^lfit;^ Iiiciutyr^nttmgry 
.tiam oHcndain., lJcet|oco^rfanminus,ogpo> 

JttlOp.': , ;^ \ ,:;,■ . : . ,\ , • ■ ,, . r ■ \ 

, , Quaeria^, cfgp ri^. %J-t\X^ ?;quaiio curvi^ 
ADE\ cujus appiicata Di^iO iit.j^y &: 

irQ_rubtangensfcu f,fif a .^, r . : 

■ Vocatis , -Q.' -^ 0«:^ j&,£H:j<, ,uf 
tfesipcTiv 6«. , t.):: c: f :: ^.i r, ,ac fit r dctcrmlT. 
JWa> ctit w«p r<} qaaie, appUcat; conljtan- 
jteti»^, inji/yW, a4,.4 ,. i;t.fiatcprvilincui?),^M^ 
«qUjUijliinitiut**,, appliccntt r.ad.c m Qz, 
ut fiat rcAangulum .<^<;.7Q_.a:qualc omnibus 
r. *. iHinc fi ,^ Q. vocctur x v ctunt otnnia 
r«.a'^r^.,C]i Gap.:JJ,-.$. 13. adcqque.rxy:.,(>m- 

: ■ > . ■; ',. -. ' ■ .'. ,■■:■ ■ '. *M 
nia ,:i>a,^a^ilim :.IMO, fcd t fcu j|rr: 

-■ -: -.-::, , - ■: , : ■■ ,':'.)-J-, ■. ' 

.j::f:r, undc 3f»=! «7^,, &.a=s -IJTT , .»9 
complemcntiun.patabplx i^ JlT. }- .qubd juxta * 
.priy«dcntW;q^^!iK()jileciJ& a ;»/5 ied, per 
,n[i^dp,^irunfta,9t^ima x,*i^ r«j'..,a$quaturot^ 

oinmbu$_rrl^ur.jr, qoarc.j&a, ._ , = ; j.^' 
Q. 3 ' uiide 

.,„-.: .Goo.^lc 



2^4^ Jtnalyffslnfijkmm. <3ap.V. 
^ndctandtfti ^rrxja zy^, <Jaaecitfv« Jiy'£ 

xquatio qusfitacft. ''■ 

Qudd autcm cx hoc aequat^ne ifurfiud pro- 

i y, ■:.'■ .'■■■■.' . , 

dcat rQ_ fctj ^= 5V7 )im abtinde ootnm d):. 
"Ncquc hanc mcthodum fcmpcrdbHhere', mo» 
do modo omnia, i^a fcufpatium FKO qtu- 
drabilcHt, utterioti dcmonftratiohi^ app^atu 

ihdS|ct" "■'' '■•• ■ ''■-■■■ V.^ . :■ ^^V 

f. 10. Alia ciirvanqn longitndine; explp- 
randi mcthoddshoc hid^^ fuhdamerito i quod 
fcilicct, i^/g-XJirXW//.integtatangcm B£ Ct 
ii^qualisDmnibtis w-f omnibus ;i, hocefttSitVi 
^I)£'+ommbusv, uti f.^. W>.lr. d«KM»- 
ftratuihfuit; Unde , quia dati' cuivi Al^E 
datur tangens BE, fi dar^ntur omMa * , da- 
Tcnturomnia u feu longitudo cmVx. 

UtcrgoindagcnturomniaA ( vocatis j!ri>:^- 
T^t, t>^y j infinittfiMis SJ''t BOzs 
£!):«, B7:i, 5 C: ji , ) quia TC cft nonrn. 
iisipfi «£, cft Ste: SPSiti ic^, hoc-<» 
ffu^Kt^e^i::i:\i quare , rcjcftis rcji- 
. cicndis, fict ja^ t'ii Unde ^:V::i:A , fit hoc 
^t detcrminata r ad 2; , crit r\r:i z-i. 
' tjridcpofita z in y^?,' donec foimemf initu 
Vilincum jSFBi eritliocsfclqualdomnibai s/> 

CWw. <« 

i)wsd xquale cft omnibus r * ', * lindc >~* 

D,<„.,.=dnvC00«^lc 



Ciip»,V; .n4MlJ9^/^(WW». ^47 



.■ CfTfU, II. Hoc 9<i4o,'^ii\o^umliuicnooitt 

Vffco BKjifuj^bilx ylfB^ JTO(irtj)(>(<^ co^y» 

fnc., Sifi ^rsx, ,£[?;:;»;, ,V:x4.^f !Vi«li,t>e): 
ciuy^:,: cujus,fpatiaiiii,,.'f^$ one^^a^ilc cft, 
vcfb. g^.paraiapU , jmukcfit •rj^f:' r , & jux? . 

ta^c«dcteil^^W /TirlteiViyi;» = em- 

Tai-ii«-,-<juotirc»c«lniiii»s'"^ i""' a ' jr 
— oijihia ;■*. , , , 

jamvcio, utcuivx jiDE vquatio cx hif- 
ce datis invcftigctur, , rX 4ongitudo tangcn- 
_tis P,T^t .*JWl fi^cyiff;'':^ i kpc t& D T: 
T^:KCr,,c6,icdu^ju(RcIt hpf: problcma, 
|it invep(cq(;^,t9^ct j:\jrvj glJiM, sujustan- 

GtHK^Ic 



24* -'"M^j^^Ii^li^ti^m. (fAr.V) 
I 



tuthnl in ' E","'ptf*a«"i'"&'"i' irf tuW'*)!»:- 
fita jlBi^iHiS^iimk.iiJi^Viy" -."piofta 

milit^ncni-FTcd^fai^WkatliiifllfilitPjjJS/i-iiv 
quare « |:*^rSS, «%* ^Jfc^f K^ jttinva® 
«X fuppofito' ir i^ b-"cft"pdfa^qla i idteque 
rx=3«£;, qoociicagS*'W, >& CAri j^. ■ 
, .§cd,qb5trijngDjup(i^TrKf*qW.i»((iJBSt«|fH. 
lum, eft g^=3 ^+jf j»r,undcptodit rjf — Jf X 

tut cft s cujus fubtanEcns TSeCt is r—ix , 

"■" ■ ■'• ■ ■vi ■ ■"■■'■ : 

andc A<S ifcu V'*- Jf-= t r^^^ x. 



■ ■ Jkm'atatcml <K-j;^o\:Cip I'.'a<rta»gV*fdB- 
.fcquciiti fchdlloi' eft"Jii^;(? <:V«S:>;>::/:/j 



oUite, inloaitait&T^^iftefflUs^JWlbtibtB, 



-/? /rryi- a : tTt-yr"»wx ^'--^?' j i tjIt; ■■■■.■-. ,- , i 

cmcrgct / =3 r i & ; - y , 

aut, loco/furrogato ipfiusmodo iiivcntbva- 

lorc, cub. r— jf in 4 jf=: rry^. 
. Tandctn, aiVfyf:{ttA\-\4^,^^,:(p^ 

X+»=.Ai Ctit, V^K tpdu&rV' EepotitQy 

rx — ±xx=i r», qu^ pcf inViRitas duas halce 
^qoationes rjf-raj;*= r» & cub.f r- >; in 
4^:=: rfjy cjcftojf^emcrgct(falvocalculo) ac- 
quatk) fcqijctB »* +'z,r»» —8 rtpn^zyyn». 
— 6 r^ji » +^ + = o. Qujc curvx AD E rela- 
tiohcm ad^axem j^^ ftu » j'modiante ap-^ 
pU^ta;^i?. f^u/; 'exptitnit. ' ' 

vr JJinc jam quomodotangens B£ invcniatut 
plus quam cognimm eft : ut & hanc cucvam 

gcmi B£— omniaK 

Quo pafto vcrp in aliis curvat unj AT>B Sc 

iii^ffpbfiHbnib^VesteVfaaaridafitjhbcpcr- 
ccptoquHibctintfcli^ct. '. 

gorolL f. qu4 crgo ratione cx qubvis curvi- 
^■^qna^taKH ciirvaWeiriribafcaf , tni rtaa 
*<Pl&fc£tjibW^ift;'.exfcdrollanbprJEgriflb 
pat^]^ (ed^cx J.'iiV Ca|i; II.; aliifquc ■, c\ qrtivis- 
cnr^-gedmctricS liiniimcra ccitlilinfca qbadtatuv 
' * Q_ s ram 

i. ,„■-.. ...GoQi^lc 



35^0 jfnalyfis Infirdtormk. Car.'V." 
ram admittemia deduaintar , «quamobiem ex 
quSviscurvi gedmctrlciinfinitascupvasinr^-- 
tas mutabiles dctivari poflc hinc iiiferri potcft 

lo curvilineo >B N curvam ( F»^. LXXVIJI. ) ADE 
defcribendi , quz fanvimerfe habenf.reladQitcm. utfit 
p^tRcti» AJ^Ji^i^TSiQp , tiiip.4.T; Ti.;; pT.TD. 
Quod i' cUmillic loci Biulannp litis InEniftftmriilh bpe 

Erdl{Hnrin"fit , VqMiftioijb «xpedJriust paiiNofeSciqMjitj 
ic oftepdifl^ forl»o tyronibusqon infiple fuctic^ Feu"!^ 
crgo 5 fuperiorisiymbolis, fint infinitefimar NMss K.L 
SS^tyRLiSfi':^ hfr-eo, }xnAs:ft^ Ira; vm.hAiAH^; 
9J.:KJ., feu x^vf^B::po., unde xonffi undem 
ET.BT:-E£.-R.L. Hoc efi f+«.|:.f — i+».f j uride" 
sfsit j— 2 1 { ex quibus tribus «quatiombus dills infintic> 
■■■'-■ _ ■■ ' i!£i'- ' ■" ';v;,..-,--.^ - 
fii^ orienir fa h-r-K ^qtiod>,li^et|ietwnat&itDiqodBin 
$. lo. prxmiiti potuil|et ■ ne ]}r6poJitip^nutn tai;tiep fe mn* 
luo infequentium,filum abrumpiretiKihOC potitninfei^iii^n- 
ti 'fcholio comprehenderc volui ^ infimulqtie Monere , tne 
pearcedenti propofittpBe piei^qdi nriagis^tiniYerfalit^a» 
fpedalTe , quain pofitionisre£larum > nexurxquccurvarutn 
ratii^nep) habuiflej cum jtyifitiguU^ferehinusprpbleii^stls 
cafibmi3cjuxuvari3mciirfilii^'aim'ilBPnjKuAiiijvaHc 
fint. ■'"-/.h ;':,> '-.'. T ■ ■ « 

. $. II. Sit poffo/'/g..Zirjr/^ Cutva 41}E 
convcxa verfus axem >4 ^, quam rcftap .Tz> 
& B jE tangant in D & J5 y vpcenturaue 

Ht, <: £ fit xqiuUs.B ^, h« cft ppijgiflU ip C^^ 

Jcmma 13. dicantur i^fini^tiif^jX^-'»'^^-^ 

l>E^Q£:Hi Pfla^i»;/,' i'^;,^,,^^;^*, 

" Ctit 
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CAp.V. 'Milyfis IrljhSttrm. 'aifi 
«ll BBa'i:+«— «, ohiittatijtntlum Ti) 8c 
.SsitUffiiMiHi» continul' eft': »— aV C vetb 
cxdcmtangcntcs TD, '& i£«onftahterpto«- 
4a<aiifar'iA'J! * /, iti ut TF appcHatl *, 
liDCa S/ fit'pcr]KtOo i+»j «rit DFa j+* 
«t «/aBl + B'/aj+»— »+*+»=; j+'*+»j 
quaxe Uneatum Z>> & /£ differcn^^^ ^tiiiia 
iO£H i»,'Uncaq|uc jE^ & Ei a^ualfes} uriifc 
eliittfopct f/ ttiihgtilo j&F/,etitF7utrique 
perpendieiHaris i ex kmmiiti' }i , Si parallela 
infinitcfims CB , ac ex T du^a T J itidein 
& ipri CB iquidiilalis fadet 8^= CT a aj 
remancbitq. J/= TFa ^&i cum autem F / fit 
~ quoquc infitiiteffina ,' qaoniaiii' ^S tatis ef^, 
x:ont^uat4, ut in 1.6. tangentiutn/eric, rur- 
fus'<)nini4 Fl abitiunt in curvaiii jiYl , ciii 
oixmesreftxa 
ctuBt;^ tmdc, 
tb 'il' delinaht 

•HT^^tatuto 
'turdinh^s ,' 

'tangehtcscont...««.w--- 

Q?^rc, fidaticut 
= iqnc=omnibus catn t 
'tiirvx U F r natura , 
"invchta fotct liac uni 
. thcaiutu curvarom lunguuuu. 

Cvtll. 
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,3^^a Andyfis infif^r^fn. .*Cap. V. 

rquivis curv4, Af\ aUam 4 & ^ invef^p«uEI^ 
.cui Fo9;a xquam dari poteft: . .■: ; ; .m:' . ; 
^ ,\ SitcivwiiipiFvi. ^:^I^p^c9ta:7i<7:«^ '6c 
'fubtangchs NG:k.y ipfa GT nocnialca) curv|e 
^i?T dcfinicns^: /, intccccptar >< C:/, infinitc- 
'^va^ FJC= Cf':'^ l JCk^\, ^rj:(* i. ^ ob 
.|t^galoi;^m ■^•CB &^^I funiUfudincaii, 
>I: i?^::.C,B:C5,ifCtt>':(&-K/-»t«;:-:^-e*+*» 
tmde , r^jcpis. i;ciii;icncUs pct lcjtmgi lo. orft 

. »#• -i i t ■ '. -.,."■■.: ;:■,"! 

.rf7-aj». Scd& T<7:(;F::TCfCB, |ioc^ 

■',■■■■". [ ■ ^^\\ ■ '. \ \ . - U< • ; l^.fl-: 

:=; '-r ^v cna«>'T^»fi ;?<?r^j) T?.'f^|cjT^^^ 

(nam TF: 
inyolLvens , 

'^i dpnec 
:.novaairva 
tur g 9 crit 
,/— «^ jaj» 
'^^ j, ictt 
qux scc^- 
a^i^ominct, 
quarc 
"i..,,,-.. ■■.■Goo«^Il' 



C.Afi'^. Mntjiju TnfriiiA. »53 

..-,!■.■> ;v.r)K:A ;r-:! .■:;■. 'h^r- !j«r-,! 
quaiccx utri^uifeteigititdltdEm-^aiT^J-a 

rrr , * elifa i taiufcm 13 

t-'<t-lr:%i;:<-. ..-. a ii;3 ,_f>l .- :,' :-. : X:-». 
jii — (<<— i^^, quiaaatcm ii— »ia// 

jHct Ja j,/;_;:':p,.| = TJ5. ,... ^ 

Hac autciri iiivcnt^ notbm mt punftwnrb in 
JWtvi,^ p jE.j,, jDjisvcjtCt^^ciqsproj^eltatcf ^ 
celatioadaxcm y^-Q^dcduapoilunt.^ 
'" Hod aiHlo^t tmn reSaia D^ tarta6"j*B 
zquaii jam fzpc oOcnlbidl&^eiitcilrr^ jtB :» 

,^ '. /- ' M-niH lno'rd .ln 1.;:.!. , r.':'.!;i . - .:i'J 

';lii>$ «Bdlfnis «?l«tawifiil«si»i ijreiftf •^; «Jf: 
c -F: jlc!», !;.«);:*!(!,, c»:it, ♦,/ a tHfA.SfK/y^o^ 
in locum ipfius s x rutrogato ptodibit j a 

HiMi' ,.'".■.: :"'':'"'°'^,;- .;;;::,' ;.:'., 

: ■iS',rniWV-.' V. -, . ;.'.:i.;i!: •■ : . . ;; 

.'.-■.;..: . . ; -ii;.-..!KJ... : .■■: 1 /; i.i;-; S 

;i , ,$fWv I,; AWJiinc M i/»»«ji««iin«n-N**. HfgwwcuT- 
.var(jai,^VpIiltKfiJe!q^aiw^u^4dHeWWi:,i>;{i cnim KitA F£ 
Jalla£fi}i.flc^ilU:elle.aMUip/atur.i.«Ci<:MrVF£Dil.circiIin 
jN>ii,i:,..dd^e^>if£finiutei(ia F il^Hii^i^.exire , etit 
lt^^4Pi§..«y^Unfi r .3^ J FJ ;e.it evvjlurioiie delcripla : 
qiia data, letentirque ryinboIi;(fp9dQ:al1unitis,,invenie- 
tur ( Teu TD eademcuinea, quamllatlinextiibuimus. 

1. 12. Ut vcropateattyronibiismodus, quo 
<iMrv« JI>S rclatio ad axcm ..^ Q invcniri po- 

' «"» 
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«54 y^ndjfa InfiiHtwm. Okf.V, 
teft.j hoceftlnter 2)Q:;f, & A<^x; critpd- 
«BO ir.Fi-RCKT-BSiai^ lott.,:*:*;!!.-^, nn- 
dc Ztssij, deinde FX:TC::TD:TQ^foi 

*./::»: T =t TQ, cni fi addas TG+C/a 

/+/» «titigimr QT+Tc+<jAs ■?+'+/ 
= *a AQ, rinaerepofitoinuniquciqiUlio- 

'■' " ""iiMM '"'" '''"' ' , 

■Se is^^W—At efliWgentiiri^orliqiiatio' 
^^.gh^^h^ii^^^ifj^i ^ptofcaindi 

CuiD autem , datl tdationc ctirrz Ktl, 
•iiinfts tecr*'ei8ii^ti5',' « &^(ioffiata Aff 
■Ifeii/icdHai i^ l^eiifitiefiUiiCUrWtiuiL^ kia 
'**7, fen«Brv« ^DB, qoequwebatuf. 

Poflcnl circametliodiimevolittionuinfnrerraiii, fena 
evolut j defcriptam invcniendi , hoc loco qujedatn adjun- 
ei : cuttl auteni ( F^.LXXK/) datS evoluta I^Dfi, ejw 
defcripta: Al propneuiesnon nifi reais lE, 8D, &c. 
detftliiiHariqtiflaiit, neqrffth&t, nfficbgnitSciirvsc'i*DK 
longitudine, toeitoftanturs ftAiiSoneiTi liiijus]^roMeilia- 
tis curvarnm re£HIicatidnem ; methodnm iiilteai-taiifeii* 
tinminveriini, involvere, eo iprottHnirefbmeftrtjliZ', 
'cdltiuoiTexiniisadliQCdiiEciiIiatibits^preniaiittifjltlBriliiis 
liifceaddeniilsfupctfe*». '• ' . . '• 
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CAp. VI. .^hdjifis h^mm, 2 55 
;; C A PU TT. V L 

-©e 4SS>£enfurA Curvilmeorwn eic 

Centris (fravi^attmh 

$. 1. ^^ E^ebre , ^utn, hoc , tuman^quts 
.-. X^teaagofibwi^ iiKnfurat^oii>sfnpda- 

.qijx eodem cum fupccioribus fomc manans , 
nin materix dignitas particularem (ibi difcuflio' 
nemdcpofcercvldcretuc, iamiotcrtcctiicapitis 

. corolhtia locum invcDircpotuiflet. ' , , 

KpfuHKi^ eniinCap. n{.'|.4..^(;.;tumiiguci 
ZK 1/:°, I. tum f^yj^bqiis,. q:at qylindrici platio 

.AO,F inHlicntistruncusinfctior, poiltowgu- 

.Ip ii B r lemiredo ^ iequalis ^+iy in r« s 
cum autcm.^f fittoftangujuin QDHfy ccit 

.'.(faifli,?/» ij» Sc.^^sd.) foxtz incchani^e 
reguias d^-f.y iQ yf .mqnrciitum retElat^uli 

SiP^^. aJa^Cipmotus cB.appciin} fi^qui- 

'dqm moment^ gravium exptimunmt .per rc^an- 
guU ^ Tpiolc corporum in rcfpedivara abaxe 

j^ft^^mm du^i. Jam autcm omnia je con. 

Aitu^iit %^ram ^ O F, undc momcnmm oiO' 

nium y e m fuis rcfpe^ive diftantiis ad axcm CB 

appei^oruBi, cq|U)tuc momcnto totiusi%une 

' . AOF 
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^ij^ AnatyfisTnfinmrum, CApi VI 

AO'^ in 4iftantia l.r afLcupdem a^cm CBv^ 
penfx , ti pun^m ^ prb cenir6 gravitatis 
totius figurac A F affumatur. Quod mcc- 

Jiantct prinapia nda ignotWt^i» ^tis.iicl- 
tum cft. 

Unde fi figura ^OF vocctury, &J«dif' 
tantia ccntri gravitatis • abaxcmotiisdicatur; 

'*,' crit */=; on^iiia d+\y 'mye: ^ '^:. 

• Quftrc expofitis*hiHiteo fefeaOjviiA oiraiib,' 

;rfjr(f>-f7>f ,;figUft" Abr fcu/. iSc aiflaiiffii 

•ccnttigravitatisejufdera iy cx datis duobus da- 

'turtcrtium. 

<• i. QuonipdbaHttohsecungulisvtilfOiii* 

.normalitcr,velaiib_q(idvisatiguIoper AO tc- 

'fc^is ap^licafi iji^arit ^ qtU^bet fiip martcin- 

' dagabit :" ciimnihil hic divcrftim occiOTat \} 
S. 3. Hoc addo, cum fit fks'ormi 

^dyc^ lyy e , truncum iofcriorcm xquafi cy- 
liridrico , cujus bafis figura AO/" fcu ft 

■& altitudb sEqUalis lincx l» , quS,- cciitriini 
graVitatKfigutKabaxcmotuS CJI^^^dJftat. - " 

■ J. 4; Si vei-oangulus R B mon fcmirea»t 
fcd alius quivis fupponamr , accylindricWbafi 
A O F infiftcns habcat ,altitudincm JT fe*i 
D* feu ^, ac /s^. fitij crittotuscyKndrictis 

; aqualis omnibus A^*, ac truncus inferior s 



©mrub.7 V;7f-fi.^jr>, quarc trancUJfupcrioc 1 

D,<,n.=dnvC00«^lc 



Gap.VI, Amtyfis Infimtorm, 257 

h h 

xqaabhuromnibus, j&j'r-' T ^js^^Tbjje 

ieu *? in h~i,~\y mye; 

Ctunautem^ « — iji flt xqualisUneae i>»^ 
<{a&(£cntruingravitatisreaanguli ^PDH di^ 
ftat 3l linc4 7 r, erit linca ^ • 1 fen diftantia 
centri graVitatis totius figurz A P ^b axe 
7T 31 ^ — * , unde juxta $. I. erunt omnia 
b—4~\y in ^ra bf~kfi adcoque truncus 

fuperioc t in bf—kfzd tnuicuminfcriorem 

t */uti— *ad *,'fcuut4'" ad-Jjhoce^ut 
putcs linex { 4* refeflx a ccntro gravitatisiigune. 
f. 5. Quod (i hxc adfolida, tmncondidi- 
ca , tum annularia tranfferre placcc, patet cx 
S, 20. &c Cap. Ill.folidumtubulatumexfigura 
AoP circaaxem CB rotatum, xquariomni^ 

bus , 1, r i quod folidum fi voee- 

tur: /, quia omnia dje^\yye ex f . 3. funt 

«qualia kf; erunt omnla r ftu 

corpushacrationcgenimm =1 ~7~ a '• 

$. 6. Unde, adnmilimdinemf.}. folidunt 

omne ahnularcfeu s xqualc cft cylindrico , cu« 

iUs bafis eft/fcufigura AOF^ ^ ahimdo 

R k^ 
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2^8 Jaalyfis It^tutorit^, C^p.Vt. 

"7 fctt clrcumfc«ntia.circuli, cuiu& r;idia&CK 
(« feu iy aut diftantia centti gravitatis figoEX ab 
axemotus. 

, $. 7. Afliimatur jam ieoindamfolidiiman'. 
nutare s^i Sc figura , cuj tc drcumvoIutkKie 
g!»uttmi eft , fit E ^ t diftantia ccfttri gravitatis 
jigurxabaxe rotationis s h^ arklblidunihoc 
fccundum ad folidum primum, boceft^ »adj 

uti "7" ad r , quare ^ A^ = //* j mide fi 
trcs expbnamur ratidncs folidiadfc^dizmleo, 
s ad^ , figurx ad figuram {eafzdg , & diftantix 
ci^ntFi gcavitatis in prim^ figuci ab dxe motus, ad 
nmttem drftaneiam in fecundd feu k zd h , cx 
cognitis duabus c<^nofcitur tcrria. 

S. 8. Hinc n truncus quilibet atit ungulx aut 
altcri trunco aequalis fupponarar , mulmm ope- 
rs in qbibufdam curviiineis quadrandisconfc- 
rct , fi centrum gravitatis cognitum fit. Ap-. 
plicatis cnim ( F>g. LX, ) ad cundcm axcm A 
f^uris ^i^O, .4GO} vocatifq: B^k, & 
RDify^Fie^ erit truncus infcrior cylindri- 
ci bafi AFG infiftentis , ac pcr \irf O fcmi- 

normalitcrrefc^jxqiialisommbus ± . ■ 

■ ,. .-31' ,-> :■ 
q^ii fupponatur aequalis omnibus T", fcu un- 
g^lae ieminormaliter per AO refcfti cylifldria 

in 
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OAp- VIi ^«ft^ Infinitirum. 259 

ift bfA n*/© , fi niminim SJ f" con(inaO 
£»,)rj sritpctpetuo A + S/in/^a '.j in^ejlux: 
l^ juxu nKCMnicc t)Koreiilata. 

OnKiium/f feu trapcziOrnm SSED mo* 
tnenta^^ Uem 'l O «iqualia momentis omniuni 
^» feo tMpeziorum fHl^ ad eundem aitcm. 
: Sjt avtem planumcucvilincum AtG^ k=L 
Omnia fti ^jufq. e£ptri gtavitatis rdiftantia 
^r abixc.:s ii ncc nonplanum curvilincum 
ilHQ^ga<mri3 yt, ejnfq. centri gtavitatis 
Vabaw AO diftanti» «rsfi erunt, jux- 

t^^ihuju^, omnU ■% sil, &omiii^ 

"^' y_r«',,^^(feo|:^«= >/.' ! ' . 
' tJi^' cognifl flgliri yf O /f mia&ti, cius 
t)!ft'tt!otrb gf ivitatisy '&centro gravitatis plani 
.iiirO^^^Cognofelrurplani AtCj magnimdo. 
" t^ofd u prxterea adeutidcm axdm appliccmt 
f^itfa 'jfMO', 'fltqti^ /^U^, & truncus irt 
patjtJ /f 'GJ, i&f «quajVhaVuatut non ungulad 
in ii / b* , ' uti ilKJJtfaaum ftiit , fed trunco iri 
biS^jHOffi pet.' ^-o tiifcao feminofma- 
"' ■ ■'■'■ ■ itfr+ff, 

litet , hoc eft, fi fiat fcmpcr » st 

y:^f>e-» -y^i«.. .■■■/■■. 

■: ■^ rT7::;1.^ criioiBo A+l/in/f = ^ti5 in 
qti Si T.X diftantiScenrcigfavitatis-X figurse 
AHQii vocaci it , ac ipiS 6Svsi. AHOM. 
R 2 feii 

GtHK^Ic ■ 



060 Andyfis li^rutorum, Gap.VI. 
feaomnU ^«■=^}eritdcnuo^>f=; k l,Vktiix^tA. 

Ac fi ^it fcu i&+/ VDCCti^: jcj hec noa 
^IC fcu y+^ dicatur: xj crit in ^inid cab 
rr — AA^^ji&infccundo rr—hh^ii~yy. 

Unde primum & fccundum C/; .r/«/fi( lonma 
OTtum vcl duriffcjvel ducere faltem poflc vidcn- 
tur, Particularia fatls egregia &^iriulra hioc in 
appendicc^^/i^derivaYitEnidimsAuthor. > 

S. 9. Cum autem ex 5. 9. &24.Cap.ni, 
g»Kris alius tum truncoram , t^ foM^Otum 
infimtefimx dcduc^tUr , eadem^atetadinver- 
tigandam corvilincoram quadraturam fcmita, 
pofirAcnim (Fi^.XX//.) infinitefiir^ j^^.v, 
applicata .<< ^:/ , intercepta it .W: jf , ac dc- 
tcrminata SRx b y ctit truncus cjUt^drici ball 
Jt^F innfientisacpcr HS feminoripaiitccie* 
fc£ii acqiiaUs omnibus hye^xy f, juxta Cap.ItI. 
$. 10. hoc cft omnibus , ^+jcinj';, featWii- 
bus,^-)-x + '« in j^r^per.lcmm. i^. iQum aotem 
^* fitrcaangulum f^TiAyZC. KC ab ipfiij» 
ccntro gcavitatis C ad axcm i^B duila Jjr^j 
^4-* + !?, crit ^+jc+.Jf inj-r fcu, byt^ityt 
momenmm paraUogrammi P ^Ji A adaxeat 
moms BH. 

]am autem nitfum ex Mechanic4 momentum 
omnium y e in rcfpcftivis fuia diftaatiis K C 
aequantur momento tptius figurx Jt ..^ F in di- 
ftantia fL ad axem motus appeofse , fi £ to* 

tius 
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Cap.VI, Jndyfis InfittitorutH, 2^1 

dus fi^rae centranignivitatis fupponatur. Fiae 
cfgofiguFa B.'JY^f^ & ¥X= i^,eruntom- 
Jiia, bye^xye^fd y hoc eft truncus modo 
dictus aEqualiscylindricoinBafi RA^S &alti. 
tndine KC j undc rurfum cadem ac modo rccen- 
fitardcducipoflbntachifceadfigurasS. }].& 34. 
Cap. III. applicatis, lcmmata CL Slujii, tcr- 
tium & (juartum , in cutvilneorum menrurl fa- 
tis magiii momenti ormm fuum debereTiden- 
tnr, fcd nequid mmis'. 

■ $. 10. Notetur hinc demonftrari , (refum- 
tAFig.tX.) mootentaligurarumadaxem AO 
interfeeirc (retentiss. 8. fymbolis) utiomnia 

» ad(Mt>nia " ;: , fcu <Uvi- 

fione ^tBA per e conftantem » ut omnia h^\f 
inyadbmnia^-VijT in j, hoc dt utmpmcn- 
taomniitmlinearum &!> in una figura .^4 J? (7 , 
ad momenta bmnium linearum K^ / in alia figu- 
n AHOMi qHOdaplurimisaflfumitur. 

S. II. SimiUa hifcc circa fuperficics curvas 
demouftratipoflenr, quxcumexmodotraditis 
Icvi opcrS colHgantur , brcvitcr pcrftringam , 
rcfumtisigimtCap. III. f . 2. & 3,4. fymbolisac 
rig. LXIX. ctit du^yu trunci infcrioris fupcr- 
ficiescurvae AEO infiftentis , )mta ibidem tra- 
dita. Hzc autcm xquaturmomcntisomntum 
reduiarum D£, curvam AVEO compo- 
B. 5 , nen-! 



2^2 Jndyfts Infimtdntm, eAP.Vf, 
nejitium , ac ad axem. S c ^pjMe^farum i fl am 
VE feutfmedioifuipun^o X fC".ccntCQgr%- 
viutis appendatuc ad ^xem BC \n diftamlfi f ii^ 
qux aequalis eft c ^+ ^D + r J fcu *i +/ + ; 4, 
eritipfius VE momentum ex mechanicis fcin- 
pcr ij»+fljr+j4w, hoceft, pet lcipm. lo, a 
4y^uy i cum autem momenta omnium J>S 
curvam ADEO conftituentiumsquentucinOf 
mentototiuscurvxindiftantia X Z a^cuiidcm 
axemappenfx, fiquidem A* pcogcavitatisccDT 
tco totius curvx fupponamc « erunt yocads , 
^urva AVEQ-.k^ Sc XZ:l^ oQitiia rf*+7» 

Adeoque trun^i fuperficics cutvx innftens 
xqualis fupcrficici cylindcisat , feuredangulo k l 
excucva k &diftantiaceDtcigraytcatiscurvx^ 
axefcu /, &ponta <^=3 0,critungulxquadiaiif 
talisban ABO inTi^^ncis fuperficicSK onmia 
y u xqualis momemis OQUUuni Z) £ ad axcm 
AO, fciiomnium ji+^f intt, fcu^D+ff 
in Z}£iundepofitacucvxihtegtxkmg^tudiBe, 
. i, & ejus ccntti gravitatisabaxc -*0 diftaa*, 
tid /, fcquituc rurfuip omnia yu cflea ki. 
i. iz. C^od ni>xc ^d fuperflcies rotanoDC 

<f^c+jnfl 

gcnitas extendcre placcat ^ cr^ntQmn. , T^ 
^qualia fupeEficieicxcuryx, ^* Z) £ O «jtatie- 
necircaaxem BC gcnitx, pxCap.IV- 

- f. 14. , 
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Cap.VI. Jjhdjffisif^mtorum. '26^ 

f. 13. H£C, juxta praecedctitein , xquatiir 
Jclc 

r. ) hoc cftOipecricieicyUndcicz, cujusbaCs 
eft curva k , & altltuclo eft circumfcrcntia cit- 
culi radio ZX (eu i defcripta. 

ff. 14. Quod 11 lccunda curva expcmatur , 
cufus longitudo n: ^ , diftantiacentrigravitaijs 
abaxcinotus s s{ eiitfupcrficj^exiujiuscur.. 
\x circa huncaxcmrocationcgeniiaperpcxce. 

■ ■ m- ' ■' 

dcntema r ; & hxcadfuperfidemprimam 

k.ic 
fo* 'T' nt ^0 id kl-y mde ex tribns ratipni- 
(>us, fupcrnciel ad fuperficiem, curvxadcur- 
Vam , & diAaflttx ccntri gravitatis in prima cur- 
Va ad undcm dlftaotiam in fecunda ^ datis dua- 
i)us dabltur tercia. 

' Fkiia iiinc nec exigux notx paiticnlarU liil>fc<}»eiitwr.,' 
teiltriq. mvititvs inveniendi multlFaria ttiethodus , RquTs 
harc penimrt proftcutus fuerit , h*c aureip apud crud^- 
ri glte fM ^ihorw iVailifitim y St^. Oi M^tUt,9kiasi\Vk& iii C<^ 
pi^ repcrieai* quibus do^flima eonim monumeata evot- 
veievoljipe^iieni. . 



J^^ndicida. 



aUo vero harc(i<tiliusin' nrum iJeJucantur « rion intN- 
tilefbtfan fticrit plaiiorum.folidorumq. , ncc nonliir 
perficiernm, aC linearuoQctarvarumesponentiaalgcbtaica 
jhmnfnqBafitabellam, coptraxifle. 
&I ergo, Fignri LXXK. curvilmcum AOf, eique 
R ^ dicum 
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^ ^4 Mdffit Itifittttvnnn. 

cvc^mSaijmaa ivftuftilluin ^OtM, itvua %C ipfi 
-P "-^.' 'P'' '«Mpu^leU, voaiirq. »t rempef , 

&S'' ■%^'- '^*'' ■ "''■■* ■ <"'•■' ' •nB«i»Sn»Sl« 
flH.., HE.», ED.«, Ct CD rea 4+,a ,; , i, njiii! 
Clfculi, cu|usci[ciiii]ferei|Et4: e. 

Expnmemur.- 

Jfft"K»i«». ..(FOM peroniiiU^.. 

■SfmimCmmmm ATa pefomniiii, <.x.Cap.U. 

,^.7^^^ ^'"- "■^•'•'^ "=»- f 

- IVwKitfflijhwrbujuscolumnc, fiper BC reminoraiali' 

terreceturptt omnii i . ». i. C.p. in. nt 

If — ddina T 1- 

««^nU 1 ,$4..Cap.lII. 

. AIMMiittmFgiir* AOF eiceritroruagravtutijaiiaidn 
SP appeofariiereadem, $. i.Cap.VI, ■ """""=■ 
Tranra» n^rlir j/»/2nii n,;™,,» ,per NI reniinotmUts 
RreaaipctomDiai>+Yjini{.io.Cap.II( 

•lem NI appenr>pereadem, S.a.Cap VI 
Tmmni^imm dmt alumnli, fnlia ^uk fc tC 
^dj^yy th 
•ut Nl i«rea«, ioptiiBdcaruperomoia ~i — In 7 

Kt — dd .4 
|*,Cap.Iir.,utperomnia i 'iii ■Jj.^Oap. 

III. in recundocaruperomnia A^-Viryin T {. ii. 
Cap. in. pro varii ratione ipfius * ad «. 
VifidAfimqu^drimlit ejlirdem columM per .do remi- 
}}' 
oojmaliteritfeasperomnU i , 5. 7 Ca» III 

l^iivm^.fgmf JOF adaiem .dO eiVeatioo.vi 
Mtis ru« appenr? per eadem , J. 1. Cap. VI "^ 

jS"^/'" "^'' I'^'^"^i' ejurdem CQluamiKt 
AM rereanperoinoujir, f.j.Cai>.ni ^*"^'' 
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Andyfis Infimtmmm. :t6^ 

- . kf»* -^O F ftd non AU ex centrogia- 
V)ia(»fu«tppeiu«perca<lcin, \vtxa.%.^-C»^. VI. 

V»piUtriimit}iiefemiquddTimutK ad alkv) «ngulnm refeAr 

pecomnia " » i~ , S. tf. Cap. III. ani per ama\t b 

ri'.Cap.in. ? r r 

Settdum matietie gmtnm ei re£bnguIo AFOM drc* 

AO feucjtUndnisperoqlnta %f > f- 14. Cap. III> 

f xte 
&drca AM peromnia r~ f.s^Cap.ni. 
Eicurvilineo JOF circa AO icuconoidesjperpm- 

■ yy»' 

nia sr S.i7.Cap.l{l. - 

Er eodem curnliaeo drca A M per omnia '"^ r 
S.i4.Cap,III.^ . 

Ex AOF drca BC fea vuiular6per pmQU « 

*e :f;f — i{i ee 

in T J.1C ^^ $. 10. 

Cap.III. 

Ex AO h^xj 

ee 

in r S- 1; 

SitfeTfeki AOF 

infiRenm, inia <<« 

«.i.Cap. fe Sr. 

Cap. IV.q ap.IV. 

iuncn»mr«»/ifMiMAiperficieaperomnia</«4-<ic4' ^4 $. i. 

S$iperfieiet Umuld ftnttfuirmuiit per A O refcAx per 
Omnia7i(S.4.Cap. IV. 

^4mt^tmn etirvs A £ F ex centro fuat traviutis ad 
ixcm AO appcnl)tpcrcademS.ii.Cap.|V^ 

ft f ««• 
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36^ ■ Jndyffslr^immm. Cap. VI. 

Sufgrfcks trmKiinjetimteitrtM injiflm per 3C (iimtiot- 
maliteE refeai, ^a partecurv» AEF iafiftitperomnU 

Ac fmmmtftfm Curva AEf ei centro eraTintisfuxad 
axem BC aj^enfacpercadcafi J.ii.Cap,^, 

Stferficier ntatiotK gemta exceptis likftfiu , ex teQtBpio 
fea 
AMFO circa A,0 feucylindriperomnia ""T" 5. 9. 
C^. IV. . . , • ' 

Ei cutva A E F circa AO feu coDoidis per 001011 
yue .. , 

. r J.liiCap.IV.' 

Ex Curva A E F drca B C feu pars fuperBciei folidi anim. 

Iampero»mia J«4.j«iB r feu r «.iz.Cap.IV. 
- ExiotSfigura AOF feu integra fuperficics foluli ao- 

^xc dee 
iHiItris, raceptabafi, perotnma, *7~ + "T" i li 

IffiCmva ADEP pcrofflnia«r5,i.Cap.V.' ' 



C A, 



.CAt.Vn, Jnnljfis lyjfiiitorm, "^67 
e A P U T. VII, 

CVm oimiris arqtutio i^nainplarefveindeTemriaatA 
Qontinent^ afrvtt unlos pliuiucmi Iftcom g«a> 
Bi^ri^dngBuipoffitrt iuiiftrinulaiofcurreiitqc 
tadftuminux vel tanq^iiam applicaiz diverurumlincarum 
ad^ndMniizein poSt^ notiatnA pofiinii VeKtiamqt^ 
cxiUitimeffa^waniqBindoqBeie^reacarst phiruairqin 
repcrianturcurvz^F^.£,^p£XlZO A^BZ > qu^ruiQaCad 
refUm AZreferanturjappncairexAia I perpetuo ci-eP- 
cunt,e!i J in I;; pCTinSniKfimumfpatiiimdiftinmfabfi- 
ftvnt j iBf vftitles fiut i » Qc K^ ^ denio iSDmcftteeadetB 
curya> Muaiione, decfefgunti patet iiHcr v^riosapjflicai 
t^n liirce ittciirvls valores exirmiimorniiri dari , cum.ni- 
nurttm^ilc^crcRiintiiecdecrafcuiKs &'bocquIdeniJncafii 
maxmum , cxteris omnibus biaciqde ab hoc exmmo fei^ 
toiuflaib ^efjdeBtibus. . '- 

Simile quid obrervatur Ja aliis ciirvisi autetiaminhac 
eldem 1 li nop ad axem A Z . yenim ad rcflam YX ap- 
jt)icecrtr>'<^'qNidemcaA(>applicialxcx Y in V ^tef' 
cunt , in K & S per infiDitefuQam diftaTUUm dis)un4« 
£bi inutuo squantur & tubliltuiit, acex ^ iif X rurfurrr 
MBciaiur; gitlEuqftiickuraaapnnfti&^ir.flfjSiiifiteiijium 
vaforc^ omqium-ad J^anc cumin peitiacni^iuD .«^nf 
funt.' ' " • 

^ExqflbltstonTei^tlirjaiURefnie^tioAemindetermina 
tsa qiiotam^iecontiqciltcm, fi unioa axillii advalorein 
exmniMntidctenninari-ildieatj it44<'^'*<'><i^^*<"°<^ ^^^^ 
ciuirarimt locii , & cafum, quo nec .crefcui^t nec decfef- 
Gtuitr iideoqiii>filA'fDviceni «^'ales^fint' dus fefe pxoxl-^ 
iM-ci^^eBteiairtliMtc.jcfiHfiJM^ Adciirf«BifBilt-^ 
^et verfiis azcm aium concfty^n^ u maxaafnn , coaveum 
yerofiwf[MB«BBnpetatuf. . -■ - 

D,<,n.=dnvC00«^lc 



7^8 Andyfs InfimtGrum, Cai^ Vn. 

Ex qua KOtrm & Itnearum , quz cums in rerpcOim 
pun^tUD^URt, propiie»ce (cquens ft)-m>(xtoi & mtiMni 
detentiinauone emergitfundamentaliscznon. 

f. i: Sicurv«cu}afdam j<CZ»ii?z' fttb- 
tangens £ 7* fit omni alTignabili major aut in- 
finita; enint appUcatx BC 2c iZ> (qua^in?- 
diante tangenti /'C ad iubtangentiim cxpo* 
fitam TB relativi , fcu pcr ipfi coinddchrem 
curv^e infmitcfimam J>C^ conjunguntur) ilbi 
mutuoxquales, adeoqnc intec rcliqoas curvs 
applicatas mtxinut ant m^ntma, 

Ttemonfinaio fit BTxt ^ S C:y appUcata , 
CR:€ in&nitefima, S JE:4 applicatarumincFc- 
inentum aut dccrcmentum i, crit , juxta pro- 
prictatcm omnibus curvis communem »43 
y 

vcro / infimti zxkm ^ e infini- 

r rj 

tefima explicata per m ctit 4a X^ * quod 
perlcmm, lo.nihUoaequivalct. 

Quarc, cum hoc in cafu diiTeiientia appUca- 
tarumnullafit, eoipfoncccrefcuntnecdecre^ 
cunt( fed fibimutuoaeqpantiir, afkoqnejux^ 
modo ptcmifia mdximd funt , aut MrflnoKM. 0. e. d. 

J. i. Undc tandem tnanifcflum ? ft j " ??- 

pofitx ^uationis .indeterminata .quielibet ad 

tfuxtmfim aut mnfmitm dcteftninanda veniat, 

xquationem hanc \ tanquam cx a^v^ conve- 

nicntis 

i GtHK^Ii: 



CAp.VII. Aniiyjisliftmtmim. •x6j 

ilii:rttis'(in qu4 niiiiinim SdchtoinincU ad ez- 
trcmum quantitas appiicitdc^ Ticem fuitinet) 
natuii profluentem conliderandam eflcf cuius 
cufyap fubtai^gentialis aequatio ex fupca traditis 
O^gdlis eft inquirenda, ac ipfa fubtiu^ensfup- 
ponenda xqualis cuida^i Infmltp : Dndc jnxta 
ScboL .General. if. Xtl. txtram quxfiti fea 
aaxiihi iaiimiuimi detetfcinatio Itquetur. 

t. 3. Sint, utcxcmplis hocilltlffrenmS, Jf' 
{ntetccpta, ttim >i,j,f, adeandemapplicatz; 
cutvatumquc hinc gcnitarum fubtangentft lilf- 
peStivx, /,»,». ita ut / ad z , » ad jr , » ad jf" 
tcrferafiir} ,i',V,e,r,s, fint quantitateydctermi.i 
tia«e i ixtranim pcr applicdtUn j ^eipcmo dc- 
nfltctur. ' * "■ "'■ ■ ' ,■ ' " ■ ■' ■'' '' '■■ ■ 

I. Cifus, 'nw*i ttrmim kyArtiti ixtremum 
ati^dddeJtgnMtes nO» niji tmam hieognitMi 
qujtntitatem eontinent. ' 

&t: rrx'—x'*HeeLX a atitui txtremo , 
vocemrlwc^ "vdlr rji* sMthie ty fimilivemo- 
do , quo poflit aequationom curv* leprxfcntarc) 
habcbhur cotvam hsnc e»primens aqjatio , 
rrx' — x' + hieexi::f', cujus xquario fub. 
tangciltialis luxta praccdentia , cft , irrxxt 
— 5;t'»4-iicM= Sji'i''n q^i fi » ponatnt 
nmniilEgnaURniaior feu jnfmita , Jum Scholii 
Genenil.:!»-.»/ omnwtctminiirifinitovacui, 
ixt 5^', «vaoefccnt; .unde, CKtciispcr/divi- 
; fl>, 

D,<,n.=dnvC00gle 



4^ Jimlffifli^iut^^ 0*kV11.' 

•i" «"Wtlq qttSfit»,«e(lf(SI»<»3Bt«w«i<<iM«»<ie. 

to;mipjns. ., .;■,-,;.,- , - ■>,. i;.' , -, , ■ ' 

tetmim inietetminttis x & y, qHdrimnltiit 
i luiextremiml-iiifKdefi ietetmiimii. 

tJ^JJ~ "> r erit jiBv?!!hiinecc xquWQneQi coiii 
iftMntis, tquatiBVrubtangcotiiil^,— "5 Xfifl* 
i.tixt-cjytz:.zcx'y)i-x'y • & pollti * 
iiifinitJ.tarBjini infimto-vacui ex Schql.Gcnaall 

tcBqttitjW^tUv^pf jSflw: adnaiiQl^^tircmum 
detcrminata — 3 xxy^i.hbx — cyy=p.C.^^ 
qui ,,fiad ^jpofitafli ^i^m,,tnm.j j^us,* , 
tum ipnus ^ vaidt ^ uti nqttun eu, md^^l 
pottft.' ^ , , . 

f : 4, QiKMiiffii jaw in Bttoquc iiocic>rtt at()Ua^ 
ttonem ad f:tr/rfW«>»-aliquod^detcim3mtam j 
<«>n nifi tetmini fobtatigenwti r :ccmtincntcsl) 
c:ett!fi3.evaiteft«t1t'lb!isvi<lgrcdiiunnir:i,]iatet;ilt 
cxpofita qualibct xquatipnc , ■ omiHi indctcrmif 
hati;,,- qux extrimUm ex iiypotliefi, defignaE^ 
fin^to^ tetlrfiiios rtliquam itvkterinanatam x 
cOHHnei^te^'pct: nunietl£iil^pcrRflallcin,J^HS; or 
in quollbet terminoC%|x>ncntetti,tbu!dplicandals 
eiTc, & lioc faflo ,-. «'iisienhiiui 4qc modo 
mul- 

D ,=dn,C00>^lc 



ijBirtt>j%yU, c^wmw^ iH<m>tioa(»ft. nd valo- 
rem extretmm ipHus y dcttrminatiffn. 

Qpod cxlubjt^ nwt^o.^xempUhocrinii tfac- 
tUKio ionoitcfciti X>eiQOf^iitio ex Gap. I. f . s ?• 
&}$. luutic&da« 

' SoM. Cun 4Hm|n iN9t>> HiMt^efc e rt m m m ftii nuigM 
& itwMiu'inettiDauSr.tuoi tiici tmn alUs haftcimipolf ip-. 
ftminvmtis, non paucis jn cafibusi Uti^spateatacDia-' 
^<09)ptcbeDfiva.eiittitt, cflm qtii(leihcAtciiUain, mo4 
wfis indeterminatiVVin poteftatibusnan adflriOa, auiim- 
M'qa&ljbetpro£reffioneaiitliJneuci, intcntumaacquatiiri 
tutD fCriiiaftrTo , cjuoi} bujus ope terminus quicunque per 
cyphram multiplican ', adeoqtie ea dati xquatione lolli 
poJBc t' uMe lilRcpromanantetprobTeiiutum folutlonei 
g¥Af rtMor» wltD i^ia6auii<{iviadq«]ac««tbasaiflk)cA- 

tesevddu^t 

■Sit vertn Gt. jcquatio ad ciiculumir^ — xxzijj, 
«Miusapplicaiunftbttminiaeipetiturr^ebitnrexprKCe-' 
denti arifr-iyjfS o ferairj quod & cx metHodo 
Huddcniana, uti.wbuti , coafequicut : li vero alia juxui 
eandeiomechoirutitairutnaturprogreirio, acienninus irt 
pei cypliramflauluplicetur j obiincbiuir mox jrjs xjf» 

• <Qiiod ooaxiitnutiin citiculo fine relattoneadiplius dtame- 
truiA, adeoquo&lo|:iiin,adquebiiiitur«liuntinfinitorani 
circulonim eodem vertice defcriptorum applicatx maxi- 
mv , priml inftaniii determiQat. Operz prettum mihi 
fkduius videor, Ji-meihodimodorraditx, cumadmirafl- 
do tanti Viri invenco convcnieotiaiu , infimulq.ipliiuhoc 
fundameato ionitentemideftieaftratioaemaperiatn. 

,..%. i.Sic mettmfidemiseqiidtio; ^"•"bx 
—yyx^^ — ccyxft^byefx.^y^ O; oponet 
' ■ . i yalo- 



731 Mdyfis Ir^TutWm. Ca^^VII. 
valorem ip(ii» j «d maiiHiiinl dut niiniaiddi 
dcterminare. 

AffumtU i A^ St f^ i^iiiram utraque Con- 
ftanti^ quidem magnitudinis fcd pro ailbltrio ftl- 
inendae fupponitur, ac juxu calculi conditio-' 
nem nunc n^tivos, nuncaffirmativosnume- 
ftigros fignificare i ducatur iEqnatio primb in d , 
dc dtinde in JtrS ita fitnul St f<±mcl in ix^t 
oumcro r ipfius x potcftateal defignante i ob« 

5+r 4.+I- J+i- 

tinebitur ia •^idj^ <—djy>t 

i+r i+i- j r 

•^dccj/ji ^biecdx ^dh x sa o. 
in^ui, fi juxuprxccdcntem, nngali termini 
X continentes pernumcrumpoteftatemipfius x 
exponeuKm multipliccntur , emei^t j~^r d 

f+r ++r 3+r 

* — ;zirAJjf -3^ djfjfii — ^ 

i+r i+r y I* 

dicy:t ^ f^rbhced)i ^rdh *' = o, 
pro xquatione adextremumdeterminadl} qus 
idco pcf A"" futfiimdivtfaexbibebit: 

J^rdii —;^hdx —i—idyy^ — »=r 

1 f 

dccyx ■^T-hrdhheeti-^rdh =g o* 

Adcoque xquationem expofitam qu&libet 
ptf^cSicpe arithmeticd juxta li^es HuddcnU* 
m thcorematis , multiplicatam. 

Cmll 



fcAt.VTI. ^ndyfis Infinitwum, ^73 
CoroU. Patet hinc I. quemlibet expofits 
«quationis tcmiitiuti], Verb. Gr. yyx' y per 
c^phram pofle multiplicari ; adeoquc cx «qua- 
tione ad extremum determlnac4 tolli, ntetiim 
— 3— rao critra— 3. tum 11, qucmltbct 
ex rcfiduis , Verb. Gr. bx* ^ poffe quolibet 
nuQiero tum affirmativo tum negativo, ut x, 
multipUcari , caeteris cx eo determinationcm 
accipjentibus^ fit enim — "^^^i d~ s, crit ( pofi- 
to iocd . f invchto valorc — 3 ) ipfa ss—^d, 

adeoque if =3 "7'. qux quidcm, hifallor, ea 
iimt j qux mcrfiodiis Httddemma requirit. 

-f. 6. III. Caf^, Cum aq^atio flures y imi 
^otUhet , eoniinet indetermn/ttas , ^uarun» 
mmcit y ddkxtremumdet^rmimndaej}. 
■ Sit aequatio, yyf—by&^cch':^ Oj 0[iortet 
i|rfius y valorcm extremum dcfmitc. Quamo- 
bfcm cx j.z. ac rCtentis $.3; fymbolis, juxta 
Capi I. $. 3 5. tepcriatuif ( dorilidbratis fcilicet 
ihdfeterftiinitis', tanquam curvaruhi ad eundcni' 
axem defcriptapum applicatis) ipfius iqoatio' 
fubtangcritialis : zyyfnlA-yjftl—byz^t» 
'~hyz,ln=s Oi& pofita / infinitS, ac caetGris cx 
Scliol. General N\ XII. evancfccntibus , emer- 
gct sequatio quaefita : yyft l—i>yz.tn=iO,(cvi 
yfl—b&n:: o. 

* ;c6a/. Et hxc quidem , cum nullx amplius fuperfunt 
J> x^uor 



4^4 Mdyfis lifmtmvk' C|*f .. VH 

«quaiionesi qux indermiqacas / & 7 ^d^ au^ jnterfcp* 
tam commiincm * limitaTit rqui fi in prbmta ^^rtnc , 
etian> fubtatigemes refpefiivaE, Jt & /adiealllwigiiqt j^ 
refcrrt pofTunt > adeoaueexiremum^pu f^i^rftsctUiiy 
bmninoeritdeterminabile. EicgansCeIeberriniiZ,B»iw't« 
exemplum) quem modo' recenfuimus cafum , elucidabitj 
quod Vir cruditilimus per quannucuBi difTerontialiuin 
proprietaies refalvit; opsauteineiifiibt^ngentisritloceia- 
ntiito, prxcedentiu^ in morem, deduceirAis; cum Cap. 
J. S.;f> meihodum huic negotto infervimtein fatis « ni 
faliorj exp^ditam fuppeditet. 1 

■■ $. 7. Sit (/■/^.Ljrjrjr/.w.i.)"'44rui«r- 

ficics dirimcns acrcm & vitrum i St radios 
Jucis in CZ> reflcxus , w ia CF re&a^us j 
fi acr lucis motui rctiftat ut r , vitcuj^ ut s^ 
qil^ritur punfliim C , iu quod incidens ra^ius cx 
punfto 5 ac punftum D pccccfl?fl:ipacnji.,,i^ 
pcr refraftionem , illuArans omnium faciUkne ^ 
ieu vi omniumminim^ixumia.hxcfuaperagere 
poteft * 

, Sit eum in ftnem in cafu rededionis Z^ £: ^ « 
t>C:fi in cafu vcro rcfraaipms £f:i, &■ 
■CFifi AB dicatur:^, AC-.X^AE-.e.^yxaAc 
CE:c~x i quarum b, d, c, detsrminatXy 
f, &j X indcterminatx Cxiftunt ,, Itcm 3 A Sc 
DF ipfi AE normales. 

Quoniam jam cx meciianicis conftat, vlret 

requintas intcr fe clTe in longimdinum emcnfa'* . 

rum & refiftcnrix mediorum ratiopc compofit^ , 

fcu, ut rmdsfi visucrlufquefummacxpo- 

netuc 

D,<,n.=dnvC00«^lc 



Cap.VII^ Analyfislnfimtorum. 'ij^ 

netuf per rat*-*/} qiiie omnmm mihiina hoc in 
eafa cxp^titur' Sit ergo r a + ^/a yy xquatio 
rdprtefi^tatK virium fiunniam j in qiKxIcunque 
<:tiam fupcrficiei A E pundum radius cx. S in- 
tidcrit; inqu^,- ut^ minimarcpcriatur^ (/'i^, 
ZXXXl. N'. II.). ad intcrccptam communcni 
AC^Xj ordihatsE concipiantur tres curvjE AD, 
\ASyAF i quarum appUc^tx dicantut CB:s, 
ejuf^uc (bbtangens C K": / j CD in cafu rc- 
flcitioHis, CF in cafu refraftionis voccntur :/, 
eariimquc fubtangcntcs C L ic C^ proyarU 
intcntionc appcllcmur » ; tandcm in curvS POH 
fitappHcata HC:y, ejufquc fubtangcns C/:?; 
erit pofita curVarum intcr fe rclationc rz.-\-sf 
=j^r, aequatio lubtangentialis-carum omniura 
cxCap.I.S. js- fz,tn^ifit^ ij^jr/», inquSj 
ii jji ad extremuKl fit detcrminanda , feu ad li- 
ilcam OJV, crit t inftnita j undc ex Schon 
Gcncralis, N'.XlT. rejcao zyyln, ac divi- 
fionc pcr i inftitutS remariet r ;& » + sfl = o , pra • 
ttquationc determinata. 

Cum autem hicadomnimbdamproblcmatis 
dcterminationcm xquationes ncceflariae cx dato- 
rum namrj reperiri pofllnt j ac fit I. in triangu- 
\o SACm A rcaangulo, (vide Fig. LXXXI. 
N'.i.6c2.) dd-^x xs z,z.y qu3E ell ad locuni 

ii. 

curvse BAy ccit cjus fubtangcntialis /a x .' 
• S i II. Irt 



iy6 Andyfis Infimorum. Cap. VII. 

H. Intrianguld I>BC aut EFC inE rcc- 

tangulo eft ct — zcx^xx^ff , xquatio ad 

cutvam A I> aut AF ^ cujus fubtangentialis 

n=i X — c, 

■ Quamm fubtangentium » & /invcntusvalot 
li inaequatione fz,»-¥sfl =30 furrogctur , 
cmergct rfx :scsz>~xs £;qux,locoy& z. fub- 
Itimtis valoribus , folam x contincbit , adcoquc 
penitus detcrminata eft. 

Corel. 1. In Caf» Dioptrha t cum (it 
x: c— A?;; sz.:rfi G F Sc B { Ftg. LXXXL 
N\\) in cjufdem circuli pcriphcria Gtae effe Intcl- 
ligantur cft 21 3 y"} adeoqne *:f — xi: j;r, fcu 
vit AC ad CE ita rcfiftentia vitri ad refiftcn- 
tiam aeris. Adeoquc m cafu minimc obtiaet 
icgula Ctrtefu in dioptricis tradita. 

Coroil. II. In eaftt catoptrm , cum radius 
C D maneat in acre, idcoquc rcllftentia non 
mutetUr , crit ra j , & x:e — xv.&:f ^ fcu 
AC:C£::SC:Ct>. Undc cum , ob iatcram 
prqportioncm & angulos in £ & ^ rc^ios , 
triangula ACB & BCE fint fimilia , patet 
hoc in cafu angulum incidentia: '&C A xquarr 
angulo refte^ionis DCE. 
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Cap.VIII. Malyfts Infihkornm. 277 

C A P U T. VIII, 

De Fariis Calculi i?i Analyjlinfinito- 

rum (feneribus , &- methodo 

infiniieJimalidireUa. 
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Alculi injjnitejimdii fundamen- 
tum' corififtit in confidcrandis 
quantitatibus infinitcfimis , tanquam fraftioni- 
bus i quarum dcnominatorcs numcrum omni 

aflignabilimaiorem m includunt:fic m eftip- 
Hus r pars iafinitefima , &c. • , 

J. z. Hinc, qucmlcmm. i',9, 10. &c. ftiffe 
iatistradidimus , omnibus.nifaUor, haftcnus 
adhibitis naturi prior enafcitur quanfttatum 
infi^itefiinarum Algonthmus ; unde poftea iqua- 
tionum , cx quantiratibus indctcrniinatis , fc«> 
partc ibi infihitclimd ( juxta cutvsquamfpec- 
tant , aut fpcftaf e polTunt , naturam ) pet to- 
tatn fui longitudinem cfcfccntibus aut decrCfccn- 
tibus conftantium , reiaBio , aur fi mavis yredue' 
iio ad infinitefimas juxtaCap. I. $. i. & 2. aiiaf- 
qucplutimts imiotcfcit. 

S. 3. Quod HhK fraStiottes icG quantitates 



ayS Jnalyfis Infinitarum, CAp*Vlll. 
infinitejimd pcr vocalcs * & *, &c. littcras, 
compcndiigrati5, dcfigncntur, oritur tangcnr 
tium invclitioni irifprviens Cl. Sarovii metho- 
dus. Vidcatur Cap. I. |. 3. S(;hol.II. & $.4, 

$. 4. Si vero exdem quantitates infinitcnms 
vocalium & littcrarum loco , pcr indctermina- 
tarum , quas rcfpiciurtt , difffcrentias ( quac inr 
finitcfimatum naturam nihilo fccius retinent ) 
cxprimantur , deducitur hinc Cciei^rr. Leihnitii 
calculus, differefitdis nommc MOCktoi , cujus 
fpccialcm dcmonftrationem , cum inter przcer 
dcntia, fuperiorum adinftar, expreffe non at- 
tingatur , hic adjungo. Sint quantitates indc- 
terminatae quotcunquc , Jp, y, «» /, eicuniqi 
infinitefimx refpc£tivx, <, a, Uy i, qux taxik^ 
J). teiymtii placka pcr indetcrminatarum diffc- 
^entias , fcu dx, dy, dz., df, .dcnotentur. 

I. Quaeritur ipiius x^^y , fcu quantitatum 
- ad fe mutuo additarum veL i fc invic^na iiAh 
Jlra^arum, diffcrcntialc i 

Fiat x.+^s £^, qux xquatio redafi:a> ad iot 
finitcfimas ( pofitis nimirum x^e loco jc , * +4 
loco^,^+»loco j&, (quod&infcqucntibusj^ 
fcmpcr pbfcrvatimi yclim ) dabit , x ^e^y"^ 4 
a z> + u, Sc dcletis «qualibiu^ e"^ saM^i.Jpi 
rcfuit^tis fymbolis Leibniti*m-s.dx%dy7s,d.si,, 
" l\, QuaciitBr.ipfias xy,. fcu in,dcEfCipinata- 
.\.' '-'-'■''■' ■ ' ■ tum 



C Ap. VflT. Analyfis Infinkorum. 2 j^ 
rum k mutuo muldpHcantiuhi , difieren- 

Fiat xysiSii qua fuperiori modo ad infini- 
'tiSJmS j redufta dabiint jc^ +^ f +■ X -* + « f = 2.+*, 
ac dcletis aEqiinlibus,' tum&perlcmm. to. r&- 
"jeftaneis^ erit y t ^xa =! # ; ftii juxta D. Leib- 
mtmm 'fd X '^ X dy z: dz. 

-■:'■ ■ . '■■■[[■:•:;■ ■■ -^ 1 

. III ^Qliier|ttirip(infi'i >" , fcU indeterinin»' 
fvaaa Cp mlitui>-dividentiam-, diferentiale l ■ 



_ Fiat 7*sjK, erit ji=:^ti, 3cpoftrcdadio»- 
^cm a4:i^?£aiitiefinias Sc rejcifci tc)eaanea ezi 

jiw+i&rf; uyodcppfito f^vloco. jSj &aEqHatior 

-'a >'■■■-:■.■ ■' ' .' ,.\ " . - j f -^ -y < ■*- 

liCyJi^^.Ot^atJ» cmergptwa "^T^ — i. & 

. . - ? (Jar— ^ X J^ , 

ex iiotatiohcdiiFcrentialium jy . 

IV. Quxtitur ipfius y ad potcftatcm p cvcc- 
tS;<U|fcramiE^c V,- ^■. ' -. 7 .<: ■ 

F " ' 

j .Tjat.j; =:,[«. qujE^ad.ipfilQitcfimas redu^a , 
«lclctis juxta Cqp. L $. io. delcndis , dabit 

P—X ' - . . ^ ?~i ■■ 
fy, *= «,■ fcu ^y dy~ dz. 
■ ''i. y.' -Sin antem- quantltatcs indeteraiina- 
tas Fluentittm noAitnc ^ Spfas Vcro infinitcfi- 
taksjiifxhrKS ,; ^iomnUy mrmenti mome^' 
'■' '" . S 4 tMe* 

i. GtHK^Ii: 



aSo Mdyfts InfimtQrum. Cap, VIII. 
une* aptiffimo ufit^toquc Clar. Ntptonc tech- 
nologcmate appcUcmus , eodem hoc fonte cal- 
cuU, ab inclyto hocAuthoreinprofun^Jilfnix 
Criiditionis dc Phil. ^4t. JPriw. Matl^. tca^tu 
adhibiti , demonftratio haurjetur. 

$. 6, Hifce cotollarii ad inftarannc^^i, in- 
flmulquc confirmari poffet , ScholiO;, $. 13. 
Cap. 11. rubnexo , tecminos xquationutn indo- 
' terminatofi ad infinitcnmas redlgendi 'inficiia- 
ta , adcoque indc petcnda methodus 5' 'quae, 
licct fradionibus xquationem ac irrationalicati-> 
bus libecam poftulet , nonpaucistamenlncafi* 
faus terminos difrerentialium runpliciftitnos , 
-compendiole magis, quam modo tcaditus cal- 
culi difFerentialis algorithtnus exhibct. ' ' ■ 

$. 7. Poffct dffferentUlis hic Algorithn^fs ul- 
terius cxtendi , ac quantitamm , qui* pbiiefta.. 
tum indiccs indctccminatos habeiit , diffcc^ntia. 
libus afiignandis adliiberi. . . .' 

* Quaeritur vcrb. Gr. ipfiusy difftrcntialc ! 

X ... 

Tiat 7 =3 *, acpofito^Ar + ^ loco >,.y4-(* 
loco^, £-t-»loco£, erit^4-i( adpoteftatem 
X ^ e e\t€tz =i z,/¥ u t unde niult^licatiQne iiiv 
ftitqta , ac rqectisiKx^kfntn^^OkCajiciendis ; 

<>ri?tur> , ^xy . , ^3;^+« j ac de^ 

D,<„.,.=dnvC00«^lc 



.CAp.Vni. . Jnalyjislnfimtmim. aSt 
nuoipH X. furrogato^ , jiet randem » y 

Jf + t I X 

^xy n—y =*; iamnioco g. & tx^. 

ponantur dx Sc dy y difTerentialc quaentum, 
juxta dcfignarlonem LeihnitUnam , obtme<- 
t^itur. 

Coroll. Quodfi ;< fiat determinata =;/, cric 
« s o i & prodiblt, taoquam cafus hujas theote* 
matispardcularis, $.4.N'.ir, 

Schoi., I. FolTct poteAas x etumidquamlibetaliatnpo^ 
teftatem, tutndciertninatam, tiim indcterminaiam evehit 
& b«c rurfus ad aliam, poteftatumquejKtteflatcshocnni 
iq ipfiniium cgntinuarii tum & unico plunbufque terminis 
effcrri s fic verb. gr. j cvefta ad poieftaiem x pfitehhxc 
xur&im ad poteftatem /, ac /denuoad poteflatcm r x i +x' 
cvefai; undecalcuH hiijus, tum & curvarum , «luxhai^ei 
nus noo fatis conlideratxiuerunt , contemplaiio ulicrim 
longc promoveri earumquc tangentes ( ex moie Cap. I, 
$.^j.Scc.) aliaijucrymtomacainqvinpoterunt. Cumau- 
tcm cafusliinc or^inem ducentes feime ttnt innumerabilesi 
^deoque jcorum ad ccrta ^uzdam capica redu^ip tantum 
hon impoffibilis, prxAabit inhirceomnibusmethodopoi 
tius generaliori uci, cum laboi aliasinfumtyiopers fux 
isedium vix compenfaturus yideacur. 
. Scfiol, ii. AnteqiKimcalculum diffirentialemdereram, 
celclire ex co dedudtum curvarum fymptoma , refrtitamfd^ 
ilcet Mffintiti4titnumfitecej}knfm filentJo prjitcrmicrere Re« 
queo. Placuit ntmirum quibufdam eclariinmishujusjcvi 
Mathcmaiicis ipia curvamm iriangula charaflertlHca V 
mg- LXX^pi.) V>HE , EqC, CLl, dMfereariationi 
denovofub)icere*pariiumquediffereniialiumdiirtrennas,. 
ieu in&nitetinurum infiniterimas in calcqlQ confiderare , 



(ipparebat enim, pofitis DH. Eq, Ci» fempffrsEqu^iin 
^ ' biw 



S y biw 



3^^ jfnaljfis It^nitamm. .Cap.VHI, 

bus, non tzmcn D£, EC, CI, forexqualia, adeoqne 
difiereniiam quandam inter ilUs intercedere. Qi^c quidetn 
difierbnnationum continuatio numexiifdem, qufbusdif' 
ferentiatio prinu > lundameniisdedud qneat , requea- 
iVmodtfinqnifivi 

Sic ( ^^.LXXHIIL) CBrvjIincum -«iX j ,. AiMiSqdt 
.dQ. intercepta : x , Dj2^applicati: y, AD curva : Ct 
Tubiangenti T!2^f , tangenti TD-riinaxe ^Z accipiantur 
fe mutuo infeqoentes intercepiz JP, AR^ AS, quarum 
djirerentiz Ainr infinitefimx feu omni data n^ores i Q^-ei 
PKio»X>^-T, Cl. Liiktitioix-vocitnni dclndft adlingu- 
h.axis(£yTEomimpundafieleTailtura^piiclir%, P£,' R.C^ 
$1, eruntapplicatarumdifierenttar HE-a, qCii^, IL;I^^ 
curvarumque refpeaivarum , DE.ii , BC/, Ci.-f; qua- 
nim illx D. Ltimitio, dy , bx dc nominantur; qua; cur- 
vmim difterentix inliniteAmi» verfus axem tn T, F, G, 
prpduAargenerabunt infiniteftmas, FT-''- GF.-^jacduc- 
tis F*;_, TBj, D»a, E4, tangentes ad angulos re^os 
fecaatibus alix rutlum orientUr ihfinltefima* , GKt^i 
WB=i KJ-*, H=* E&DE.-ttj 4C=3ECa *. -"' 

Jam ob trianguktfHm T QJ> & DHE fimiHtttdi- 
Bcm, eft. 

I. t:y::e-a, feu TQiQpaVH: HE; unde idzS ye. 

II. /.->:: «--ii, feu TD-Dfi:: DE.EH, uhde tu=s ya, 

III. t:s::t:u. fcu TS: TD.-" DH: DB. unde«=iw. 
- Tum ob triangulorum FPE & EqC fimiHtudinem elL 
: .IV. (+f+i.jr+*.v»:j* fcu FP: PE.vEa;(iCi tmdc 
fnet\Kmn\.\o.) yetz ti». 

V. *+e+i r+«+A:. o: *. feu FP- FE.v E(1.EC; 
unde (perlemm. lO.J xas tK 

. Vi. /+K+A:;r-t.*;,>ji,, feu FE: EP:: EC.-Ca , uiide 
(perlemm.io.) jr*= //*. 

Itemobtriangulorum (JR_C & CLI fimilitndfnemeft.' 

VII. f+^^+A+B+A _,+,«+w..r J. feu GC- CR:£ 
CJ: I/.. unde {-perlemma io. ) jfC= jj. 

Vm. r+^+A+«+J^i+(i+i+(+o::{ :*• feii CG: 
GH::-Cf: Ci. undc [exlcmm. ro.) rf=5 t«-. 
. IX. *+» + *+e4.D:;+fl+^::r:6 feu GK;it.€::CZ.: 
i-1, Qsde fpcrlemm. 10.) /{=3;'ir. 

r I "« 



CAp. Vni. 4nalyfis Infimtorm. n^ 3 

Hoc autem fiiniliter eventuriim pacet , i]tiotcutt<{ue 
(modonumerofimtx) afTnmtz fuerant infimieGins^. -t-\ 

Cortt. I. Manifeflum hinc eft , quotlib^c triangul»d[ 
.infinitelimis conftantia , DHE, E(iC,CLI, &c. 
(modo numero Jint finita) cjux fc invicem noninterrupti 
fucceHione requuntur,inter fe & triangulo alTignabiii TQD 
«ITefimiliai ejtenim t: jr. e: ar. o: p.:: ■■:£. ocficincite- 
ris. Demonftratio ex &. prxced. Num. I.IV. &IX. levi 
negotio colliftitur. 

Ctrol. U. Unde feqiiitnr , poiita intflanluHs hifoe fi- 
milibus una laterum bomologorum xqualium fcne , Scxt- 
liqua latera, homologahomologis, zqualiafore, 

•Idemhoccxcalculodemoiiftratur, fintcnimomnia dx 
feu DH, Eq, CL cbnftanter zqUalia , eritidco, 
>=3 ()=:«■;' adcoquejuxta N,.l.JV.IX.ye=:ta=:i/ii=ti-, 
quarerandem'>i= p?:j (,reliotnhia(fj(',veI HEiqCLI^ 
perpetQo xqoalia. 

Cml. ui. Quod fi oMflfa' dy aut Omftfa '4e perpctiiti 
f (Tumtititur ejtifSem magnitudinis , eodcM i^cdo collig^ 
tt]r,'hic Oittnia dj 8c dx, illic oihnia dc & lis: conftan- 
^ei fbre Xqnalia. Calcvliim hoc evincebtem, ciimltipe- 
rioripIaneiiHiiJisfit, omitto. ^' 



Ne sutem hoc demonftrationis genere in re tanii mc- 
inentiquirpiam oflcndatur, ciim per modum indudionit 
ifitentiim eviricere ftuJeat , aliamadjungoi queminfiaeni 
fequentiaprzmittolemmatica : 

hetttnt. \. §i quodibet, modonuMerofiniix, ihfinitei 
iima* ad fe mutuo addaatuj:,, oarum Ijimmac^irquat^tifaS 
iufiniiellaia : evinficur^l^dimiS. vel etiamliDcinodot 

Cnt 



aS^- -Ahdyfis Infimtoriim. CAP.VIIf, 

fiai quintitates qnotHbet allignabilet , Ced namero finitc 
t+c+d-\-g iirc i quc ( pofito k. pro numero quolibet 
finito qiianium libet magno) fint s k.^- erii & ^ quaq- 
ticas alli£aabilis i jam fi fnmaatar fingularam paites infi- 

L L ~ ^ 
nitelimx i erit earum rumma m •{• m ^ »i •(■ m 

i? 

&c. s ffl , renxqualispaniinlinitefimstpfiBS (f* 

Lmtm. 11. Sint infinitcfimx , numero infinitc > ac 

fibimuiuoxqualesi criteamm fumpuvqiialisquantitati 

r ' mt 

aflignabili; fic infinitefima m infinmesfumueft =; m 

;3 r, feuquant)iatia0ignabili, 

hemm. III. Sint tresqyantit«tes> ^B,C, quamm ^ 
eltminima, C maxima, fi inter utramquemagnitndine 
media. Uicofi A & C ' fint aSifinabiks , ctiam S fore 
^flijnabilem t boccfinecinfiniiamnecinfiniiefimam. 

Pemonjh. Siqegcs, fitprimb B infinita, ergo C finita 
^ alll^nabtlis, erit major ipfa B inlinita , qaod abfur- 
dum.Secundb, fii infinitcfima, ergo dabitur qaantitasafCg- 
liabiIis.d!nin0rqttantitatein6niicfimaB,conctalemma7. 

Lemm. IV. Sintinfiniiefinix quxlibet namero infinicxs 
erit earum fumma B xqualis quantiEacj aflignabili. De- 
»i{)fl/}r.fienimomnesfupponan[vrxqualesma:![imx,ericea- 
rum iumma C qnaniitasaffgnabilisjuxtalemm.liuiusll. 
lin vero fupponancur xqualesminimx,ent quoqueuinuna 
earupi A quantitasallignabilisiuxialemmall-hujusiund^ 
cum fununa fi media fit magnitudinc inter A Sc C , Sc 
barum uiraque fii afHgnabilis, erit & juxta lem.prxced. 
fumma B aflignabilis. Sedadrem. 
■ Refumtisiirdemfyirbolis,acF^.LXXXni.fitrr-A, 
J3Z:^, fTA-.i, erit ZWsj + A, fVY fite, 8cXY:', 
erit propter triangnlorum Tg^D&DHEfimilitudinem 
«quatio pnm»ye:si*i infuperSf obtriangulorum VZH^ 
& ffyX fimilitudinem , eft VZ: •zWii PVY: YX reo 
h+t-^^x: Ji+A:: «: <• unde AB+tJt+^» == jr+ie , pio 
squationefecuodS. Exquibusfequenttadeducuncor. 

Cml. I. 



CAt.VIII. Analyfis Infinitmm, 385 

Cond. I. Cum DH ac IVY leu otnnia e aut dx fiat 
cqualiz, cx hypotheli , fi t feu TQ^&x. affignabilis, JJZ 
Tcro feu fuanna ipfaiutn dx, aut f , conlte^nutneroinn- 
nitefimarum finito, erit juxta lemm. hujusl. :{ infinitefi- 
maj (]uamobcaufam& /> ac ^i ( cum eafdem, non pluret 
faltemj numero infinitefimas , ac 7 , ex connmchone 
cdntirieant ) pariter futurx funt infinitefima; ; uhde 

i>er lemma 10. termtni h^, ^k & ^e nifailoficntitqua- 
es, reminebitquc ^es c»; qmmobrem, cumexcqua- 
tione prima fit jt:^ ta , etit <i=3 ■ ; unde idem, c|uod 
Schol. hujus 11. Corol. II. evifli^m fitit , dcnuo fequitur : 
niminim, fi omnia ff fcu ^ X- fun t x<jual ta,omnia 4 feu ijr fore 
sr<]ualta,(]uin&cztera, illiclocipermethoduminduftip^ 
aistradiu, iiincIef(itim£cOlligipoirunt. 
. Ctml. II. Siverotum :(, tiun h, uim fi. conftent nu- 
mero infinitefitnarominfinito, eruni fingulxharumjusu 
lemtn. IV. hujus, ex quantitatum alTignabiliumsencre; 
quare nullusinzquationefccundStermmusevanefciti SC 
hoc folo incitfu, pofitis, utfupra, dx zqual&us, inter 
ipla^/intercedetdifiecentiat afnuni3ijue4fflajoriip{S*i 

Cujus differentix proprieutes accnratins inda^ntl pa-* 
tet ipfam elTe natura fu4 quantitatem»nj(w>e^mtfm, fcu ter- 
mino Leibniiiano, diffeteiitiatem, neuiiquam vero mjf"»*- 
fiaaittfirtiufimtm, iutdiffermtiodijfercntialem; quodumen* 
ii calculusdifferentialisquantitMibuspuredifierenitalibufi 
juxta celeb. l^ilmttium applicari debcat, requiri videtur. 
Kifi alio ( uti credibile cftj prorfos rundahicnco fiia de- 
dtixerit Vir erudiii flimus, 

Schol. IIl. Sedulo difcrimcn hoc attendendum fefiatt 
numinfinitefimx^fiunaplureEfimuIconfiderandxveniant, 
liumero fint firiica!, num Vcro infinitse, Cumhacquidem 
camel^ccurace adhibicS plurtmz obieAiones , quibus cal-* 
culusquilibet infiniiefimalis urgeri alioquin videtur , fpon- 
te difpareant ; oeglci^a vero , non cxiguam quandoquc 
coufafioncm induc^nt. 

C A- 
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. %S6 Jndjifts t»fimtotm. CA^.lXi 
C A P U t. IX, 

T>e jE^uMionum in Jnalf/iinjinito- 

rum natura , e> pnprietati-' 
hus quihufaanu 

i- '■ Tt^ ^tioHis ittdetemiattdi {ixoa 
_/JLL enim nominc in locorum doftri- 
tii paflim nora funt ) vulgaris confidcrat Analyi 
fis ; qax duplici viA ad infinitefimalcs rcducun- 
fur,vel Pr/OTo poncndp x^e loco v &c. JMti 
modum S. i & s . Cap.I. traditumjfic acquatio in- 
determinata circulum fpcftans zr^x-^xx^^yf 
hac ratione abibitin reqaentcm infinitcfimalem 
fi—xen:ya. Vel ftcunio intcgram xquatio- 
jicm pcr cujuslibcc indeterminara pro arbitrio 
iumtx infinitcfimam multiplicando , fic ducen^ 
<i6 praocedcntclii in i cmcrget irxt—xxt 

Notaripotcfl-, qiiariimlibet aliatiimindctcr- 
mlnatatum z, Sc f infinltcCmas « & «, mo- 
do hx fijas indctcrminatas totics ingtediftntur , 
quoties e ipfam x aut a ipfam y , ( qua con- 
ditio infimilicafupcrpctuorcqBiritar) hicad- 
hiberi pofle, 

t. i. Ex- 

D .=dn,G00«^lc 



|. 2. Exottx hinc 4qu*twtes in^itefimaltu 
. \ Terminoruminfimtcnmallumadditioncm 
%ut fubftcafUonem patiuntur » quod latis no- 
ttimeft. 

II. Dividi ac Multiplicari inftar alianmi pol^ 
funt per quantitatcs dcttrminatas, ind^termi- 
i^.taj;, 4c. in^fVtcOmits , ncqifc uLla inhisdiffi- 
(^as ^. ^ nill fp.rta^ in poftetipri caTo. 

Sicnim rff— *^ = 7*i dividaturpcr f , crit 

*«-rjf = f t adeoqtv^ tota fit indetcrminata;. 

ipfe fiquidcm terminus « Cx lcmmatc i £ affig-, 
nabiKscft, non vcro infinitcfihlus ; tum infinU 
tcfirhx kx. more prxcedentiam pci aHunde con-' 
quifitam^uationcm toUipofTunt. 

Sinautcmj'*— .;tf£i;7.i pcr infinitefimam « 
niultipUcctiir \ ^et r * e — xse :^ y Aa ; ex qua, 
licct pmncs tfermini cx lcmm, io. evanefcant, 
'non pauca tamcn quantitates ppfitivas conccr- 
ncncia deduci pofTunt ^ mediante hoc ex ipfa^ 
infinitenmarum naturiprofluenti temmatc. 
' S- 3. StquotUbetinfciiiutuoduAxinfinite-> 
fimc vcrb. gr. 4ie' f , rurfum dividantur pcr 
alias in fc invi,cem multiplicatas infinitefimas , 
vcrb.gr. ***, quarum numcrusprxccdcatium' 

ag 

aumcco, unitatc nunor eft , quod cmerget "^ ' 

crit 
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a88 Analyfis Infinitorum, GAP.lXi ' 

. eatquantitasinfinitefimd. hemonfiritiotyiihy 

^ux rchoiib genefali ttadita fant , facilHme c6n- 

.. > ^ * - -»* 

fcquiturj fitcnim ia m, & r;3 w , cft T 

s ^ , feu infitMtefima pats ipfius i, i 

I. 4. Refiimta jam mddo invcntar xquatid 
r*e — xaesiyaA dividaturpcr ei^ctr»—XA 

s: ~7" , quare Fig. tXXXVU. vocatis A ^x, 
^M-J, DH-.fi HE:a, MN:oi BDil*. in*. 
ter infinitcfimas hocmodo quxtatuc Uncola ipfl 

T rcfpondcns; cumfit BH: HE: HE:HIy 
feu ^Jf«:4::d,:i. ctit (obipfius p. fcu SZ> jux- 

talemm.4i.nullitatcm) T zs x=i H i izdco* 
c^zrd — xnziyx; (cd EH: HI:: E P: P N. 
fcu d:A:y-\-a::l — e^o , 4"arc , rcjcftis pcr 
kmm. lo.rcjcaatlciS. yxs la, qux adatqiia- . 
tionem modo invcritam applicata dabit r—xz: 
/3 ^^, ut dccet. Pbffet aequatio re—xe. 
sya pcr plures in^nitcfimas multipltcari , undc 
aliarum llncarum determLnabilium magnitudo 
innotcfccrct. Curh autCm intcr mox fccututa , 
plurima huc fpc£lantia repcriantur , potcrunt fa- 
dc pcti , quae hujus thcofeniatis illiij^rationi ex- 
cmpla infcrviunt. 

S, 5. III. .^qaationes infinitcfimales , ma- 
ncn- 

D,<,n.=dnvC00«^lc- 



■CAP.liC ^itnalyfis Inflmtorufn. 489 
-tientcutrinqudxqu^lftatc. ad quasllbet pote- 
ftatcs cvchit>oflurir; fic«quatio f # — Ar^=!^> 
qnadrac^ jtioltiplicata dabit 'rref-irxeeA- 
xxctzijrjrMat qax divifa pet * , dabit rre 

■^iriie^;M-^ess e s^j^Ji i iaA autcm 
TP: P^"T>tT:kl. fcu t^e: l — e^o-.re-.x; 
imdc te^ r* : dux ad jnventam xquationem 
applicata , ejcms infinitcfimis', dabit /: /:: 
yy.rk—irx+xx, adcpqutf rationcni fubtan* 
gcntis ad fubnormai^. 

' Sit rcfcnris iifdcm fymboiis , ac ^igur^, £^qda- 
tio omtubus curvis convcnicns , le=i yA^ qux 
WiultiplicaM..oubice da^t, /' «' sj' «' i ac rur- 

. , ■ e«- • aa 

fumpcr itfdiyifii /' "^ zif-t j jam cUm 

"* . <? ' 

/f / Jeu A fit a T , ctit Ha a *?, quacvo- 
cMd^ ««•. Adcpquccrit /':/::^:»:: W/:H^. in- 
vcntb jam ^Sc imer quantitates infinitefimas, fi 
dendercmus lineas homologas incer quantitaccs 
aflignabilcs, ipfi TD duda normali Tfi/' , doncc 
produf^am D ^ in MTccCt , vocctur ^pv: n , 
erit Ht:Hj::^M:^^,icu a: *::/;»;:/':/. 
Pofliint hxc variis caubus applicari , piurima- 
rumquc hinc linearum rationcs inveniri , ac cur- 
viUneOTum foUdotumque nondum penitus cx- 
hauftx proprictatcs aliquatenus ainptiarL 

T Dc. 

. I..,,,-... ■■.■Goo^Il' 



Depce^ionetn xc^thopam, infii^i^fitnaymn 
pec cadicum ^xtc^^iones, cutn (fpc quad^pcae- 
pacatipne ea^de^i i«>loca^e ofy» r-u^antur, hic 
tranfeo. , ,^ 

$. 6. ^quatio infinitenmalis , vecl?. gr. 
re-^xesjtJit fi finguli ejufdem termini infmi» 
ties, ac juxta.conditionem'Cap.,IL.|. j2.es- 
pccdam fumanou; , mutatiic ih xquationf mfoA 
ieSiivam , feu.appplicd.tetmino X;i£fff/(«>o , 
/»mm^Wc/m,licommar«— omnia xes omnia 
^ <t , eft squatio Colle^iva fivc JummAfrix. 
Hacum cxempla in fnpecipcibus paUiin occur- 

runt. ■ ' .. . '■'ir: 

' Sehci. Clarumhinceft* exdltS^tfuailt^tzqiia&nem- 
Snitclinuli & colIeAivain ipfius tegtttme eoofequi ; Ucet 
fx colledivl qiialibet indnitefimklis pef regrcfliHndeduci 
fempernequeat. SicrefumtaF^.X^f. pofirifque Qp:yt 
flJP.-f, DLx , GI'4, idem curvilineum ^FOtumpcr 
emnia je, tinn petotnnia lea exprimctur) uade quidem 
ovmixye c=omniaxi)i nonumeafequiturfQreiannguJis 
trapezium DQfE Ceaye Cempetxquaie mpcaoRlG^ 
feuyx, quodnoieturaderrorest»riEcaTeadost ■''. 
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Cap.X. Andyfis Infimtorum, 591 
C A P U T. X. 

2)e <i5\tethodo Infimtefimali inverja, 

SJnt x,y,f,Zy indeterminat* ; ac iydji^ui 
infuiitcfitns ad ipfls rcfpeaivc pcnincntes, 

i, I. CJuafl-itur indeterminatiis tcrminus , ad 
quera terminils infinitcfimalis conftans, cx qaan- 
titatibusdetcrminatts & infinitefima qu^cunqut*, 
"Ut rrr, l>a &c. reduci poteft* loco infinitcfi- 
irtse e aut a futrogetur quanritas refpcftiva ii^ 
dctcrmindta ■* aut ^ , & iiabcbitut tcrminuS 
qusefitus rrx aut hjr. 

t. i. Qp*'^''!^'' idcm ; fi terminus infinitefi- 
inalispraeterdctcrminatas, fioccurrant, aciiv 
finitefimam', etjam indctermtnatas , fed ad in- 
finitefimam tanmm rclativas , contincat :- ut 
rrxxe, y d , Scci ipfi infmitefims e aut j 
fuiHciatur inddtcrminata rclativa x aut ^ ; ac 
quod cmf^git, pcr ipfarum x zm y poteftatis 
cxponentcm dividatur , & obtinebirur trrx^ & 
J y*. N. B. pomilfet uterque hic cafus , tan- 
quam tcrminos infinitcfimales proprios fpcc- 
tans, unico canonc detcrnilnari. 

5. 3. Quxritur tcrminusindeterminatus, fi 

cxpofitiisinfinitcfimalis prjctsr detccniinatas & 

T 1 ii> 
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pg* ^n^yfis Infimt&tnm, CAf*X» 
infinitcnmam aliasinfbpecindeterminatas , fcd 
ad infinitcfimam neudquam relativas , conti- 
ncat, ntrrxxy^A^ z.^ ffxxe\ . 

Et hadcnus tantum rcfpondcci polTe videtur , 
pcc fupra tradita ncd has ncc ullunt terminuita 
infinitenmalem alienum, (i folushocmodoex 
pon^tur . ccducibilcs cxiAerc ; ac non nift ipfum 
tot comiccnmr terminl inftnitefimalcs, quot jux* 
ta Schol. Cap. II. $. 1 3. fubjundum requiruncur. 

$. 4. Ut vcro , cxpofitd tcrminorum infini- 
tcfimalium multimdine, vcrb. Gratia , ffx xs^ 

5 ffxjf e + 2x xyfi, , dignofci poffint , qui- 
nam finc <^cducibiles : fumatur quiUbctcxhifce 
tccminis ijc jt^//, cujuspars/*, (qus.fiin- 
dcterminatis aliis junfta non foret , infinitclt- 
malem proprium conftituerct ) inftar tccraini in- 
finitefimatis propcii juxta f. z. hujus reducatuc 
in \fft ac loco // fubftimatur , habcbitur 
x xyffi qui redactus juxta prseccdcntia ad infi- 
nitcfimas dabit, 2 x xyfi + ^ffy x e ^ffx xdi 
andc patet totam tccminocum cxpofitam multt' 
tudincm , exccpto 3 ffxy /, ad indettcminatum 
X xjff elTc reducibilcm. 

Dcmonftratio ptjeccdentium c locis fat multis 

6 Cap. II. $. 1 3. Scholio pcti poteft. 

$. j . Cognito )am , quinam fint termini inft- 
nitefimales ad congruos indctcrmiiutos rcduci- 
\>iles , habebltur eo ipfo omnium xquationum 

in- 
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Cap.X. Analyfis Infinitorum. 293 

infinitefimaliiim ( itiodo tefmini cas conftittien'* 
tcs fint vcl pPoprii , vcl alicni lcgem Scho!. Cap. 
71; s. 15. adimplentcs ) ad fuas indeterminatas 
fcduftio. Cumquc ex Cap. 11. $. 13. tcmiini 
infinitcfimalcs collcftivC fcu toties fumti , qup- 
ties itifinjtefima qusEvisindctcrminatamquanti- 
tatcm, qqam componit , ingreditur,fintaqua- 
lcs valorl abfoluto tcrmini indctcrminati , undc 
originctn duxefunt "j variarum hinc xqiiario- 
nurvi colIcAJvarmn , reduftio ad indetetmina» 
tas cnaf^itur , & ex dato valotc infinitefimalium 
coUcdivo , .eartmdem valorem abfolutum mul- 
tis in cafibus repcricndi mcthodus. 

Ex. I. Sitsquatio coUeaiva , omnia r r -: 
onrnia jc<- pmnia ^i i crunt , juxtaj, ij, 

' yj, " * 

Cap. IL omnia _jt * s: T j crgo omnia re— om- 

yy . . : . . ■ .' . 
nia Ar*= t j quod aequationis gcnus quodam- 
modo murfjvmappellaripotCfl:, cumalterapars 
fit coUcftive infinitcfimalis , altcra abfoluta & 
indetcrminata , tum &omnia r^ — ojiinia xe 
s: rjf — iXATj adeoquecxmodopcopofltacol- 
IcAiva infinitcfimali otitur hxc indctcrminata , 
zitK — xx^yy.;tii: 

Ex. IJ. S\x{ti^'LXXXVJ.)yocM\%A^x, 
r.^-f, ■41'if^ PH\e, EH-.d, c\xx\:\.ADE 

c)us 1UUK3C , : ut cjciftentibus / & ff d^^tetniLina- 
T 3 "s 
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?94 ^ndyfis Infimtorum. GAP.Xt 
tis , Gt pcrpcmoT':^'::/:;', unde^/s^^=3 
^x — qt'^ & dudis omnibusin *, ci\t fjAz^ 
qxA — qts i zclocot A^pGto ye tCtit.pyAsi 
qxa — ^yfi &additouttinquc iqyty, acotn» 
nibus colleaivc fumtis , cmerget poft tranfpofi, 
tioncm omnia zqyezs omnia ^Ar«4-omnia 
^y e— omnh fyai adeoquc ( cum altcca hu» 
jus aEquatibnis pats fit teducibilis pec hujus $. 2, 
^4. id eiyx~~'^pyy) tandem, juxtaCap.lI, 

J. 1 3 . evadct \xy—\ii =: omnia^ e a tcilincum 
AEf^ undc & hujus quadratura: innotcfcit. 

PotuilTct ipfa alio modo ifivcniri ; fi cmm in- 
ventx acquatibni fya. s. qxA~-qye addatur 
utrinquc qx a^ ciitpya + qye^r^xaHiqxa^ 
qujbus collcaive fumtis,ac juxta f .2. & 4. fkufus 

* . {pyy±±yj? 

fcduttiS ocicmr cx Cap. 11. J. 13. %g ' 

= omnia xa:s trilincum KjiE. 

SMim Notatuf reJuflioncm.hancfiippanerBiiideteiu 
ntinatas x Sc y &c. nulta fui naiie deKnn:natasc0e ,J«4 
meris infinitefimisab initio ad finem per totam fut longitu- 
dinem cojnponii & eodem quidem modo , 'rjuod circa 
Cap.l. S. IX. eitprellemoniiimuEitumSf xciuauones-ffxre- 
duuione refultantes cerminumoulluiiiomnmodetermiiia- 
tum admittere. Si enim infiniiefimzfineulHadihdeter- 
minatas fuas limicatione accipianiut/una eadetnqueinfir 
fiitefimalisxquaaovaiiasqiUiidciitt^^EiryaiilmOieciesref-* 
picict. - , ■ , . 

Quod m brevite^oftendain i fit «^liatioiflllnhefiaiali» 
»y*=i ixt, q«ieMireaiyefiuntadabu(fcmi*»y#s! «n- 

i:,<,n..<iT.Gl.Xl«^lc 



■Ca?.X. Jndlyplnfitfyorkm. 095 

aceirraiSaradicG J155 x'i undcprimohicarqiiatiojnnnite- 
flimUV^^JllXXXW. idtrHflgttliiriiVerb.gr. R.P;»" ("ih 
^o, Kftix^ &.-ftJIi>.)'redm*iir.') ., t • r , ; ; 
' 5iyMt>inv)ei)t(t.»qJwt;i<ini.'J(J'f9 1*» :^Mi;iriaaM<yi»n: 
iit« rr fub quolibet.JigHOadt^mrj cnt, ex.gr. jjf=5^ 
5x— rr adhyperbohm; adqiiaftieademharcinftnitefima- 
lisftfttihdbr^rri^teft^firWeiri«ioead«m.figaia:M:»-, 
HJ?;*»^^''' 2-*'-'» PH,>, iitciifA'» 4*^^ Hypcibo^ 
kT^indeipli^vqiiaEio xx~^rxpj JfJj. ^^S reduiiaadia- 
fimtdfirtoatila^ilt l'*(=?it4.'- '■'' ■^'-''■'.'yi ' ■ ,. 

FF 
om> 

*.*T 
bet, 

fed 
LCf 
ipiic 
rfeif 

hxc 
inf!niteliinateiii-^2xe» ^xja. &.mutatislig[i)s,tx«=3' 



_ ( Ji' qnidem y 
jMfpmQuatilier f^)^ TJ pi rf«UfiiWJ''cdM^ik:lu tia[A-' 
^iurf^^fift^ifi-— ^/j^-^.^ r.itimo :i-il- ..j /. 

fenpliMHrf fiiiPMi^«yp^pdfitVit,^ilnkiiUct^rmin.-',- 
tam curvamnonrcfpicere: cummanenteeademinnniteiiv 
qiali, poft rediidtionemquantitatesBUKUbctdeterminatat 
^ttiki88n^i^4^k%i7i^}iiii^i^4^icaAtj'qHorumtra£l3tio- 

■ 1 ■itrmi(j3brxi3lEnu.3iinii[!iDE 3:r.^ .' ' .^'..iv3 n 
'n-W) T 4. J. 6. Sit 
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2^5 •Jnidtjh Ir^ivitofm. .C^f^X- 

$. 6, Sit xquatio quxUbet infiAitcfinaUs , 
r:^e—yyei^:i,yif.Ai qux (oUedivc fumta, fi 
altera pan iyya tx- f. z.huHis rcducaw* a^ 
bittocolleaive mijftam ^vid |. j. cxempl.I.) 
omaia rJff^— otnnla j-^^sa /, quxrunti]r hine 
tcrmini infiniteAmalescdlleftive4umti,qui valo- 
rcipipfius 7' pcrquaflibetindctcrminatasvcrb^ 
gc. f^ multiplicati aut divi(i , feu ipfumy/+» 
adxqoent. CJuod quomodo pbcineatur in 
cafu mnltiplicationis,fequens docabit tfaoerema t 
tenninls expofitis infinitefimaUbus rxe^yycy 
pcr f fcu qu^ntitates . jndcterminafas ptiu» 
multiplicatis , pars xquationis expofita: abfolata 
f pettettninuminfinitefimalcm tffinxf* or 
riundum multiplicata ,, c'um,fuo%npleg;itimo 
addatur } ^.fiua^a h^ciiafitvtBrunaUum col- 
lcftive fumtt «quabitor ' CKi^i^ valori abfolu- 

Sic, ut in ebijltjiiWji^Hnsi^twl» » W 

invcnEaacqoaticiiiC:piBflia' r ji?^i*-,omnia/^»r: 

j», fcquitur omnia rA:/' Jr,-^ artoiii^ jijfY^f + 

. omma j///< ',ft>fe:,Sai(ilii iiisM ji,bfolut9 

yf- .■■"'.:■ '.'^ ■'■'':'': i'... 

. DtmnJlrAfio. Cumenira (exCap. IL.f. li) 
litjr'/' = iomnia;3ji'^/'*+-0IHriia i_j'/yiis 

fi caUeftira hscc adiniinitcrimalemiloprimanir 
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Cay.X.' * Andyfis InfiUftmim, ap^ 
( fieri cniia hoc p^c fiipii^nioiusj ac pcr/* 
dividatur ; ' r^dibit xquatio cxpoTita. 

C»rM. Quopipdp hoG divifipnibus , pcr ip- 
fiiB / exponctitem ncgariVuhi , accommodc-. 
tur } tum &: in radicum cxtra&ionibus ac poni. 
ftattmi ad altiores ^radas evc^ionibti^ \ quje 
niulti^cationis aedivlfleriis Tpeejies qucdam 
iUnt)<tiruie0equeat, <ji^]ktethinCc^^ '■ 



." -:u ..-1 a. • '.-'.. i- ■'■.:..■.> 
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T) E^itKCuifmHds. S\t, .figi ixfXK 

tangens T.^f, cujus abfciira T A\jl, tahgeos 
TT>.! , infuiitefimx SJ ^T>H:t , HB:t, 
DE-.u, FT:i. 

LXXXK 

uilineum 

> AEt, 

1 O , iea 

X xquari 

( P £ & 

ilit;illud 

obtinct, ficurva ADE [Fig. LX^r.] vcr- 

fus axcm concava fit ; hoc fi verfus axem {Fig. 

fXXXr/.l convcxafit. 

Vemimjir. Cum cx hypotheft flt perpctuo 
HM=z ST . Sc EL=FT , erit ZL {Fig. 
iXXXr) = itO= « + <i fcdinAg.iXXXf/, 
s: _e — i j adeoque cum in. uttoque cafu flt 
JtiNss^y, critcutvilfileinn FOL inprimos; 
pmnia ye^yi, in fecundo = omnia ye—yii 
undecum APE litsomnia^c, ac AOFs 
om- 
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Cap.XI. Jndyfis Ir^tiitwitm. -a^ 
pmnia/f,patccpn^prituni. PoflctidCBiniQiie 
vulgari ex figurartun aequivalcntia detnonftrad. 

Sehol, Hinc , fi cueya in 4 cum. axc A ^ 
concurrat, polfeteruicucvaturxdiagQC^cum-; 
cum fi qurva cxiftat vcrfus axcm concava fit 
^=3 J«+/i fivctdfitcoiivcxa,cvadat rs jf— / 
yerumhzc Capite I^ ei^ ptpfclfo tsa^vmaus^ ^ 

J. 2, Sit r dcteiminatai zci-.yi-t'-^'-'-'^'*'» 
erit a*» s3 r< j adcoque , fi '{Fig. XXXX^i^ 
f in iS^applicotucad f , ac » m .W-M ad «. 
'ecit fpac. HPM^z omnia: x; 4 =3 omnibus re:!k 
rc&angulo B^SA, si-x-, quod^baliisjam 
ilcraonitcacunjehi .aft^atiMm; ^^iV^, fcmpec 
adaequaci re^^anguloyd' J^CT non^upfi obfec;. 
yajtummemini. : , . ■ : -:■ ■■':•■ i 

_ ;PM!iM^r«ri»&i:iUse(t,cumemmcx,hypiOfihc$ 
Bt j^^a// fcurc^iangulumW^iVP^ re£taa 
gttlo <y CTr.acfpatium ffiM-^ rcdangulq 
QB-S4^Xi3ii^tyfM^pi^ei3Xi^\o,ASCli 
f.^«^' :■; ■:..! - ;:■. . ■ . ■.•- /.:i-. ". ?■: j'" 

. Ideim e^ infia^eOm^li calculoevi^jturv iit 
emnv;^© ipfios j^ intlnitelmia = >.j icfit, x» 
quatione x,y s rt ad iniinitefimas; rodact^i 
tt*^yosi r<^+ri.J Wdecuftifit r?:= xrf rcma-T 
peb^ j- 1;^ f i, fluare ompia j » s=> J* JV=>nH 
niiijftiz} i^/fR «ftacgulo ASCT. . : ; 

jJ. 1. SilC f::;'"^;^;^;*, crit j&(S=;3r4, timi 
;^/ai:«3r»r quxi:e4^^ adinrmitcrin3as>:-'( &cur> 

■■- ■ ' ^' ■ . ""' 
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goo Jndyfis Infimtortm, Cap.XI; 
va, ut in Fig. LXXXVl. fit verfus axem cqvc 
vex» ) dabit r* s /«+»r— ii j undp quia 
ris;c*, &M t07ix,ii quaceii j; jdgitcrin 
7S ad FT feu i appliratur, erit J ^'sa j, & 
FWs ff ; jam, cum fit r » = z. i, cric e\ i:: »: /, fca 
rmrs.' TS: TR , quatc curvae ASW hoc 
modo generatx fubtangens 'fB. kmperxt^ua. 
bitut curVx exppntx A 2> E fubtangcntl 

' Quodnotabilc^videtuFCumonuubnscurvis, 
habitS curvitatis & figni ipfa « & » copulantis 
ratione, compctat. 

Sehol. Qua jam rattone variac curvarum pro- 
fnietatcs , omnibus curvis communes , per alia- 
rum rcftarum curvas in gcnerc ipe£UntiumCtai*. 
gcntium , fubtat^cntium , normatium , fub. 
normalium &c. ) infinitefimas erui , ac adhibi- 
tSi , quam capite I. tradidimus , iratigentium 
methodo , non paucis theorcmatuiB^^^cfteni- 
lium acccflionibus , qux particulari cuidant 
caryx aliig^t? tion funt > Gcomctrialocuptetari 
Valeat, •fatishinomahifeftumcft; fufFcc^ritdi^ 
gitum intendilTo. 

$. 4, SitHguraLXXXVI.curvav*©£cjm 
proprictatis , ut fubtangcntis abkilTa •AT-.f,^ 
adtangcntem TH-.s^ conftantcm4)'abeat?l?itfc>- 
ncm , ut / ad j j , crit ^f/a//', tcd prb^tcr 
niangultunr^Drcaan^miicftlf/-Hj(/=3 iH 

ia 
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Ca^XI. Andyjis Infit&toruih, ^oc 

inqu4xquationcpo(ita i=: "^ cxlt f p 1 1 ^ 
tfyy^ %iff' ^"* KcUaa adinfinitcaaurac 
pcrzdivifadabit pfif—pffi^^ppysziqafi^. 
fa^aq; taxye juxtafzpiusoftcn^, pftte—^ 
tp'*i^ppyy'^^9ffi i rurfumquc pofito 
ts=:tt-¥jfy ac qfff=ippttfiet tajidem 
f^ffe^qqfti-^pptti, qux xquatio ciun 
ipfarum./ &: / iofinitcCmas r & / contincat , ii 
applicefuc T]^ fcu t in TS crit SF=i i Sc 
Viv^e—t, curvseque ^Xff' hinccmcrgcntis 
fubtangcnti R T vocati n , crit ST\ TS:t 
Sr-.VW k\xn.t::,i.e — ii undc ff — /is «ij 
ex. qu3, mcdiante invcnta modo squationc 
cjcftis infinitefimis, invenictui: RT si » ^^ 

f iff( . __■ ^ . 

^9f'^'^fpft — '}^ffi ""^^ ^^^^ methodo tan- 
gcntium invcrfd dabuntur curVarum J$ ScJD 
conftruiiiones. 

S. s. Sit, Fig. LX XXVII. curva ADE^ 
ctijus fubnormalis ^M vocetut /, normalis 
t>M:k, rcfta Dii ex punfto curva 2> juxta 
datam quamtibet conditionem duda , axcmquc 
J ^ produ£lum in R fccans producatuc- vcr- 
fus V, dicaturquc D R: p , ac MRiki erit 
^R~ l^hy qusecompendiigratjaappellctur: 
l i quod fi , dufti F E ciitvam in pundo E ipfi 
Z> proximo tangenti, idcm fiatjrefpe^uappli- 
catx 
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501 Andyfis Infimtoriini^ CXvp.XI* 
catx £ f ; ac (it £ S axem in S fecans Unca 
eandem >d piitidatn S lineafque4dipibmrc£> 
peftivas rclationcm habeiis , quaih habe{'Z>J{ 
■ad puhfittiti J>, Hnejrqtie hoc ipfUni (imiiitef 
fpe^antcs ; fuppdfitb ;am lineas DR Sc P S 
ptotraaas in y fibi-mutuo occurrere , idem-' 
qqp fieii duftis nmitibus lineis ex omnibus cor' 
vx AVE pun£tiSi ciitptmdum Fadnoram 
hlnd ortam cutvant ^«fj cuJusnatnra^uaErititf 
&cOnftru&i6. ' - ■ 

C^m in fincm, produftJ Dti btrinqucin 
* & O, dicantur H/: A , HO.i>^ MN:»^ 
Jt. S: «.quarnrn fingulx juxta lemmaJfi . funtinfi' 
hitefim», BD vero appclletur : /•. tatidemfit 
J>F:z, crk i V=5 «— ^. ^ Jam ob triangulo- 
rum DaV ScSrV fimilimtUncm cft OD: 
W:: SS: My. (ca e+r. z.:: »:Z'~p t mde 
x,e^z.if—pe~p.pis&», ( fignctur X.) tunt 
&, , ob tcaarum Bo SiL FS parallclifmum , 
cli BH: HO:: FP: PS. fcu ^^e: r-: ?+e+i: 
i — tf+», unde cilm BD fcu /• cx lcmm. 41- 
nihilo iquivaleat, amotis juxta leram. 10. re* 
jiciendis, fiet be^t(Pi qux cum invcntS mo- 
do a:quatione litteri X notata fi ad ^ determi. 
netur , ex utraquc orietur bz,e — hpe —f te + 
tz.e=. tz.%i (fignetar r) haecautcmcuminfi- 
iiitcfimas f & « adhucdum contincat , alia rc- 
pcricnda cft jcquatio,cujus opc toUi poflSiit , qu» 
juxt^ 
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Jum p):?eced<:ipjiayfesuqi4 modp |c<|ijiriiiur8 
ftapiatiii;i,i(Mi Q:A ii» Q<?,, ,5? iPS la PL\ 
doncc;,pcr';,c^r!Qmv <xttpn»itatc?, ipqva^ CWf» 
^ci dcCtritji , ppiTit :, crit C K^ = < 3c 
KtsPS-QJisin—e i quarc (^Cipfiu» 
cnrv«. ,><<?;£( fuiJtaBgeati vpcati : » , fici Q^C: 
K^Gr. GK: Kfi- ■ ^ »= *•" <• •"<• ^^^Oquft 
w »a i « -1- » « > ,qu9$ ^ xquatiopeEn Giteca : r figf 

■ ^ ■ -'- ■'■' ■■"■ '^ '"-J ■"■■"' -?*:1±/1!^'" 
natain appUcata, cxbibcbU-,jc-s, ^n — i-f .- 

Undccogo^ 7}V feu e tam longitudinQ 
tuns pontione ,, djtmr pun^him V .in curva 
V JK, adcoquc hujus confttu^o ; Scfiplacttc 
rit, icciam rcla^OtadaxeQi .<^S, Juxta.mtthiv 
Cap. V. J. 12. circacvolutasinlinuatam. : -. . 

Generali hoc thcorcmate plurimarum curva-* 
rum cxamen inftitui ac conftruAio efHci potcft. 

Corot. I, Fofitat nihilo, 

erit lf=: l y Sc p^ I c T>M 

Item eS Sc EN ( c Vrtr 

ipfius A E evolnt ^ uH 

Cap. V. I. II. Cor. I. inycntum. 

Corol. II. Sivcro D'J£ juxta aliam quamli- 
bctcondtfioncnida£tafit, &rcprxfcnrct vcrb. 
gr. viam radii , poft refraaioncm in fupcrficic 
curvae AD E vcrfus R tendcntis , erit V i^ 
curva i radils poft refra^ioncm concurrcntibus 
formata. Coroi. III, 
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ge>^ Amlyfis Ir^mtorm». Cap.XL 
; Cerel. nt. <^o6 ^pKca^reClti !0M 
fociatangulumJJJOii/ia j^Z)(J, drit V»' 
Curv^ «c radiiS Q^D ■&: f t fibf mqtuo^aral- 
fclis, acadi|>cculumconcavurii j/Z>£rcfledi, 
t>riunda; .. ' ■ ■ * 

: Corii. IV. Undi: cum conditio KxcinBnitis 
fnodiis vatta efle p6{^tj juitaeujuskgcsKrica, 
Ef JE doci potcft j infinitarorii, quK hifccmo-' 
disgcnorantur curvarum ,V w conftru£tiones 
evolutanmi , catacaufticaru^ j ' Hracaufticatuni 
&d unico hoc theor^rilatci cjcpediuntur. Faiti- 
cularia^ cunipoftinvcntumhunccatlonem plus 
tequicant labotis , quaminduftric, tranfilios 
uti!&cafum, quoiritcciCc^o V cadit^alM- 
ra axis patto; 
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